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The Real 

Number System 

& 

Natural and 

Whole Numbers 

 

Identify/locate the natural/counting and, whole numbers as points on 

the real number line 

Certainly! The real number line includes various types of numbers, and 

I'll help you identify and locate them: 

 

1. Natural Numbers (N): These are the positive whole numbers starting 

from 1 and continuing indefinitely. They are located to the right of 0 on 

the real number line. 

 

2. Counting Numbers (N+ or N*): These are the same as natural 

numbers, including 0, and they are also located to the right of 0 on the 

real number line. 

 

3. Whole Numbers (W): These are the set of natural numbers along 

with 0. Whole numbers start at 0 and continue to the right on the real 

number line. 
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Here's a visual representation: 

 

``` 

... -3 -2 -1  0  1  2  3 ... 

``` 

- Natural numbers are located to the right of 0: 1, 2, 3, ... 

- Counting numbers (which include 0) are also to the right of 0: 0, 1, 2, 

3, ... 

- Whole numbers start at 0 and continue to the right: 0, 1, 2, 3, ... 

 

These numbers extend infinitely in both directions along the real 

number line. 

 

Define and identify odd, even, prime, composite numbers 

 

Certainly! Let's define and identify odd, even, prime, and composite 

numbers: 

 

1. **Odd Numbers**: 

   - **Definition**: Odd numbers are integers that cannot be divided by 

2 evenly. In other words, they leave a remainder of 1 when divided by 

2. 

   - **Examples**: 1, 3, 5, 7, 9, ... 
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2. **Even Numbers**: 

   - **Definition**: Even numbers are integers that can be divided by 2 

evenly, resulting in no remainder. 

   - **Examples**: 2, 4, 6, 8, 10, ... 

 

3. **Prime Numbers**: 

   - **Definition**: Prime numbers are positive integers greater than 1 

that have only two distinct positive divisors: 1 and themselves. They 

cannot be evenly divided by any other number. 

   - **Examples**: 2, 3, 5, 7, 11, 13, 17, ... 

 

4. **Composite Numbers**: 

   - **Definition**: Composite numbers are positive integers greater 

than 1 that have more than two distinct positive divisors. In other 

words, they can be evenly divided by numbers other than 1 and 

themselves. 

   - **Examples**: 4 (divisible by 1, 2, and 4), 6 (divisible by 1, 2, 3, and 

6), 8 (divisible by 1, 2, 4, and 8), ... 

 

Here's a summary: 

- Odd numbers: 1, 3, 5, 7, 9, ... 

- Even numbers: 2, 4, 6, 8, 10, ... 

- Prime numbers: 2, 3, 5, 7, 11, 13, 17, ... 
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- Composite numbers: 4, 6, 8, 9, 10, ... 

 

Prime numbers have exactly two divisors (1 and themselves), while 

composite numbers have more than two divisors. Even numbers are 

divisible by 2 and have no remainder when divided by 2, while odd 

numbers leave a remainder of 1 when divided by 2. 

 

Identify factors and multiples of whole numbers (apply divisibility rules) 

Certainly! Identifying factors and multiples of whole numbers is an 

essential skill in mathematics. Here's an explanation of factors, 

multiples, and how to apply divisibility rules: 

 

**Factors:** 

- **Factors** of a whole number are the numbers that can be 

multiplied together to give that number as a product. 

- For example, the factors of 12 are 1, 2, 3, 4, 6, and 12 because these 

numbers can be multiplied in pairs to equal 12: 

  - 1 * 12 = 12 

  - 2 * 6 = 12 

  - 3 * 4 = 12 

 

**Multiples:** 

- **Multiples** of a whole number are the numbers that result from 

multiplying that number by another whole number. 
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- For example, the multiples of 5 are 5, 10, 15, 20, 25, and so on 

because you can get each of these numbers by multiplying 5 by 

different whole numbers. 

 

**Divisibility Rules:** 

- **Divisibility rules** are guidelines that help determine whether one 

number is divisible by another without performing the actual division. 

Here are some common divisibility rules: 

  - **Divisibility by 2:** A number is divisible by 2 if its last digit is even 

(0, 2, 4, 6, or 8). 

  - **Divisibility by 3:** A number is divisible by 3 if the sum of its digits 

is divisible by 3. 

  - **Divisibility by 4:** A number is divisible by 4 if the last two digits 

form a number that is divisible by 4. 

  - **Divisibility by 5:** A number is divisible by 5 if its last digit is 0 or 5. 

  - **Divisibility by 6:** A number is divisible by 6 if it's divisible by both 

2 and 3. 

  - **Divisibility by 9:** A number is divisible by 9 if the sum of its digits 

is divisible by 9. 

  - **Divisibility by 10:** A number is divisible by 10 if its last digit is 0. 

 

By applying these divisibility rules, you can quickly identify factors and 

determine whether one number is a multiple of another, which is useful 

in simplifying fractions, finding common factors, and solving various 

mathematical problems. 
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Use list of factors to find H.C.F., use list of multiples to find L.C.M. 

 

Certainly! To find the Highest Common Factor (HCF) using a list of 

factors and the Lowest Common Multiple (LCM) using a list of 

multiples, you can follow these steps: 

 

**Step 1: List the factors of the given numbers for HCF and multiples 

for LCM.** 

 

Let's say you want to find the HCF and LCM of two numbers, A and B. 

First, list the factors of A and B and multiples of A and B separately. 

 

**Step 2: Identify the common factors for HCF and common multiples 

for LCM.** 

 

- For HCF: Identify the common factors in the lists of factors for A and 

B. 

- For LCM: Identify the common multiples in the lists of multiples for A 

and B. 

 

**Step 3: Calculate the HCF and LCM.** 
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- For HCF: The HCF is the greatest common factor you identified in 

Step 2. 

- For LCM: The LCM is the least common multiple you identified in Step 

2. 

 

Here's an example: 

 

Let's find the HCF and LCM of two numbers, 12 and 18. 

 

**Step 1: List the factors and multiples:** 

 

Factors of 12: 1, 2, 3, 4, 6, 12 

Factors of 18: 1, 2, 3, 6, 9, 18 

 

Multiples of 12: 12, 24, 36, 48, 60, ... 

Multiples of 18: 18, 36, 54, 72, ... 

 

**Step 2: Identify common factors and common multiples:** 

 

Common factors for HCF: 1, 2, 3, 6 

Common multiples for LCM: 36 
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**Step 3: Calculate the HCF and LCM:** 

 

HCF = 6 (the greatest common factor) 

LCM = 36 (the least common multiple) 

 

So, for the numbers 12 and 18, the HCF is 6, and the LCM is 36. 

 

Prime factorization of whole numbers. 

 

Prime factorization is the process of breaking down a whole number 

into a product of its prime factors. Prime factors are prime numbers 

that can divide the given number evenly. Here's how you can find the 

prime factorization of a whole number: 

 

1. Start with the number you want to find the prime factorization of. 

 

2. Find the smallest prime number that can evenly divide the given 

number. Prime numbers are numbers greater than 1 that have no 

divisors other than 1 and themselves. The smallest prime number is 2. 

 

3. Divide the given number by the smallest prime number you found in 

step 2. If it divides evenly, it becomes one of the factors, and you write 

it down. If it doesn't divide evenly, move on to the next prime number 

and repeat the process. 
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4. Continue dividing the quotient (the result of the division in step 3) 

by prime numbers until you can no longer divide evenly. Each time you 

find a prime number that can divide the quotient, write it down as a 

factor. 

 

5. Repeat step 4 until the quotient becomes 1. At this point, you have 

found all the prime factors of the original number. 

 

6. Write down all the prime factors you found as a product. This 

product represents the prime factorization of the original number. 

 

Let's illustrate this process with an example: 

 

Let's find the prime factorization of the number 60. 

 

1. Start with 60. 

2. The smallest prime number that can divide 60 is 2, so we divide 60 

by 2, and we get 30. We write down 2 as a factor. 

3. Now, we continue with 30. The smallest prime that can divide 30 is 

also 2, so we divide 30 by 2 again, and we get 15. We write down 

another 2 as a factor. 

4. Now, we have 15. The smallest prime that can divide 15 is 3, so we 

divide 15 by 3, and we get 5. We write down 3 as a factor. 
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5. Now, we have 5, which is a prime number itself. We write down 5 as 

a factor. 

6. Since the quotient is now 1, we stop. 

 

The prime factorization of 60 is: 2 × 2 × 3 × 5, or more commonly 

written as 2^2 × 3 × 5. 

 

 

 

 

Exponential/index notation (base, natural number exponent/index, 

power). 

 

Exponential notation, also known as index notation or power notation, 

is a mathematical notation used to represent a number raised to an 

exponent or index. It involves three main components: the base, the 

exponent (or index), and the resulting power. Here's an explanation of 

each component: 

 

1. **Base:** The base is the number that is being raised to a certain 

power. It is the number that is the subject of the operation. For 

example, in the expression "2^3," the base is 2. 
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2. **Exponent (or Index):** The exponent, also known as the index, is 

the small number written above and to the right of the base. It 

represents how many times the base is multiplied by itself. For 

example, in the expression "2^3," the exponent is 3, which means we 

multiply 2 by itself three times. 

 

3. **Power:** The power is the result of raising the base to the 

exponent. It's the value obtained after performing the multiplication 

according to the exponent. In "2^3," the power is 8 because 2 

multiplied by itself three times equals 8. 

 

Here are a few more examples to illustrate exponential notation: 

 

- **2^4:** The base is 2, the exponent is 4, and the power is 2 

multiplied by itself four times, which is 16. 

 

- **5^2:** The base is 5, the exponent is 2, and the power is 5 

multiplied by itself two times, which is 25. 

 

- **10^0:** In this case, the base is 10, and the exponent is 0. Any 

number raised to the power of 0 is equal to 1. 

 

- **3^1:** When the exponent is 1, the value of the expression is simply 

the base itself. So, 3^1 is equal to 3. 
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Exponential notation is used in various mathematical operations and 

scientific contexts to represent repeated multiplication efficiently. It 

also plays a significant role in understanding concepts like powers, 

roots, and logarithms. 

 

Powers of whole numbers natural number exponents only. 

Certainly! The powers of whole numbers with natural number 

exponents are the result of raising a whole number (the base) to 

various natural number exponents. Here are some examples of powers 

of whole numbers: 

 

1. **2^1 = 2:** This is simply 2 raised to the power of 1, which is equal 

to 2. 

 

2. **3^2 = 9:** Here, 3 is raised to the power of 2, resulting in 9 (3 

multiplied by itself). 

 

3. **4^3 = 64:** In this case, 4 is raised to the power of 3, which equals 

64 (4 multiplied by itself three times). 

 

4. **5^4 = 625:** When you raise 5 to the power of 4, you get 625 (5 

multiplied by itself four times). 

 

5. **6^5 = 7,776:** Raising 6 to the power of 5 results in 7,776 (6 

multiplied by itself five times). 
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6. **7^6 = 117,649:** In this example, 7 raised to the power of 6 equals 

117,649 (7 multiplied by itself six times). 

 

7. **8^7 = 2,097,152:** Raising 8 to the power of 7 gives you 2,097,152 

(8 multiplied by itself seven times). 

 

8. **9^8 = 43046721:** When 9 is raised to the power of 8, you get 

43,046,721 (9 multiplied by itself eight times). 

 

These are just a few examples of powers of whole numbers with natural 

number exponents. You can calculate such powers for any whole 

number base and any natural number exponent by repeatedly 

multiplying the base by itself the specified number of times. 

 

Define and identify, square, cube numbers 

 

Square numbers and cube numbers are specific types of whole 

numbers that have distinct properties related to their exponents. Here's 

how to define and identify square and cube numbers: 

 

**Square Numbers:** 

 



16 | P a g e  

Grade 7 Mathematics Textbook 
 

1. **Definition:** A square number (also known as a perfect square) is a 

whole number that can be expressed as the square of an integer. In 

other words, it is the result of multiplying an integer by itself. 

 

2. **Identification:** To identify square numbers, look for whole 

numbers that have integer square roots. The square root of a number 

is the value that, when multiplied by itself, gives the original number. 

 

   - Examples of square numbers include 1, 4, 9, 16, 25, 36, 49, 64, 81, 

and so on. These are the squares of 1, 2, 3, 4, 5, 6, 7, 8, and 9, 

respectively. 

 

**Cube Numbers:** 

 

1. **Definition:** A cube number is a whole number that can be 

expressed as the cube of an integer. It is the result of multiplying an 

integer by itself twice. 

 

2. **Identification:** To identify cube numbers, look for whole numbers 

that have integer cube roots. The cube root of a number is the value 

that, when multiplied by itself twice, gives the original number. 

 

   - Examples of cube numbers include 1, 8, 27, 64, 125, 216, 343, and 

so on. These are the cubes of 1, 2, 3, 4, 5, 6, and 7, respectively. 
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In summary, square numbers are whole numbers that result from 

squaring an integer (raising it to the power of 2), while cube numbers 

are whole numbers that result from cubing an integer (raising it to the 

power of 3). Both square and cube numbers have special mathematical 

properties and are used in various mathematical and scientific contexts. 

 

Explore the powers of ten (natural number exponents only). 

Certainly! The powers of ten with natural number exponents are a 

fundamental part of our number system. These powers of ten are used 

to represent very large or very small quantities in a concise and easily 

understandable way. The general form of these powers of ten is 10^n, 

where "n" is a natural number (a positive integer). Here are some 

common powers of ten with natural number exponents: 

 

1. **10^0 = 1:** Any number raised to the power of 0 is always equal 

to 1. So, 10^0 is equal to 1. 

 

2. **10^1 = 10:** This is just 10 raised to the power of 1, which equals 

10. 

 

3. **10^2 = 100:** Here, 10 is squared, resulting in 100 (10 multiplied 

by 10). 

 

4. **10^3 = 1,000:** Raising 10 to the power of 3 gives you 1,000 (10 

multiplied by 10 three times). 
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5. **10^4 = 10,000:** When you raise 10 to the power of 4, you get 

10,000 (10 multiplied by 10 four times). 

 

6. **10^5 = 100,000:** 10 to the power of 5 equals 100,000 (10 

multiplied by 10 five times). 

 

7. **10^6 = 1,000,000:** This is 10 raised to the power of 6, resulting in 

1,000,000 (10 multiplied by 10 six times). 

 

8. **10^7 = 10,000,000:** Raising 10 to the power of 7 gives you 

10,000,000 (10 multiplied by 10 seven times). 

 

9. **10^8 = 100,000,000:** When 10 is raised to the power of 8, the 

result is 100,000,000 (10 multiplied by 10 eight times). 

 

10. **10^9 = 1,000,000,000:** This is 10 raised to the power of 9, which 

equals 1,000,000,000 (10 multiplied by 10 nine times). 

 

These are just a few examples of powers of ten with natural number 

exponents. The pattern continues, with each increase in the exponent 

adding another zero to the end of the result. Powers of ten are widely 

used in scientific notation to express very large or very small numbers 

in a more manageable format. They are also fundamental in various 

fields of mathematics and science. 
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Recognize and explain that our number system is a decimal (base ten) 

system. 

 

Our number system is indeed a decimal system, often referred to as the 

base-ten system. This means that it is based on the number ten as the 

fundamental building block for representing quantities. Let's recognize 

and explain this characteristic of our number system: 

 

**1. Base-Ten System:** 

   - In a base-ten (decimal) system, we use ten distinct digits to 

represent numbers. These digits are 0, 1, 2, 3, 4, 5, 6, 7, 8, and 9. 

   - The position of each digit in a number represents a power of ten. 

Starting from the rightmost digit, each position is ten times the value 

of the position to its right. 

   - For example, in the number "123," the digit 3 is in the "ones" place, 

the digit 2 is in the "tens" place (10 times the ones place), and the digit 

1 is in the "hundreds" place (10 times the tens place). 

 

**2. Place Value:** 

   - The place value system in a decimal system is essential. It allows us 

to represent numbers of different magnitudes and values. 

   - Each place to the left represents a higher power of ten. For instance, 

the first place to the left of the decimal point represents tens, the 

second place represents hundreds, and so on. 
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   - To the right of the decimal point, we have place values such as 

tenths, hundredths, and thousandths, which are fractions of a whole. 

 

**3. Arithmetic Operations:** 

   - In the decimal system, arithmetic operations like addition, 

subtraction, multiplication, and division are carried out based on the 

properties of ten. 

   - Multiplying by ten simply involves shifting the digits one place to 

the left, and dividing by ten involves shifting the digits one place to the 

right. 

 

**4. Everyday Usage:** 

   - The decimal system is the most commonly used number system in 

everyday life. We use it for counting, measuring, and representing 

quantities in various units (e.g., dollars and cents, meters and 

centimeters). 

 

**5. Universality:** 

   - The decimal system is widely adopted worldwide, making it a 

universal language for expressing numerical values. This universality is 

especially important for international trade, science, and mathematics. 

 

In summary, our number system, known as the decimal or base-ten 

system, is characterized by the use of ten digits and the representation 

of numbers based on powers of ten. It is the foundation of our 



21 | P a g e  

Grade 7 Mathematics Textbook 
 

mathematical and numerical language, facilitating the representation 

and manipulation of quantities in a consistent and widely understood 

manner. 

 

Write numbers in expanded form using powers of ten. 

 

Writing numbers in expanded form using powers of ten involves 

breaking down a number into the sum of its individual place values, 

with each place value represented as a power of ten. Here's how you 

can do it: 

 

Let's take the number 4,326 as an example: 

 

1. **Thousands Place (10^3):** The digit 4 is in the thousands place. So, 

it contributes 4 * 1,000 = 4,000 to the number. 

 

2. **Hundreds Place (10^2):** The digit 3 is in the hundreds place. So, it 

contributes 3 * 100 = 300 to the number. 

 

3. **Tens Place (10^1):** The digit 2 is in the tens place. So, it 

contributes 2 * 10 = 20 to the number. 

 

4. **Ones Place (10^0):** The digit 6 is in the ones place. So, it 

contributes 6 * 1 = 6 to the number. 
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Now, you can write the number 4,326 in expanded form using powers 

of ten as follows: 

 

4,000 (from the thousands place) + 300 (from the hundreds place) + 20 

(from the tens place) + 6 (from the ones place) = 4,326. 

 

So, the expanded form of 4,326 using powers of ten is: 4,000 + 300 + 

20 + 6. 

 

You can apply this method to any number to express it in expanded 

form using powers of ten by breaking it down into its place values and 

calculating the contribution of each place value. 

 

Multiply whole numbers by powers of ten. 

 

Multiplying whole numbers by powers of ten is a straightforward 

process that involves shifting the digits of the whole number to the left 

or right, depending on the exponent of the power of ten. Here's how 

you can do it: 

 

**Multiplying by a Positive Power of Ten (10^n):** 
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When you multiply a whole number by a positive power of ten (10^n), 

you increase the value of the number by n places to the left. Each place 

you shift corresponds to multiplying the number by 10 once for each 

shift. 

 

For example: 

 

1. Multiplying 543 by 10^2 (which is 100) means shifting the digits two 

places to the left: 54300. 

 

2. Multiplying 72 by 10^3 (which is 1000) means shifting the digits 

three places to the left: 72000. 

 

**Multiplying by a Negative Power of Ten (10^(-n)):** 

 

When you multiply a whole number by a negative power of ten (10^(-

n)), you decrease the value of the number by n places to the right. Each 

place you shift corresponds to dividing the number by 10 once for 

each shift. 

 

For example: 

 

1. Multiplying 864 by 10^(-1) (which is 1/10 or 0.1) means shifting the 

digits one place to the right: 86.4. 
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2. Multiplying 5013 by 10^(-2) (which is 1/100 or 0.01) means shifting 

the digits two places to the right: 50.13. 

 

In summary, multiplying a whole number by a power of ten involves 

shifting the digits to the left or right, depending on the exponent of 

the power of ten. Shifting to the left increases the value, while shifting 

to the right decreases it. This concept is fundamental for understanding 

the decimal place value system and performing various mathematical 

operations, including multiplication and division by powers of ten. 

 

Divide whole numbers by powers of ten, with reminders where 

necessary. 

 

Dividing whole numbers by powers of ten is a fundamental operation 

in the decimal place value system. When you divide by a positive 

power of ten (10^n), it involves shifting the digits to the right by n 

places, effectively removing n zeros. When dividing by a negative 

power of ten (10^(-n)), you shift the digits to the left by n places, 

adding zeros if necessary. Let's go through both scenarios with 

examples: 

 

**Dividing by a Positive Power of Ten (10^n):** 

 

1. **Divide 6,750 by 10^2 (which is 100):** 



25 | P a g e  

Grade 7 Mathematics Textbook 
 

 

   - Divide 6,750 by 100 means shifting the digits two places to the 

right. 

   - Result: 67.50 (Note the decimal point). 

 

2. **Divide 4,300 by 10^3 (which is 1,000):** 

 

   - Divide 4,300 by 1,000 means shifting the digits three places to the 

right. 

   - Result: 4.3 (Note the decimal point). 

 

**Dividing by a Negative Power of Ten (10^(-n)):** 

 

1. **Divide 32.6 by 10^(-1) (which is 10):** 

 

   - Divide 32.6 by 10 means shifting the digits one place to the left. 

   - Result: 326 (Note the lack of a decimal point). 

 

2. **Divide 0.045 by 10^(-2) (which is 0.01):** 

 

   - Divide 0.045 by 0.01 means shifting the digits two places to the left, 

adding a leading zero. 
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   - Result: 4.5 (Note the decimal point). 

 

When dividing by powers of ten, it's crucial to remember that shifting 

to the right by n places (positive power) makes the number smaller, 

while shifting to the left by n places (negative power) makes the 

number larger. The decimal point position changes accordingly. 

 

If you encounter a situation where there's a remainder, such as dividing 

7 by 10, the result is 0 with a remainder of 7. In this case, you don't 

need to add zeros to the right; you simply state the remainder. 

 

Prime factorization using index form. 

 

Prime factorization using index or exponential form represents a 

number as a product of its prime factors, where each prime factor is 

raised to the appropriate power (exponent). This method provides a 

compact and unique representation of a number. Here's how you can 

find the prime factorization of a number using index form: 

 

Let's find the prime factorization of the number 72 as an example: 

 

1. **Start with the number you want to factorize (in this case, 72).** 
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2. **Find the smallest prime number that can divide the given number 

evenly.** 

 

   In this case, the smallest prime number that can divide 72 evenly is 2. 

So, we start with 2. 

 

3. **Divide the number by the prime factor found in step 2 and 

continue this process until you can no longer divide evenly.** 

 

   - First division: 72 ÷ 2 = 36. So, we write 2^1 because we used one 2 

in the factorization. 

 

4. **Repeat step 2 with the quotient obtained in the previous step (36 

in this case).** 

 

   The smallest prime number that can divide 36 evenly is also 2. 

 

5. **Divide the quotient from step 4 by the prime factor found in step 4 

and continue.** 

 

   - Second division: 36 ÷ 2 = 18. So, we add another 2 to the 

factorization: 2^2. 

 

6. **Repeat the process until you can no longer divide evenly.** 
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   - Third division: 18 ÷ 2 = 9. So, we add another 2 to the factorization: 

2^3. 

 

7. **Continue until you reach a quotient of 1.** 

 

   - Fourth division: 9 ÷ 3 = 3. So, we add 3 to the factorization: 2^3 × 

3^1. 

 

8. **Once the quotient is 1, you're done.** 

 

The prime factorization of 72 in index form is 2^3 × 3^1. 

 

This means that 72 can be expressed as a product of prime factors: 2 × 

2 × 2 × 3 = 72. Each prime factor is raised to the power corresponding 

to the number of times it divides evenly into 72. 

 

 

 

Sequences 

 

Problem solving 

involving addition, 



29 | P a g e  

Grade 7 Mathematics Textbook 
 

subtraction, 

multiplication, and 

division, factors 

multiples, HCF 

and LCM. 

 

Problem-solving involving addition, subtraction, multiplication, division, 

factors, multiples, Highest Common Factor (HCF), and Lowest Common 

Multiple (LCM) often requires a combination of mathematical skills. 

Here are some common types of problems and how to approach them: 

 

**1. Addition and Subtraction:** 

    

   - **Problem 1:** Mary has 5 apples, and she buys 3 more. How many 

apples does Mary have in total? 

     - Solution: Simply add the apples she had (5) and the ones she 

bought (3): 5 + 3 = 8 apples. 

 

   - **Problem 2:** If you have $20 and spend $8, how much money do 

you have left? 

     - Solution: Subtract the amount spent from the initial amount: $20 - 

$8 = $12 remaining. 

 

**2. Multiplication and Division:** 
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   - **Problem 3:** If each box contains 12 chocolates, and you have 3 

boxes, how many chocolates do you have in total? 

     - Solution: Multiply the number of chocolates in one box by the 

number of boxes: 12 chocolates/box × 3 boxes = 36 chocolates. 

 

   - **Problem 4:** If you have 48 candies and want to share them 

equally among 6 friends, how many candies does each friend get? 

     - Solution: Divide the total number of candies by the number of 

friends: 48 candies ÷ 6 friends = 8 candies per friend. 

 

**3. Factors and Multiples:** 

 

   - **Problem 5:** List the factors of 24. 

     - Solution: The factors of 24 are numbers that can divide evenly into 

24 without a remainder. They are 1, 2, 3, 4, 6, 8, 12, and 24. 

 

   - **Problem 6:** Find the multiples of 7 between 20 and 40. 

     - Solution: The multiples of 7 in that range are 21, 28, 35. 

 

**4. HCF and LCM:** 

 

   - **Problem 7:** Find the HCF of 18 and 24. 
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     - Solution: List the factors of both numbers and find their common 

factors. The HCF is 6 (the highest common factor they share). 

 

   - **Problem 8:** Find the LCM of 8 and 12. 

     - Solution: List the multiples of both numbers and find their 

common multiples. The LCM is 24 (the smallest common multiple they 

have). 

 

Remember to read the problem carefully, identify the type of operation 

required (addition, subtraction, multiplication, division), and apply the 

appropriate mathematical concepts (factors, multiples, HCF, LCM) as 

needed to solve the problem step by step. Practice is key to improving 

your problem-solving skills in mathematics. 

 

 

 

 

 

 

 

Continue 

sequences of even, 

odd, multiples, 

squares, cubes and 
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triangular numbers 

 

Certainly! Here are sequences of even numbers, odd numbers, 

multiples of a given number, squares, cubes, and triangular numbers: 

 

**Even Numbers:** 

Even numbers are integers that are divisible by 2. The sequence of even 

numbers starts with 2 and continues with increments of 2: 

 

2, 4, 6, 8, 10, 12, 14, 16, 18, 20, ... 

 

**Odd Numbers:** 

Odd numbers are integers that are not divisible by 2. The sequence of 

odd numbers starts with 1 and continues with increments of 2: 

 

1, 3, 5, 7, 9, 11, 13, 15, 17, 19, ... 

 

**Multiples of a Given Number:** 

Multiples of a number are integers that result from multiplying that 

number by positive integers. For example, the multiples of 3 are: 

 

3, 6, 9, 12, 15, 18, 21, 24, 27, 30, ... 

 



33 | P a g e  

Grade 7 Mathematics Textbook 
 

**Squares:** 

Squares are numbers that result from multiplying an integer by itself. 

The sequence of square numbers starts with 1 and continues with 

increments of odd integers: 

 

1, 4, 9, 16, 25, 36, 49, 64, 81, 100, ... 

 

**Cubes:** 

Cubes are numbers that result from multiplying an integer by itself 

twice. The sequence of cube numbers starts with 1 and continues with 

increments of successive odd integers: 

 

1, 8, 27, 64, 125, 216, 343, 512, 729, 1000, ... 

 

**Triangular Numbers:** 

Triangular numbers are a sequence of numbers that can be 

represented as dots in the shape of an equilateral triangle. The nth 

triangular number is the sum of the first n natural numbers. The 

sequence of triangular numbers starts with 1 and continues: 

 

1, 3, 6, 10, 15, 21, 28, 36, 45, 55, ... 

 

Each number in this sequence represents the number of dots required 

to form a triangular arrangement with n rows. 



34 | P a g e  

Grade 7 Mathematics Textbook 
 

 

These sequences are fundamental in mathematics and have various 

applications in different areas of math and science. They are also 

interesting in their own right, and studying them can lead to insights 

into patterns and relationships in numbers. 

 

 

 

 

 

Integers 

 

Use integers to 

represent opposite 

situations. 

 

Integers are often used to represent opposite situations or concepts in 

mathematics. In the context of integers, positive numbers typically 

represent one condition or direction, while negative numbers represent 

the opposite or reverse condition or direction. Here are some 

examples: 

 

1. **Positive and Negative Directions:** 
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   - In the context of a number line, moving to the right is represented 

by positive integers, while moving to the left is represented by negative 

integers. For example, if you start at 0 and move +3 units to the right, 

you end up at +3, but if you move -3 units to the left, you end up at -3. 

 

2. **Temperature:** 

   - In meteorology, positive temperatures are used to represent warm 

or hot conditions, while negative temperatures represent cold 

conditions. For example, +25°C is warm, while -5°C is cold. 

 

3. **Financial Transactions:** 

   - In accounting, positive numbers are used to represent income, 

revenue, or money gained, while negative numbers represent expenses, 

losses, or money spent. For example, +$500 represents a profit, while -

$200 represents a loss. 

 

4. **Elevations and Depths:** 

   - In geography or geology, positive numbers represent elevations 

above sea level (higher ground), while negative numbers represent 

depths below sea level (lower ground). For example, an elevation of 

+500 meters is higher in altitude than an elevation of -100 meters. 

 

5. **Charge in Physics:** 

   - In physics, positive charges represent protons, which have a positive 

electric charge, while negative charges represent electrons, which have 
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a negative electric charge. Oppositely charged particles attract each 

other, while particles with the same charge repel each other. 

 

6. **Directions in Physics:** 

   - In physics, positive and negative directions are often used to 

represent opposite directions of motion or forces. For example, positive 

velocity might represent movement to the right, while negative velocity 

represents movement to the left. 

 

In all these examples, integers are used to represent opposite or 

contrasting situations. Positive integers represent one condition, 

direction, or state, while negative integers represent the opposite or 

reverse condition, direction, or state. This use of integers simplifies 

mathematical modeling and allows for convenient representation of 

real-world scenarios involving opposites. 

 

 

Identify/locate 

integers on the 

number line. 

 

To identify or locate integers on the number line, you can follow these 

steps: 
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1. **Understand the Number Line:** 

   - A number line is a straight line that extends infinitely in both 

directions. 

   - The center of the number line is typically labeled as 0 (zero). 

 

2. **Locate Positive Integers:** 

   - To locate positive integers, start from 0 (zero) and move to the 

right. 

   - The first positive integer is 1, which is one unit to the right of 0. 

   - Continue moving to the right to find higher positive integers: 2, 3, 4, 

and so on. 

 

3. **Locate Negative Integers:** 

   - To locate negative integers, start from 0 (zero) and move to the left. 

   - The first negative integer is -1, which is one unit to the left of 0. 

   - Continue moving to the left to find lower negative integers: -2, -3, -

4, and so on. 

 

4. **Identify Zero:** 

   - Zero (0) is located at the center of the number line and is neither 

positive nor negative. 

 

Here's a simple representation of a number line with integers: 
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``` 

... -4, -3, -2, -1, 0, 1, 2, 3, 4, ... 

``` 

 

- The ellipses (...) indicate that the number line extends infinitely in 

both directions. 

 

- To locate a specific integer, you can count the units to the right or left 

of 0, depending on whether it's positive or negative. For example: 

   - To locate -5, start from 0 and move 5 units to the left. 

   - To locate 7, start from 0 and move 7 units to the right. 

 

This way, you can easily identify or locate integers on a number line, 

which is a helpful tool for understanding the relative positions of 

numbers and performing operations involving integers. 

 

Compare and order 

integers using the 

number line. Use of 

inequality symbols. 
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Comparing and ordering integers using a number line is a visual and 

intuitive method. You can use inequality symbols (<, >, ≤, ≥) to 

represent the relationships between integers. Here's how to compare 

and order integers using a number line and inequality symbols: 

 

**1. Understand the Number Line:** 

   - Familiarize yourself with the number line, with positive integers to 

the right of zero (0) and negative integers to the left. 

 

**2. Comparing Two Integers:** 

   - To compare two integers, place them on the number line. 

   - The integer to the right is greater, while the integer to the left is 

smaller. 

 

**3. Using Inequality Symbols:** 

 

   - **Greater Than (>):** If one integer is to the right of another on the 

number line, you can use the ">" symbol to represent that the integer 

on the right is greater. For example, 3 > 1 means that 3 is greater than 

1. 

 

   - **Less Than (<):** If one integer is to the left of another on the 

number line, you can use the "<" symbol to represent that the integer 

on the left is smaller. For example, -2 < 1 means that -2 is less than 1. 
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   - **Greater Than or Equal To (≥):** When one integer is to the right of 

another or on the same spot on the number line, you can use the "≥" 

symbol to represent that the integer on the right is greater or equal. 

For example, 2 ≥ 2 means that 2 is greater than or equal to 2. 

 

   - **Less Than or Equal To (≤):** When one integer is to the left of 

another or on the same spot on the number line, you can use the "≤" 

symbol to represent that the integer on the left is smaller or equal. For 

example, -3 ≤ -3 means that -3 is less than or equal to -3. 

 

**4. Ordering Integers:** 

   - To order three or more integers, place them on the number line and 

arrange them from left to right, starting with the smallest integer and 

ending with the largest integer. 

   - Use inequality symbols as needed to represent the relationships 

between the integers. 

 

**Example:** 

Let's compare and order the integers -5, 2, and -1 using a number line 

and inequality symbols: 

 

1. Place the integers on the number line: 

   ``` 



41 | P a g e  

Grade 7 Mathematics Textbook 
 

   -5          -1    2 

   |___________|______| 

   ``` 

 

2. Compare and order: 

   - From left to right: -5 < -1 < 2. 

   - Using inequality symbols: -5 < -1 and -1 < 2. 

 

So, the order of the integers is -5 < -1 < 2. 

 

 

 

 

 

Add and subtract 

integers using the 

number line. 

 

Adding and subtracting integers using the number line is a visual and 

intuitive way to understand these operations. Here's how to do it: 

 

**Adding Integers Using the Number Line:** 
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Let's say you want to add two integers, A and B, using the number line. 

Here's the procedure: 

 

1. **Start at the first integer (A) on the number line.** 

 

2. **Move to the right (for positive integers) or to the left (for negative 

integers) by the number of units indicated by the second integer (B).** 

 

   - If B is positive, move to the right. 

   - If B is negative, move to the left. 

 

3. **The final position on the number line represents the result of the 

addition (A + B).** 

 

**Example 1: Adding Integers** 

 

Let's add -3 and 5 using the number line: 

 

1. Start at -3 on the number line. 

 

2. Since 5 is positive, move 5 units to the right. 
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3. Your final position is 2. Therefore, -3 + 5 = 2. 

 

**Subtracting Integers Using the Number Line:** 

 

Subtracting integers can also be visualized using the number line: 

 

1. **Start at the first integer (A) on the number line.** 

 

2. **Move to the right (for positive integers) or to the left (for negative 

integers) by the number of units indicated by the second integer (B).** 

 

   - If B is positive, move to the right. 

   - If B is negative, move to the left. 

 

3. **The final position on the number line represents the result of the 

subtraction (A - B).** 

 

**Example 2: Subtracting Integers** 

 

Let's subtract 8 from -2 using the number line: 
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1. Start at -2 on the number line. 

 

2. Since 8 is positive, move 8 units to the right. 

 

3. Your final position is -10. Therefore, -2 - 8 = -10. 

 

Using the number line as a visual aid can help you understand the 

concepts of addition and subtraction with integers and provide a clear 

representation of the results. 

 

 

 

 

 

 

 

Problem solving 

involving addition, 

and subtraction. 

 

Certainly! Problem-solving involving addition and subtraction often 

requires careful analysis and calculation. Here are some examples of 

problems in which addition and subtraction are used: 
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**Problem 1: Grocery Shopping** 

   - Sarah went to the grocery store and bought apples for $3.50, 

bananas for $2.25, and oranges for $1.75. How much did she spend in 

total? 

 

   **Solution:** Add the prices of the items: $3.50 + $2.25 + $1.75 = 

$7.50. Sarah spent $7.50 in total. 

 

**Problem 2: Change Calculation** 

   - John bought a toy for $15. He paid with a $20 bill. How much 

change should he receive? 

 

   **Solution:** Subtract the cost of the toy from the amount paid: $20 - 

$15 = $5. John should receive $5 in change. 

 

**Problem 3: Subtraction with Borrowing** 

   - Mary has $75. She lent her friend $46. How much money does she 

have left? 

 

   **Solution:** Subtract the amount lent from the total: $75 - $46 = 

$29. Mary has $29 left. 

 

**Problem 4: Combining Money** 
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   - Tom has $20 in his wallet, and he receives $50 as a birthday gift. 

How much money does he have now? 

 

   **Solution:** Add the amount received to what he had initially: $20 + 

$50 = $70. Tom now has $70. 

 

**Problem 5: Word Problem with Multiple Steps** 

   - A bakery sold 98 cupcakes in the morning and 64 cupcakes in the 

afternoon. If they made 42 more cupcakes for the evening, how many 

cupcakes did they have in total? 

 

   **Solution:** Add the number of cupcakes sold in the morning and 

afternoon: 98 + 64 = 162. Then, add the cupcakes made for the 

evening: 162 + 42 = 204. The bakery had 204 cupcakes in total. 

 

**Problem 6: Shopping Discounts** 

   - A store is offering a 15% discount on a $80 sweater. How much will 

the sweater cost after the discount? 

 

   **Solution:** Calculate the discount amount (15% of $80): 0.15 * $80 

= $12. Then, subtract the discount from the original price: $80 - $12 = 

$68. The sweater will cost $68 after the discount. 
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These are examples of everyday problems that involve addition and 

subtraction. In each case, carefully read the problem, identify the 

relevant information, and perform the necessary addition or 

subtraction operations to find the solution. 

 

Rational Numbers as Common Fractions 

 

Define rational 

numbers as 

common fractions. 

 

Rational numbers can be defined as common fractions. A rational 

number is any number that can be expressed as the quotient or 

fraction of two integers (whole numbers), where the denominator is 

not zero. In other words, a rational number is a number that can be 

written in the form a/b, where "a" and "b" are integers, and "b" is not 

equal to zero. 

 

Here's the formal definition of a rational number as a common fraction: 

 

A rational number is a number of the form a/b, where "a" and "b" are 

integers and "b" is not equal to zero. The number "a" is called the 

numerator, and the number "b" is called the denominator. 
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Examples of rational numbers as common fractions: 

- 1/2 (one-half) 

- 3/4 (three-fourths) 

- -5/6 (negative five-sixths) 

- 7/1 (seven, as a fraction) 

- 2/1 (two, as a fraction) 

 

Rational numbers include integers because any integer "a" can be 

written as a fraction with a denominator of 1, like "a/1." For example, 3 

is a rational number because it can be expressed as 3/1. 

 

It's important to note that not all fractions are rational numbers. For 

example, the fraction 1/0 is not a rational number because the 

denominator is zero, and division by zero is undefined. Similarly, 

numbers like π (pi) or the square root of 2 (√2) are not rational because 

they cannot be expressed as fractions of integers. 

 

In summary, rational numbers are numbers that can be represented as 

common fractions, where the numerator and denominator are integers, 

and the denominator is not zero. They include integers and fractions 

but exclude numbers that cannot be expressed in this form. 

 

Revise vocabulary 

of common 
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fractions: fraction, 

numerator, 

denominator, 

proper & improper 

fractions, mixed 

numbers, 

equivalent 

fractions, reduce 

fraction, lowest 

terms. 

 

Certainly! Here's a revised vocabulary list for common fractions: 

 

1. **Fraction:** A fraction is a way to represent a part of a whole or a 

ratio of two numbers. It consists of two components: a numerator and 

a denominator. 

 

2. **Numerator:** The numerator is the top part of a fraction that 

represents the number of equal parts being considered or counted. 

 

3. **Denominator:** The denominator is the bottom part of a fraction 

that represents the total number of equal parts into which the whole is 

divided. 
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4. **Proper Fraction:** A proper fraction is a fraction where the 

numerator is less than the denominator. Proper fractions represent 

values between 0 and 1. 

 

5. **Improper Fraction:** An improper fraction is a fraction where the 

numerator is equal to or greater than the denominator. Improper 

fractions represent values equal to or greater than 1. 

 

6. **Mixed Number:** A mixed number is a combination of a whole 

number and a proper fraction. It is typically written in the form "a b/c," 

where "a" is the whole number, "b" is the numerator of the proper 

fraction, and "c" is the denominator. 

 

7. **Equivalent Fractions:** Equivalent fractions are fractions that 

represent the same value but may have different numerators and 

denominators. They are obtained by multiplying or dividing both the 

numerator and denominator by the same nonzero integer. 

 

8. **Reduce Fraction:** Reducing a fraction means simplifying it to its 

simplest form by dividing both the numerator and denominator by 

their greatest common divisor (GCD) or greatest common factor (GCF). 
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9. **Lowest Terms:** A fraction is said to be in its lowest terms when 

the numerator and denominator have no common factors other than 1. 

It is the simplest form of the fraction. 

 

10. **Greatest Common Divisor (GCD) or Greatest Common Factor 

(GCF):** The GCD or GCF of two numbers is the largest number that 

evenly divides both the numerator and the denominator of a fraction. It 

is used to simplify fractions to their lowest terms. 

 

Understanding these terms is fundamental for working with fractions, 

performing operations, comparing fractions, and expressing quantities 

in fractional form accurately. 

 

Identify/locate 

rational numbers 

on the real number 

line. 

 

Rational numbers can be located on the real number line, and they 

include both integers and fractions. Here's how to identify and locate 

rational numbers on the real number line: 

 

1. **Integers as Rational Numbers:** 
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   - All integers, including positive integers (whole numbers), zero, and 

negative integers, are rational numbers. 

   - Positive integers are located to the right of zero on the number line, 

and negative integers are located to the left of zero. 

 

2. **Fractions as Rational Numbers:** 

   - Fractions can also be represented as rational numbers on the real 

number line. 

   - To locate a fraction on the number line, you can convert it into a 

decimal and then place it accordingly. 

 

3. **Example - Locating Rational Numbers:** 

 

   Let's locate a few rational numbers on the real number line: 

 

   - **The integer 3:** This is a positive integer, so it is located to the 

right of zero. 

   ``` 

   ... -3, -2, -1, 0, 1, 2, 3, ... 

   ``` 

 

   - **The fraction 1/2:** To locate this fraction, convert it to a decimal 

(0.5) and place it on the number line. 
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   ``` 

   ... -1, -0.5, 0, 0.5, 1, ... 

   ``` 

 

   - **The mixed number -2 3/4:** Convert this mixed number to an 

improper fraction (-11/4) and then to a decimal (-2.75). Place it on the 

number line. 

   ``` 

   ... -3, -2.75, -2.5, -2, ... 

   ``` 

 

   - **The integer -5:** This is a negative integer, so it is located to the 

left of zero. 

   ``` 

   ... -6, -5, -4, -3, ... 

   ``` 

 

Rational numbers on the real number line are located at various 

positions, including integers (whole numbers) to the left and right of 

zero, as well as fractions and decimals that fall between the integers. 

The real number line represents all possible real numbers, including 

rational and irrational numbers. 

 

Compare & Order 
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with and without 

the number line. 

Use of inequality 

symbols. 

 

Comparing and ordering numbers, whether with or without the 

number line, involves using inequality symbols (<, >, ≤, ≥) to represent 

the relationships between the numbers. Here's how to do it both ways: 

 

**Comparing and Ordering Numbers with the Number Line:** 

 

1. **Using the Number Line to Compare:** 

   - Place the numbers on the number line. 

   - The number to the right is greater, while the number to the left is 

smaller. 

   - You can visually see the order of the numbers. 

 

2. **Using Inequality Symbols with the Number Line:** 

   - To represent that one number is greater than another, use the ">" 

symbol if it's to the right on the number line, or the "<" symbol if it's to 

the left. 

   - To represent that one number is greater than or equal to another, 

use "≥" if it's to the right, or "≤" if it's to the left. 
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**Example with the Number Line:** 

Suppose you have the numbers 3, 1, and 5: 

 

- Place them on the number line: 1 < 3 < 5. 

- Using inequality symbols: 1 < 3 and 3 < 5. 

 

**Comparing and Ordering Numbers without the Number Line:** 

 

1. **Direct Comparison:** 

   - Compare the numbers directly by looking at their values. 

   - Use the ">" symbol if one number is greater, the "<" symbol if one 

number is smaller. 

   - Use "≥" or "≤" when the numbers can be equal. 

 

2. **Ordering Multiple Numbers:** 

   - Arrange three or more numbers by comparing each pair. 

   - Start with the smallest number and proceed to the largest. 

 

**Example without the Number Line:** 

Let's compare and order the numbers 7, 2, 9, and 4: 
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- Directly compare: 2 < 4 < 7 < 9. 

- Using inequality symbols: 2 < 4, 4 < 7, and 7 < 9. 

 

In both methods, you're determining the order of numbers based on 

their values. Using the number line provides a visual aid, making it 

easier to see the relative positions of numbers, but direct comparison 

works just as well for smaller sets of numbers. 

 

Add, subtract, 

multiply and 

divide two 

fractions and/or 

mixed numbers. 

 

Performing operations with fractions and mixed numbers involves 

different steps for addition, subtraction, multiplication, and division. 

Here's how to do each of these operations: 

 

**Adding Fractions:** 

 

To add two fractions, follow these steps: 
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1. Make sure the denominators are the same. If they are not the same, 

find a common denominator. 

2. Add the numerators together while keeping the common 

denominator. 

3. Simplify the resulting fraction if needed. 

 

Example: Add 1/4 and 3/8. 

 

1. Find a common denominator, which is 8. 

2. Rewrite 1/4 as an equivalent fraction with a denominator of 8: 2/8. 

3. Now, add the fractions: 2/8 + 3/8 = 5/8. 

4. The sum is 5/8, which is already in its simplest form. 

 

**Subtracting Fractions:** 

 

Subtracting fractions is similar to adding fractions, except you subtract 

the numerators instead of adding them. 

 

Example: Subtract 2/5 from 3/5. 

 

1. The denominators are the same, so you don't need to find a 

common denominator. 

2. Subtract the numerators: 3/5 - 2/5 = 1/5. 
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**Multiplying Fractions:** 

 

To multiply two fractions, follow these steps: 

 

1. Multiply the numerators together to get the new numerator. 

2. Multiply the denominators together to get the new denominator. 

3. Simplify the resulting fraction if needed. 

 

Example: Multiply 2/3 by 4/5. 

 

1. Multiply the numerators: 2 * 4 = 8. 

2. Multiply the denominators: 3 * 5 = 15. 

3. The product is 8/15. 

 

**Dividing Fractions:** 

 

To divide one fraction by another, follow these steps: 

 

1. Invert (reciprocate) the second fraction (flip it upside down). 

2. Multiply the first fraction by the inverted second fraction. 

3. Simplify the resulting fraction if needed. 
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Example: Divide 2/3 by 1/4. 

 

1. Invert the second fraction: 1/4 becomes 4/1. 

2. Multiply the first fraction by the inverted second fraction: (2/3) * 

(4/1) = 8/3. 

3. The quotient is 8/3, which can also be expressed as a mixed number: 

2 2/3. 

 

These are the basic steps for adding, subtracting, multiplying, and 

dividing fractions and mixed numbers. Remember to simplify your 

answers when necessary, and ensure that the final result is in its 

simplest form. 

 

Problem solving 

involving addition, 

subtraction, 

multiplication, and 

division, of two 

fractions. 

 

Solving problems that involve addition, subtraction, multiplication, and 

division of fractions requires careful attention to the specific operations 



60 | P a g e  

Grade 7 Mathematics Textbook 
 

and the rules for working with fractions. Here are examples of 

problems for each operation: 

 

**Addition of Fractions:** 

 

**Problem 1:** Add 1/3 and 1/4. 

 

**Solution:** 

1. Find a common denominator, which in this case is 12. 

2. Rewrite both fractions with the common denominator: 

   - 1/3 = 4/12 (multiplied numerator and denominator by 4) 

   - 1/4 = 3/12 (multiplied numerator and denominator by 3) 

3. Add the fractions with the common denominator: 4/12 + 3/12 = 

7/12. 

 

**Subtraction of Fractions:** 

 

**Problem 2:** Subtract 2/5 from 3/4. 

 

**Solution:** 

1. Find a common denominator, which in this case is 20. 

2. Rewrite both fractions with the common denominator: 
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   - 3/4 = 15/20 (multiplied numerator and denominator by 5) 

   - 2/5 = 8/20 (multiplied numerator and denominator by 4) 

3. Subtract the fractions with the common denominator: 15/20 - 8/20 = 

7/20. 

 

**Multiplication of Fractions:** 

 

**Problem 3:** Multiply 2/3 by 1/4. 

 

**Solution:** 

1. Multiply the numerators: 2 * 1 = 2. 

2. Multiply the denominators: 3 * 4 = 12. 

3. The product is 2/12, but simplify it by dividing both the numerator 

and denominator by their greatest common factor (GCF), which is 2: 

(2/2) / (12/2) = 1/6. 

 

**Division of Fractions:** 

 

**Problem 4:** Divide 3/5 by 2/3. 

 

**Solution:** 

1. Invert (reciprocate) the second fraction: 2/3 becomes 3/2. 
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2. Multiply the first fraction by the inverted second fraction: (3/5) * 

(3/2). 

3. Multiply the numerators: 3 * 3 = 9. 

4. Multiply the denominators: 5 * 2 = 10. 

5. The quotient is 9/10. 

 

These examples demonstrate how to solve problems involving 

addition, subtraction, multiplication, and division of fractions. 

Remember to find common denominators when adding or subtracting, 

and simplify your answers when necessary to ensure they are in their 

simplest form. 

Rational Numbers as Decimals 

 

Rational numbers 

as decimals. 

 

Rational numbers can be expressed as decimals either as terminating 

decimals or repeating decimals (also known as recurring decimals). The 

form they take as decimals depends on their fractional representation. 

Here's how to convert rational numbers to decimals: 

 

1. **Terminating Decimals:** 
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   - Rational numbers that can be expressed as fractions where the 

denominator is a power of 10 (e.g., 10, 100, 1000, etc.) result in 

terminating decimals. 

   - To convert a fraction to a terminating decimal, divide the numerator 

by the denominator. 

 

   **Example 1:** Convert 3/10 to a decimal. 

   - 3 ÷ 10 = 0.3 

   - So, 3/10 as a decimal is 0.3. 

 

   **Example 2:** Convert 7/100 to a decimal. 

   - 7 ÷ 100 = 0.07 

   - So, 7/100 as a decimal is 0.07. 

 

2. **Repeating Decimals (Recurring Decimals):** 

   - Rational numbers that cannot be expressed as fractions with 

denominators that are powers of 10 result in repeating decimals. 

   - To convert a fraction to a repeating decimal, perform long division 

to find the repeating pattern. 

 

   **Example 3:** Convert 1/3 to a decimal. 

   - Long division: 

     ``` 
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       0.3333... 

     __________ 

    3 | 1.0000 

        - 0.99 

         ------- 

           0.0100 

             - 0.0099 

             -------- 

                   0.0001 

     ``` 

   - The division repeats indefinitely with the pattern 3, so 1/3 as a 

decimal is 0.3333... or 0.3 ̅. 

 

   **Example 4:** Convert 2/7 to a decimal. 

   - Long division: 

     ``` 

       0.285714... 

     ___________ 

    7 | 2.000000 

        - 1.99999 

         --------- 

                10000 
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     ``` 

   - The division repeats with the pattern 285714, so 2/7 as a decimal is 

0.285714... or 0.2̅8̅5̅7 ̅1̅4̅. 

 

These examples demonstrate how rational numbers can be expressed 

as both terminating and repeating decimals. The form of the decimal 

depends on the fraction's denominator and whether it has a repeating 

pattern. 

 

 

 

 

Decimal place 

value: billions to 

thousandths 

 

Decimal place value is a system for representing and understanding the 

value of digits in decimal numbers. It is organized into periods, each 

with its own place value, from left to right: billions, millions, thousands, 

ones (units), tenths, hundredths, thousandths, and so on. Here's a 

breakdown of decimal place values from billions to thousandths: 

 

1. **Billions (B):** The first period to the left of the decimal point 

represents billions. Each place in this period is worth ten times the 
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place to its right. For example, in the number 3,251,469,837.123, the 

digit '3' is in the billions place, representing 3 billion. 

 

2. **Millions (M):** The period to the right of billions represents 

millions. Each place in this period is worth ten times the place to its 

right. In the example, the digit '2' is in the millions place, representing 2 

million. 

 

3. **Thousands (K):** The period to the right of millions represents 

thousands. Each place in this period is worth ten times the place to its 

right. In the example, the digit '5' is in the thousands place, 

representing 5 thousand. 

 

4. **Ones (Units):** The period to the right of thousands represents 

ones or units. Each place in this period is worth ten times the place to 

its right. In the example, the digit '4' is in the ones place, representing 

4. 

 

5. **Tenths (D):** The first period to the right of the decimal point 

represents tenths. Each place in this period is worth one-tenth of the 

place to its left. In the example, the digit '8' is in the tenths place, 

representing 8 tenths. 

 

6. **Hundredths (C):** The period to the right of tenths represents 

hundredths. Each place in this period is worth one one-hundredth of 
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the place to its left. In the example, the digit '3' is in the hundredths 

place, representing 3 hundredths. 

 

7. **Thousandths (M):** The period to the right of hundredths 

represents thousandths. Each place in this period is worth one one-

thousandth of the place to its left. In the example, the digit '1' is in the 

thousandths place, representing 1 thousandth. 

 

The pattern continues to the right with ten-thousandths, hundred-

thousandths, and so on, each place value being ten times smaller than 

the one to its left. Understanding decimal place value is crucial for 

reading, writing, and performing operations with decimal numbers. 

 

 

Reading and 

writing decimal 

numbers. 

 

Reading and writing decimal numbers involves understanding the 

place value system of decimals and how to express numbers with 

fractional parts. Here are the steps for reading and writing decimal 

numbers: 

 

**Reading Decimal Numbers:** 
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1. **Read the Whole Part:** Start from the left and read the whole 

number part as you would with any whole number. For example, in the 

decimal 3.14, read "three." 

 

2. **Say "Point" or "Decimal Point":** When you encounter the decimal 

point (.), say "point" or "decimal point" to indicate the transition from 

the whole part to the fractional part. 

 

3. **Read the Fractional Part:** Read the digits to the right of the 

decimal point individually. For example, in 3.14, read "one four." 

 

4. **Use Place Value Names:** If necessary, use place value names to 

clarify the position of each digit. For example, in 3.125, you can say 

"three and one hundred twenty-five thousandths." 

 

**Writing Decimal Numbers:** 

 

1. **Write the Whole Part:** Write the whole number part as you would 

with any whole number. For example, for the number "three and," write 

"3." 

 

2. **Write the Decimal Point:** Place a decimal point (.) to separate the 

whole part from the fractional part. It is important to align the decimal 

point with the place value. 
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3. **Write the Fractional Part:** Write the digits of the fractional part. 

For example, for "three and one hundred twenty-five thousandths," 

write ".125." 

 

4. **Use Leading Zeros (Optional):** If necessary, add leading zeros to 

fill in empty decimal places. For example, to write "three and seven 

hundredths," you would write "3.07." 

 

Here are a few examples of reading and writing decimal numbers: 

 

- Decimal: 2.35 

  - Reading: "two point three five" 

  - Writing: 2.35 

 

- Decimal: 0.006 

  - Reading: "zero point zero zero six" 

  - Writing: 0.006 

 

- Decimal: 12.8 

  - Reading: "twelve point eight" 

  - Writing: 12.8 
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- Decimal: 7.04 

  - Reading: "seven point zero four" 

  - Writing: 7.04 

 

Remember that understanding decimal place value is crucial for 

correctly reading and writing decimal numbers, as it determines the 

value of each digit in the number. 

 

 

 

 

 

Writing decimal fractions 

as decimal numbers and 

vice versa. 

 

Writing decimal fractions as decimal numbers and vice versa involves 

converting between the fractional form (decimal fractions) and the 

standard decimal form. Here are the steps for both conversions: 

 

**Writing Decimal Fractions as Decimal Numbers:** 
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1. **Write the Whole Part:** If there is a whole number part, write it 

down. If there isn't, simply start with the decimal point. 

 

2. **Write the Decimal Point:** Place a decimal point (.) at the 

appropriate location. The location depends on how many decimal 

places are in the fraction. 

 

3. **Write the Fractional Part:** Write the digits of the fractional part 

directly after the decimal point. 

 

4. **Use Leading Zeros (Optional):** If necessary, add leading zeros 

before the first nonzero digit of the fractional part to indicate the 

correct place value. 

 

**Examples:** 

 

- Decimal Fraction: 0.125 

  - Writing as Decimal Number: 0.125 

 

- Decimal Fraction: 0.02 

  - Writing as Decimal Number: 0.02 

 

- Decimal Fraction: 0.007 
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  - Writing as Decimal Number: 0.007 

 

**Writing Decimal Numbers as Decimal Fractions:** 

 

1. **Identify the Whole Part:** Determine the whole number part of the 

decimal number. 

 

2. **Identify the Fractional Part:** Identify the digits to the right of the 

decimal point. These are the digits that will form the fractional part. 

 

3. **Write the Fractional Part as a Fraction:** Write the fractional part as 

a fraction with the same number of decimal places as in the original 

decimal number. The denominator will be a power of 10 corresponding 

to the number of decimal places. 

 

4. **Combine the Whole Part and Fractional Part:** If there is a whole 

number part, combine it with the fractional part using the addition 

operation. 

 

**Examples:** 

 

- Decimal Number: 3.25 

  - Writing as Decimal Fraction: 3 25/100 or 3 1/4 
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- Decimal Number: 0.6 

  - Writing as Decimal Fraction: 6/10 or 3/5 

 

- Decimal Number: 2.125 

  - Writing as Decimal Fraction: 2 125/1000 or 2 1/8 

 

Converting between decimal fractions and decimal numbers is a useful 

skill when working with mixed numbers, measurements, and other 

mathematical concepts that involve both fractional and decimal 

representations. 

 

 

 

 

 

Identify/locate decimal 

numbers on the real 

number line. 

 

Decimal numbers can be located on the real number line just like 

whole numbers and other types of numbers. The real number line is a 

continuous line that extends infinitely in both directions, and it includes 

all types of numbers, including integers, fractions, and decimals. Here's 

how to identify and locate decimal numbers on the real number line: 
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1. **Identify the Whole Number Part:** Determine the whole number 

part of the decimal number. This part is located to the left of the 

decimal point. 

 

2. **Locate the Decimal Point:** Find the position of the decimal point 

(.), which separates the whole number part from the fractional part. 

 

3. **Identify the Fractional Part (if any):** Determine the digits to the 

right of the decimal point. These digits make up the fractional part of 

the decimal number. 

 

4. **Place the Decimal Number on the Number Line:** Find the 

appropriate location for the decimal number on the real number line 

based on its whole number part and fractional part. This may require 

estimation between two whole numbers. 

 

5. **Use Tick Marks:** The real number line often has tick marks at 

regular intervals to help you identify specific decimal values. Each tick 

mark represents a specific value, such as tenths or hundredths, 

depending on the scale of the number line. 

 

Here are a few examples of locating decimal numbers on the real 

number line: 
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- Decimal Number: 1.5 

  - Identify the whole number part (1) and the fractional part (0.5). 

  - Place it between 1 and 2, closer to 2 if more precision is required. 

 

- Decimal Number: 0.75 

  - Identify the whole number part (0) and the fractional part (0.75). 

  - Place it between 0 and 1, closer to 1. 

 

- Decimal Number: -2.25 

  - Identify the whole number part (-2) and the fractional part (0.25). 

  - Place it between -2 and -3, closer to -2. 

 

- Decimal Number: 3.14159 

  - Identify the whole number part (3) and the fractional part (0.14159). 

  - Place it between 3 and 4, closer to 3.1 or 3.2 for more precision. 

 

By following these steps, you can accurately locate decimal numbers 

on the real number line and understand their relative positions in 

relation to whole numbers and other decimal values. 

 

Compare & Order with 

and without the number 
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line. Use of inequality 

symbols. 

 

Comparing and ordering numbers, whether with or without the 

number line, often involves using inequality symbols (<, >, ≤, ≥) to 

represent the relationships between the numbers. Here's how to do it 

both ways: 

 

**Comparing and Ordering Numbers with the Number Line:** 

 

1. **Using the Number Line to Compare:** 

   - Place the numbers on the number line. 

   - The number to the right is greater, while the number to the left is 

smaller. 

   - You can visually see the order of the numbers. 

 

2. **Using Inequality Symbols with the Number Line:** 

   - To represent that one number is greater than another, use the ">" 

symbol if it's to the right on the number line, or the "<" symbol if it's to 

the left. 

   - To represent that one number is greater than or equal to another, 

use "≥" if it's to the right, or "≤" if it's to the left. 

 

**Example with the Number Line:** 
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Suppose you have the numbers 3, 1, and 5: 

 

- Place them on the number line: 1 < 3 < 5. 

- Using inequality symbols: 1 < 3 and 3 < 5. 

 

**Comparing and Ordering Numbers without the Number Line:** 

 

1. **Direct Comparison:** 

   - Compare the numbers directly by looking at their values. 

   - Use the ">" symbol if one number is greater, the "<" symbol if one 

number is smaller. 

   - Use "≥" or "≤" when the numbers can be equal. 

 

2. **Ordering Multiple Numbers:** 

   - Arrange three or more numbers by comparing each pair. 

   - Start with the smallest number and proceed to the largest. 

 

**Example without the Number Line:** 

Let's compare and order the numbers 7, 2, 9, and 4: 

 

- Directly compare: 2 < 4 < 7 < 9. 

- Using inequality symbols: 2 < 4, 4 < 7, and 7 < 9. 
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In both methods, you're determining the order of numbers based on 

their values. Using the number line provides a visual aid, making it 

easier to see the relative positions of numbers, but direct comparison 

works just as well for smaller sets of numbers. 

 

 

 

Adding, subtracting 

decimals with and without 

regrouping. 

 

Adding and subtracting decimals, both with and without regrouping, 

follows similar principles to adding and subtracting whole numbers. 

The main difference is that you need to pay attention to the decimal 

point and align the decimal places properly. Here's how to do it: 

 

**Adding Decimals:** 

 

1. **Align the Decimals:** Place the decimal points of the numbers you 

want to add directly above each other. 
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2. **Add Digit by Digit:** Start from the right (the ones place) and 

move to the left. Add the digits in each column, including any carried-

over digits from the previous column if necessary. 

 

3. **Carry Over if Needed:** If the sum in a column is greater than or 

equal to 10, carry over the excess to the next column to the left. 

 

4. **Write the Decimal Point:** The decimal point in the sum should be 

directly below the decimal points in the numbers being added. 

 

5. **Continue Adding:** Repeat the process until you have added all 

the digits, including those to the left of the decimal point. 

 

**Example 1 (Without Regrouping):**   

   ``` 

     12.34 

   + 56.78 

   -------- 

      69.12 

   ``` 

 

**Example 2 (With Regrouping):**   

   ``` 
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     5.89 

   + 4.76 

   -------- 

    10.65 

   ``` 

 

**Subtracting Decimals:** 

 

1. **Align the Decimals:** Place the decimal points of the numbers you 

want to subtract directly above each other. 

 

2. **Subtract Digit by Digit:** Start from the right (the ones place) and 

move to the left. Subtract the digits in each column, including 

borrowing if necessary. 

 

3. **Borrow if Needed:** If the digit in the column being subtracted is 

smaller than the digit it's being subtracted from, borrow from the next 

column to the left. 

 

4. **Write the Decimal Point:** The decimal point in the difference 

should be directly below the decimal points in the numbers being 

subtracted. 
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5. **Continue Subtracting:** Repeat the process until you have 

subtracted all the digits, including those to the left of the decimal 

point. 

 

**Example 3 (Without Borrowing):**   

   ``` 

     8.53 

   - 3.24 

   -------- 

     5.29 

   ``` 

 

**Example 4 (With Borrowing):**   

   ``` 

     7.91 

   - 3.48 

   -------- 

     4.43 

   ``` 

 

When working with decimals, it's crucial to keep the decimal points 

properly aligned throughout the calculation. Adding and subtracting 
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decimals are essential skills for various applications, including 

mathematics, science, and everyday tasks. 

 

 

Multiply and divide 

decimals by powers of ten. 

 

Multiplying and dividing decimals by powers of ten is relatively 

straightforward since powers of ten involve shifting the position of the 

decimal point. Here's how to do it: 

 

**Multiplying Decimals by Powers of Ten:** 

 

When you multiply a decimal by a power of ten (10, 100, 1000, etc.), 

you move the decimal point to the right by the same number of places 

as there are zeros in the power of ten. 

 

- To multiply by 10, move the decimal point one place to the right. 

- To multiply by 100, move the decimal point two places to the right. 

- To multiply by 1000, move the decimal point three places to the right, 

and so on. 

 

**Examples:** 
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1. Multiply 2.5 by 10: 

   - 2.5 x 10 = 25.0 (Move the decimal one place to the right.) 

 

2. Multiply 3.42 by 100: 

   - 3.42 x 100 = 342.0 (Move the decimal two places to the right.) 

 

3. Multiply 0.08 by 1000: 

   - 0.08 x 1000 = 80.0 (Move the decimal three places to the right.) 

 

**Dividing Decimals by Powers of Ten:** 

 

When you divide a decimal by a power of ten (10, 100, 1000, etc.), you 

move the decimal point to the left by the same number of places as 

there are zeros in the power of ten. 

 

- To divide by 10, move the decimal point one place to the left. 

- To divide by 100, move the decimal point two places to the left. 

- To divide by 1000, move the decimal point three places to the left, 

and so on. 

 

**Examples:** 
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1. Divide 45.6 by 10: 

   - 45.6 ÷ 10 = 4.56 (Move the decimal one place to the left.) 

 

2. Divide 987.3 by 100: 

   - 987.3 ÷ 100 = 9.873 (Move the decimal two places to the left.) 

 

3. Divide 0.72 by 1000: 

   - 0.72 ÷ 1000 = 0.00072 (Move the decimal three places to the left.) 

 

Multiplying and dividing by powers of ten are useful operations in 

various mathematical and scientific contexts, as they allow you to easily 

scale values up or down by factors of ten. 

 

 

 

Multiply and divide 

decimals by whole 

numbers. 

 

Multiplying and dividing decimals by whole numbers follows similar 

rules as multiplying and dividing whole numbers. Here's how to do it: 
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**Multiplying Decimals by Whole Numbers:** 

 

To multiply a decimal by a whole number, follow these steps: 

 

1. Treat the decimal as if it were a whole number and perform the 

multiplication as you would with whole numbers. 

 

2. After getting the product, determine the total number of decimal 

places in both the decimal and the whole number. This is the number 

of digits to the right of the decimal point in the original decimal. 

 

3. Place the decimal point in the product so that it has the same 

number of decimal places as in the original decimal. 

 

**Example 1:** 

Multiply 2.5 by 3. 

 

1. Treat 2.5 as a whole number: 25. 

2. Perform the multiplication: 25 * 3 = 75. 

3. There is one decimal place in 2.5, so place the decimal point in the 

product one place from the right: 7.5. 
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**Example 2:** 

Multiply 1.35 by 4. 

 

1. Treat 1.35 as a whole number: 135. 

2. Perform the multiplication: 135 * 4 = 540. 

3. There are two decimal places in 1.35, so place the decimal point in 

the product two places from the right: 5.40. 

 

**Dividing Decimals by Whole Numbers:** 

 

To divide a decimal by a whole number, follow these steps: 

 

1. Treat the decimal as if it were a whole number and perform the 

division as you would with whole numbers. 

 

2. After getting the quotient, determine the total number of decimal 

places in the decimal being divided. This is the number of digits to the 

right of the decimal point in the original decimal. 

 

3. Place the decimal point in the quotient so that it lines up with the 

same number of decimal places as in the original decimal. 

 

**Example 3:** 
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Divide 3.6 by 2. 

 

1. Treat 3.6 as a whole number: 36. 

2. Perform the division: 36 ÷ 2 = 18. 

3. There is one decimal place in 3.6, so place the decimal point in the 

quotient one place from the right: 1.8. 

 

**Example 4:** 

Divide 0.75 by 5. 

 

1. Treat 0.75 as a whole number: 75. 

2. Perform the division: 75 ÷ 5 = 15. 

3. There are two decimal places in 0.75, so place the decimal point in 

the quotient two places from the right: 0.15. 

 

These steps should help you multiply and divide decimals by whole 

numbers accurately, while maintaining the appropriate placement of 

the decimal point in the result. 

 

Multiply and divide 

decimals by a decimal. 
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Multiplying and dividing decimals by other decimals is similar to 

performing these operations with whole numbers. The key is to ensure 

that the decimal points are properly aligned and that you follow the 

rules for decimal arithmetic. Here's how to do it: 

 

**Multiplying Decimals by Decimals:** 

 

To multiply a decimal by another decimal, follow these steps: 

 

1. Ignore the decimal points and multiply the two numbers as if they 

were whole numbers. 

 

2. Count the total number of decimal places in both numbers 

(including the decimal places in the original numbers). 

 

3. Place the decimal point in the product so that it has the same 

number of decimal places as the total counted in step 2. 

 

**Example 1:** 

Multiply 0.5 by 0.2. 

 

1. Ignore the decimal points for now: 5 * 2 = 10. 
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2. Count the decimal places: Both numbers have one decimal place. 

 

3. Place the decimal point in the product one place from the right: 1.0. 

 

**Example 2:** 

Multiply 2.35 by 1.4. 

 

1. Ignore the decimal points for now: 235 * 14 = 3290. 

 

2. Count the decimal places: The first number has two decimal places, 

and the second number has one decimal place, totaling three decimal 

places. 

 

3. Place the decimal point in the product three places from the right: 

3.290. 

 

**Dividing Decimals by Decimals:** 

 

To divide a decimal by another decimal, follow these steps: 

 

1. Multiply both the dividend (the number being divided) and the 

divisor (the number you're dividing by) by a power of 10 that will make 

the divisor a whole number. 
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2. Perform the division as you would with whole numbers. 

 

3. Count the total number of decimal places in both the dividend and 

the divisor (including the original decimal places). 

 

4. Place the decimal point in the quotient so that it has the same 

number of decimal places as the total counted in step 3. 

 

**Example 3:** 

Divide 1.2 by 0.4. 

 

1. Multiply both numbers by 10 to make the divisor a whole number: 

   - 1.2 * 10 = 12 (dividend) 

   - 0.4 * 10 = 4 (divisor) 

 

2. Perform the division: 12 ÷ 4 = 3. 

 

3. Count the decimal places: The original numbers have one decimal 

place each. 

 

4. Place the decimal point in the quotient one place from the right: 3.0. 
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**Example 4:** 

Divide 0.75 by 0.5. 

 

1. Multiply both numbers by 100 to make the divisor a whole number: 

   - 0.75 * 100 = 75 (dividend) 

   - 0.5 * 100 = 50 (divisor) 

 

2. Perform the division: 75 ÷ 50 = 1.5. 

 

3. Count the decimal places: The original numbers have two decimal 

places each. 

 

4. Place the decimal point in the quotient two places from the right: 

1.50. 

 

These steps should help you multiply and divide decimals by decimals 

while maintaining the correct placement of decimal points in the result. 

 

Solve problems using 

operations on decimals. 
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Solving problems using operations on decimals involves applying 

addition, subtraction, multiplication, and division to numbers with 

decimal points. Here are examples of problems that require these 

operations: 

 

**Problem 1: Adding Decimals** 

You want to buy three items that cost $2.75, $4.50, and $1.25. How 

much will your total purchase cost? 

 

**Solution:** 

- Add the prices: $2.75 + $4.50 + $1.25 = $8.50. 

- Your total purchase cost is $8.50. 

 

**Problem 2: Subtracting Decimals** 

You have $50.00, and you spend $12.75 on lunch. How much money 

do you have left? 

 

**Solution:** 

- Subtract the amount spent from the initial amount: $50.00 - $12.75 = 

$37.25. 

- You have $37.25 left. 

 

**Problem 3: Multiplying Decimals** 
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You need 2.5 meters of fabric for one project. How many meters of 

fabric do you need for four identical projects? 

 

**Solution:** 

- Multiply the amount needed for one project by the number of 

projects: 2.5 meters x 4 = 10 meters. 

- You need 10 meters of fabric for four projects. 

 

**Problem 4: Dividing Decimals** 

You have a 12.6-foot-long piece of wood, and you want to cut it into 

pieces that are 2.1 feet long each. How many pieces can you make? 

 

**Solution:** 

- Divide the total length by the length of each piece: 12.6 feet ÷ 2.1 

feet = 6 pieces. 

- You can make 6 pieces. 

 

**Problem 5: Mixed Operations with Decimals** 

You go grocery shopping and buy items that cost $8.25, $12.50, and 

$6.75. You give the cashier a $30 bill. How much change should you 

receive? 

 

**Solution:** 
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- Add the prices: $8.25 + $12.50 + $6.75 = $27.50. 

- Subtract the total cost from the amount given: $30.00 - $27.50 = 

$2.50. 

- You should receive $2.50 in change. 

 

**Problem 6: Word Problem with Decimals** 

You are driving a car that consumes 9.5 liters of fuel for every 100 

kilometers. If you drive 250 kilometers, how many liters of fuel will you 

need? 

 

**Solution:** 

- Calculate the fuel consumption for 250 kilometers: (250 km / 100 km) 

x 9.5 liters = 23.75 liters. 

- You will need 23.75 liters of fuel. 

 

These examples illustrate how to use operations on decimals to solve 

various types of problems involving real-world scenarios. Always 

remember to pay attention to units and the correct placement of 

decimal points. 

ROUNDING. APPROXIMATION & ESTIMATION 

 

Rounding whole 

numbers to a given 

place value. 
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Rounding whole numbers to a given place value involves 

approximating a number to the nearest value specified by that place 

value. The steps for rounding whole numbers are as follows: 

 

1. **Identify the Place Value:** Determine the place value to which you 

want to round the number. Common place values include the ones, 

tens, hundreds, thousands, and so on. 

 

2. **Look at the Digit to the Right:** Examine the digit to the right of 

the specified place value. This digit is called the "deciding digit." 

 

3. **Round Up or Down:**  

   - If the deciding digit is 5 or greater, round the digit in the specified 

place value up by 1. 

   - If the deciding digit is 4 or less, leave the digit in the specified place 

value as it is. 

 

4. **Change Digits to the Right:** Replace all digits to the right of the 

specified place value with zeros. 

 

5. **Complete the Rounding:** The number you now have is the 

rounded version of the original number to the specified place value. 
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**Examples:** 

 

Let's round the number 3,487 to various place values: 

 

1. **Rounding to the Nearest Ten:** 

   - The digit in the tens place is 8. 

   - The deciding digit (the digit to the right of the tens place) is 7, 

which is 5 or greater. 

   - So, we round up the digit in the tens place to 9, and replace all 

digits to the right with zeros. 

   - The rounded number to the nearest ten is 3,490. 

 

2. **Rounding to the Nearest Hundred:** 

   - The digit in the hundreds place is 3. 

   - The deciding digit (the digit to the right of the hundreds place) is 4, 

which is 4 or less. 

   - So, we leave the digit in the hundreds place as it is and replace all 

digits to the right with zeros. 

   - The rounded number to the nearest hundred is 3,400. 

 

3. **Rounding to the Nearest Thousand:** 

   - The digit in the thousands place is 4. 
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   - The deciding digit (the digit to the right of the thousands place) is 

8, which is 5 or greater. 

   - So, we round up the digit in the thousands place to 5, and replace 

all digits to the right with zeros. 

   - The rounded number to the nearest thousand is 5,000. 

 

Rounding whole numbers is a common practice in various situations to 

simplify numbers and make them easier to work with, especially when 

dealing with estimates or approximate values. 

 

Rounding decimals 

to a given place 

value and to a 

given number of 

decimal places, 

with and without 

the number line. 

 

Rounding decimals to a given place value or to a specific number of 

decimal places can be done using different methods, including without 

the number line. Below, I'll explain both methods. 

 

**Rounding Decimals to a Given Place Value (Without Number Line):** 
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1. **Identify the Place Value:** Determine the place value to which you 

want to round the decimal. For example, if you want to round to the 

nearest tenth, look at the digit in the tenths place. 

 

2. **Look at the Deciding Digit:** Examine the digit to the right of the 

specified place value. This digit is called the "deciding digit." 

 

3. **Round Up or Down:** 

   - If the deciding digit is 5 or greater, round up the digit in the 

specified place value by 1. 

   - If the deciding digit is 4 or less, leave the digit in the specified place 

value as it is. 

 

4. **Change Digits to the Right:** Replace all digits to the right of the 

specified place value with zeros. 

 

5. **Complete the Rounding:** The number you now have is the 

rounded version of the original decimal to the specified place value. 

 

**Example 1:** Rounding 3.876 to the nearest tenth: 

- The digit in the tenths place is 8. 

- The deciding digit (the digit to the right of the tenths place) is 7, 

which is 5 or greater. 
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- So, round up the digit in the tenths place to 9 and replace all digits to 

the right with zeros. 

- The rounded number to the nearest tenth is 3.9. 

 

**Rounding Decimals to a Given Number of Decimal Places (Without 

Number Line):** 

 

1. **Count Decimal Places:** Count the number of decimal places you 

want in the rounded number. 

 

2. **Round the Last Digit:** Starting from the leftmost digit, move to 

the right until you reach the desired number of decimal places. The 

digit to the right of this position is the "deciding digit." 

   - If the deciding digit is 5 or greater, round up the digit in the 

selected position by 1. 

   - If the deciding digit is 4 or less, leave the digit in the selected 

position as it is. 

 

3. **Remove Extra Digits:** Remove all digits to the right of the 

selected position. 

 

4. **Complete the Rounding:** The number you have is the rounded 

version of the original decimal to the specified number of decimal 

places. 
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**Example 2:** Rounding 7.2364 to two decimal places: 

- Count two decimal places from the left: 7.23. 

- The deciding digit is 6, which is 5 or greater, so round up the digit in 

the hundredths place by 1. 

- Remove all digits to the right. 

- The rounded number to two decimal places is 7.24. 

 

**Rounding Decimals Using the Number Line (Optional):** 

 

Using a number line can provide a visual representation of rounding. 

To round to a given place value, plot the decimal on the number line 

and find the nearest value with the desired place value. For rounding to 

a specific number of decimal places, position the decimal on the 

number line according to the desired precision and locate the nearest 

value. 

 

Rounding decimals is essential for approximating values and 

simplifying calculations, especially in real-world applications. 

 

Estimate sums, 

differences, 

products and 

quotients to check 
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the reasonableness 

of their 

calculations. 

 

Estimating sums, differences, products, and quotients is a valuable 

strategy to check the reasonableness of calculations and catch errors. 

It's especially useful when working with complex or large numbers. 

Here's how to estimate each of these operations: 

 

**1. Estimating Sums:** 

 

To estimate the sum of two or more numbers, round each number to a 

convenient place value (e.g., nearest ten, hundred, etc.), then add the 

rounded numbers. 

 

**Example:** Estimate 347 + 621 + 198. 

 

- Round to the nearest ten: 350 + 620 + 200 = 1170. 

 

So, the estimated sum is 1170. 

 

**2. Estimating Differences:** 
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To estimate the difference between two numbers, round each number 

to a convenient place value, then subtract the rounded numbers. 

 

**Example:** Estimate 892 - 427. 

 

- Round to the nearest ten: 890 - 430 = 460. 

 

So, the estimated difference is 460. 

 

**3. Estimating Products:** 

 

To estimate the product of two or more numbers, round each number 

to a convenient place value, then multiply the rounded numbers. 

 

**Example:** Estimate 34 × 18. 

 

- Round to the nearest ten: 30 × 20 = 600. 

 

So, the estimated product is 600. 

 

**4. Estimating Quotients:** 
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To estimate the quotient of a division problem, round the dividend and 

divisor to convenient numbers, then divide the rounded dividend by 

the rounded divisor. 

 

**Example:** Estimate 745 ÷ 23. 

 

- Round to the nearest ten: 750 ÷ 20 = 37.5. 

 

So, the estimated quotient is approximately 37.5. 

 

**Why Estimation Is Useful:** 

 

Estimation is helpful for several reasons: 

 

1. **Quick Check:** It allows you to quickly assess whether your 

calculated result is reasonable. If the estimated result is vastly different 

from the calculated result, you may have made an error. 

 

2. **Mental Math:** Estimation often involves simpler numbers, making 

mental calculations easier and more efficient. 

 

3. **Sanity Check:** It helps you catch potential errors or 

misconceptions in your calculations. 
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4. **Real-World Applications:** In real-life situations, you may not need 

exact values. Estimation provides a practical way to get a rough idea of 

what to expect. 

 

By using estimation techniques, you can verify the plausibility of your 

answers and increase confidence in the accuracy of your calculations. 

 

Order of Operations 

 

Apply an order of 

operations 

mnemonic 

(BOMDAS)/(BOD 

MAS) or “Bless 

My Dear Aunt 

Sally” to evaluate 

arithmetic 

expressions with 

two or more 

operations, 

involving whole 
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numbers and 

common fractions. 

 

The order of operations is a set of rules used to determine the 

sequence in which arithmetic operations should be performed in a 

mathematical expression. The commonly used acronym to remember 

the order of operations is PEMDAS, which stands for: 

 

1. **P**arentheses: Perform operations inside parentheses first. 

2. **E**xponents: Evaluate exponentiation (powers and roots) next. 

3. **M**ultiplication and **D**ivision: Perform multiplication and 

division from left to right. 

4. **A**ddition and **S**ubtraction: Perform addition and subtraction 

from left to right. 

 

Another variant of this acronym is BODMAS: 

 

1. **B**rackets: Perform operations inside brackets first. 

2. **O**rders (Exponents and Roots): Evaluate exponentiation (powers 

and roots) next. 

3. **D**ivision and **M**ultiplication: Perform multiplication and 

division from left to right. 

4. **A**ddition and **S**ubtraction: Perform addition and subtraction 

from left to right. 
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Now, let's apply the order of operations to evaluate arithmetic 

expressions involving whole numbers and common fractions using the 

example expression: 

 

Expression: (3 + 2) × 4 ÷ 2 + 1/2 

 

**Step 1:** Parentheses (B or P in BODMAS/PEMDAS) 

- Evaluate the expression inside the parentheses: (3 + 2) = 5. 

 

New Expression: 5 × 4 ÷ 2 + 1/2 

 

**Step 2:** Exponents (O or E in BODMAS/PEMDAS) 

- There are no exponents in this expression. 

 

New Expression: 5 × 4 ÷ 2 + 1/2 

 

**Step 3:** Division and Multiplication (D and M in BODMAS/PEMDAS) 

- Perform multiplication and division from left to right: 

  - 5 × 4 = 20 

  - 20 ÷ 2 = 10 
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New Expression: 10 + 1/2 

 

**Step 4:** Addition and Subtraction (A and S in BODMAS/PEMDAS) 

- Perform addition: 10 + 1/2 = 20/2 + 1/2 = 21/2 

 

So, the final result of the expression is 21/2, which is equivalent to 10.5 

when expressed as a decimal. 

 

Identifying true 

arithmetic 

statements. 

 

Identifying true arithmetic statements involves evaluating mathematical 

expressions or equations to determine whether they are correct or 

accurate. To do this, you need to apply the rules of arithmetic and 

mathematical operations. Here are some examples of how to identify 

true arithmetic statements: 

 

**Example 1: Addition** 

 

Statement: 5 + 3 = 9 

 

To evaluate this statement, perform the addition: 
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5 + 3 = 8 

 

The result of the addition is 8, not 9. Therefore, the statement "5 + 3 = 

9" is **not true**. 

 

**Example 2: Subtraction** 

 

Statement: 10 - 4 = 6 

 

Evaluate the subtraction: 

10 - 4 = 6 

 

The result of the subtraction is indeed 6, which matches the statement. 

Therefore, the statement "10 - 4 = 6" is **true**. 

 

**Example 3: Multiplication** 

 

Statement: 6 × 7 = 42 

 

Evaluate the multiplication: 

6 × 7 = 42 
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The result of the multiplication is 42, which matches the statement. 

Therefore, the statement "6 × 7 = 42" is **true**. 

 

**Example 4: Division** 

 

Statement: 20 ÷ 5 = 4 

 

Evaluate the division: 

20 ÷ 5 = 4 

 

The result of the division is indeed 4, which matches the statement. 

Therefore, the statement "20 ÷ 5 = 4" is **true**. 

 

**Example 5: Complex Expression** 

 

Statement: (8 + 2) × 3 = 30 

 

Evaluate the expression inside the parentheses first: 

(8 + 2) × 3 = 10 × 3 = 30 

 

The result of the expression is 30, which matches the statement. 

Therefore, the statement "(8 + 2) × 3 = 30" is **true**. 
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In summary, to identify true arithmetic statements, perform the 

mathematical operations indicated in the statements and compare the 

result with what is stated. If the result matches the statement, it is true; 

otherwise, it is not true. 

 

Insert operations 

and/or brackets to 

obtain true 

statements. 

 

To make a false statement true by inserting operations and/or brackets, 

you need to manipulate the expression in a way that the result matches 

the desired statement. Here are some examples of how to do this: 

 

**Example 1: Making "3 + 4 = 9" True** 

 

False Statement: 3 + 4 = 9 

 

To make this statement true, you can insert parentheses and 

multiplication: 

 

True Statement: (3 + 4) × 1 = 7 
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Now, the expression inside the parentheses (3 + 4) equals 7, and when 

multiplied by 1, it equals 7, matching the statement. 

 

**Example 2: Making "10 - 2 = 5" True** 

 

False Statement: 10 - 2 = 5 

 

To make this statement true, you can insert multiplication: 

 

True Statement: 10 - (2 × 0) = 10 

 

Now, the expression (2 × 0) inside the parentheses evaluates to 0, and 

when subtracted from 10, it equals 10, matching the statement. 

 

**Example 3: Making "6 × 8 = 42" True** 

 

False Statement: 6 × 8 = 42 

 

To make this statement true, you can insert addition: 

 

True Statement: (6 + 2) × 5 = 42 
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Now, the expression inside the parentheses (6 + 2) equals 8, and when 

multiplied by 5, it equals 40, matching the statement. 

 

**Example 4: Making "20 ÷ 5 = 6" True** 

 

False Statement: 20 ÷ 5 = 6 

 

To make this statement true, you can insert multiplication: 

 

True Statement: 20 ÷ (5 ÷ 5) = 20 

 

Now, the expression inside the parentheses (5 ÷ 5) evaluates to 1, and 

when divided into 20, it equals 20, matching the statement. 

 

In each of these examples, I used parentheses and various operations 

to modify the expressions so that they matched the desired true 

statements. The key is to manipulate the expressions while preserving 

the order of operations to achieve the desired result. 

 

Percents and Percentages 

Define percent (%) Compare and order percents. 
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**Percent (%)** is a mathematical term used to express a proportion or 

a ratio as a fraction of 100. The word "percent" comes from the Latin 

phrase "per centum," which means "by the hundred." It is commonly 

represented by the symbol "%." 

 

In percentage notation, a number or quantity is expressed relative to 

the whole, where the whole is represented as 100%. Percentages are 

frequently used to describe proportions, percentages of increase or 

decrease, and to compare quantities in relation to a whole. 

 

Here's a formal definition: 

 

**Percent (%):** A unit of measurement that represents a fraction of 

100, used to express a ratio or proportion relative to the whole. 

 

**Comparing and Ordering Percents:** 

 

When comparing or ordering percentages, you can follow these rules: 

 

1. **Larger Percentages:** The higher the percentage value, the larger 

the proportion it represents relative to the whole. For example, 75% is 

greater than 25%. 
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2. **Equivalent Percents:** Two percentages may represent the same 

value. For example, 50% and 0.5 are equivalent because they both 

represent half of the whole. 

 

3. **Converting Percents to Decimals:** To compare percentages more 

easily, you can convert them to decimals by dividing by 100. For 

example, 25% is equivalent to 0.25 as a decimal. 

 

4. **Common Fractional Equivalents:** You can also compare 

percentages by finding their equivalent fractions with common 

denominators. For example, 50% is equivalent to 1/2, while 25% is 

equivalent to 1/4. 

 

When comparing and ordering percentages, it's essential to consider 

the context and what the percentages represent. For example, when 

dealing with financial data or statistics, understanding percentages is 

crucial for making informed decisions and interpretations. 

 

Convert percents to common fractions and vice versa. 

Converting percentages to common fractions and vice versa is a 

fundamental mathematical skill. Here's how you can do it: 

 

**Converting Percentages to Common Fractions:** 

 

To convert a percentage to a common fraction, follow these steps: 
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1. Write the percentage as a fraction with a denominator of 100. 

2. Simplify the fraction if possible. 

 

**Example 1:** Convert 25% to a fraction. 

 

1. Write as a fraction: 25/100. 

2. Simplify the fraction by dividing both the numerator and 

denominator by their greatest common divisor, which is 25: (25/100) ÷ 

25 = (1/4). 

 

So, 25% is equivalent to 1/4 as a fraction. 

 

**Example 2:** Convert 60% to a fraction. 

 

1. Write as a fraction: 60/100. 

2. Simplify by dividing both the numerator and denominator by their 

greatest common divisor, which is 20: (60/100) ÷ 20 = (3/5). 

 

So, 60% is equivalent to 3/5 as a fraction. 

 

**Converting Common Fractions to Percentages:** 
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To convert a common fraction to a percentage, follow these steps: 

 

1. Divide the numerator of the fraction by the denominator. 

2. Multiply the result by 100 and add the percentage symbol (%). 

 

**Example 3:** Convert 3/8 to a percentage. 

 

1. Divide the numerator by the denominator: 3 ÷ 8 = 0.375. 

2. Multiply by 100 and add the percentage symbol: 0.375 * 100 = 

37.5%. 

 

So, 3/8 is equivalent to 37.5% as a percentage. 

 

**Example 4:** Convert 5/6 to a percentage. 

 

1. Divide the numerator by the denominator: 5 ÷ 6 ≈ 0.8333 (rounded 

to four decimal places). 

2. Multiply by 100 and add the percentage symbol: 0.8333 * 100 ≈ 

83.33%. 

 

So, 5/6 is approximately equivalent to 83.33% as a percentage. 
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These conversions are useful in various mathematical and real-world 

applications, such as comparing values, working with proportions, and 

solving problems involving percentages and fractions. 

 

Convert percents to decimals and vice versa. 

Converting percents to decimals and vice versa is a fundamental 

mathematical skill. Here's how you can do it: 

 

**Converting Percents to Decimals:** 

 

To convert a percentage to a decimal, follow these steps: 

 

1. Remove the percentage symbol (%). 

2. Divide the number by 100. 

 

**Example 1:** Convert 25% to a decimal. 

 

1. Remove the percentage symbol: 25. 

2. Divide by 100: 25 / 100 = 0.25. 

 

So, 25% is equivalent to 0.25 as a decimal. 
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**Example 2:** Convert 60% to a decimal. 

 

1. Remove the percentage symbol: 60. 

2. Divide by 100: 60 / 100 = 0.60. 

 

So, 60% is equivalent to 0.60 as a decimal. 

 

**Converting Decimals to Percents:** 

 

To convert a decimal to a percentage, follow these steps: 

 

1. Multiply the decimal by 100. 

2. Add the percentage symbol (%). 

 

**Example 3:** Convert 0.375 to a percentage. 

 

1. Multiply by 100: 0.375 * 100 = 37.5. 

2. Add the percentage symbol: 37.5%. 

 

So, 0.375 is equivalent to 37.5% as a percentage. 
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**Example 4:** Convert 0.0833 to a percentage. 

 

1. Multiply by 100: 0.0833 * 100 = 8.33. 

2. Add the percentage symbol: 8.33%. 

 

So, 0.0833 is equivalent to 8.33% as a percentage. 

 

These conversions are essential for various mathematical and real-

world applications, such as comparing values, working with 

proportions, and solving problems involving percentages and decimals. 

 

Convert between common fractions, decimals and percents. 

 

Converting between common fractions, decimals, and percents is a 

valuable skill in mathematics. Here's how you can perform these 

conversions: 

 

**Converting Common Fractions to Decimals and Percents:** 

 

1. **To Decimal:** Divide the numerator (top number) by the 

denominator (bottom number). 

 

   **Example 1:** Convert 3/4 to a decimal. 
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   3 ÷ 4 = 0.75 

    

   So, 3/4 is equivalent to 0.75 as a decimal. 

    

2. **To Percent:** Divide the numerator by the denominator, then 

multiply by 100 and add the percentage symbol (%). 

 

   **Example 2:** Convert 1/5 to a percent. 

    

   (1 ÷ 5) * 100 = 20% 

    

   So, 1/5 is equivalent to 20% as a percent. 

 

**Converting Decimals to Common Fractions and Percents:** 

 

1. **To Common Fraction:** Write the decimal as a fraction with a 

denominator that is a power of 10 (e.g., 10, 100, 1000, etc.) and simplify 

if necessary. 

 

   **Example 3:** Convert 0.6 to a common fraction. 
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   0.6 can be written as 6/10. Simplify by dividing both the numerator 

and denominator by their greatest common divisor, which is 2. 

    

   (6 ÷ 2) / (10 ÷ 2) = 3/5 

    

   So, 0.6 is equivalent to 3/5 as a common fraction. 

 

2. **To Percent:** Multiply the decimal by 100 and add the percentage 

symbol (%). 

 

   **Example 4:** Convert 0.25 to a percent. 

    

   0.25 * 100 = 25% 

    

   So, 0.25 is equivalent to 25% as a percent. 

 

**Converting Percents to Common Fractions and Decimals:** 

 

1. **To Common Fraction:** Write the percent as a fraction with a 

denominator of 100 and simplify if necessary. 

 

   **Example 5:** Convert 40% to a common fraction. 
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   40% can be written as 40/100. Simplify by dividing both the 

numerator and denominator by their greatest common divisor, which is 

20. 

    

   (40 ÷ 20) / (100 ÷ 20) = 2/5 

    

   So, 40% is equivalent to 2/5 as a common fraction. 

 

2. **To Decimal:** Divide the percent by 100. 

 

   **Example 6:** Convert 75% to a decimal. 

    

   75% ÷ 100 = 0.75 

    

   So, 75% is equivalent to 0.75 as a decimal. 

 

These conversions are useful for various mathematical and real-world 

applications, especially when you need to work with different 

representations of values in calculations and problem-solving. 

 

Solving simple word problems involving percents. 
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Solving word problems involving percents often requires applying a 

basic understanding of percentages to real-world scenarios. Here are 

some common types of percent word problems and how to solve 

them: 

 

**1. Finding the Percent of a Quantity:** 

 

*Problem:* What is 20% of 150? 

 

**Solution:** 

- To find 20% of 150, you can multiply 150 by 20% (or 0.20): 

  - 150 × 0.20 = 30. 

 

So, 20% of 150 is 30. 

 

**2. Finding the Total Quantity When Given a Percent:** 

 

*Problem:* If 25% of a class of 40 students are absent, how many 

students are absent? 

 

**Solution:** 

- To find the number of students absent, first find 25% of 40 (as we did 

in the previous example): 
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  - 40 × 0.25 = 10. 

 

So, 10 students are absent. 

 

**3. Finding the Original Quantity When Given a Percent and the 

Result:** 

 

*Problem:* If 15% of a number is 45, what is the original number? 

 

**Solution:** 

- To find the original number, divide 45 by 15% (or 0.15): 

  - 45 ÷ 0.15 = 300. 

 

So, the original number is 300. 

 

**4. Calculating Percent Increase or Decrease:** 

 

*Problem:* An item originally priced at $50 is on sale for $40. What is 

the percent decrease in price? 

 

**Solution:** 
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- To find the percent decrease, subtract the final price from the original 

price, divide by the original price, and multiply by 100: 

  - Percent Decrease = [(50 - 40) / 50] × 100 = (10 / 50) × 100 = 20%. 

 

So, the item is on sale for 20% less than the original price. 

 

**5. Calculating a New Value After an Increase or Decrease:** 

 

*Problem:* After a 10% increase, a $200 item costs how much? 

 

**Solution:** 

- To find the new price after a 10% increase, multiply the original price 

by 1 plus the percentage increase (in decimal form): 

  - New Price = $200 × (1 + 0.10) = $220. 

 

So, after a 10% increase, the item costs $220. 

 

When solving percent word problems, it's essential to understand the 

relationship between the percentage, the quantity, and the result. 

Carefully read the problem, identify what's given, and apply the 

appropriate formula or method to find the answer. 

 

Expressing one quantity as a percentage of another. 



126 | P a g e  

Grade 7 Mathematics Textbook 
 

 

Expressing one quantity as a percentage of another involves finding 

out what percentage one quantity represents relative to the other 

quantity. To do this, follow these steps: 

 

**Step 1: Calculate the Ratio** 

 

Calculate the ratio of the first quantity to the second quantity. This 

ratio represents how many times the first quantity is contained within 

the second quantity. 

 

**Step 2: Convert the Ratio to a Percentage** 

 

To express this ratio as a percentage, multiply it by 100. This will give 

you the percentage that the first quantity represents relative to the 

second quantity. 

 

Here's the formula in more detail: 

 

Percentage = (First Quantity / Second Quantity) × 100% 

 

**Example:** 
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Suppose you want to express the number of red marbles in a bag of 

marbles as a percentage of the total number of marbles. You count 25 

red marbles out of a total of 100 marbles. 

 

1. Calculate the ratio: 

   - Ratio = 25 (red marbles) / 100 (total marbles) = 25/100 = 1/4. 

 

2. Convert the ratio to a percentage: 

   - Percentage = (1/4) × 100% = 25%. 

 

So, the number of red marbles is 25% of the total number of marbles. 

 

This process allows you to determine what proportion or percentage 

one quantity represents in relation to another quantity, which is a 

useful skill in various contexts, such as statistics, finance, and problem-

solving. 

 

Problem solving: Expressing one quantity as a percentage of another. 

Problem-solving involving expressing one quantity as a percentage of 

another often requires applying the concept of percentages to real-

world scenarios. Let's go through a couple of examples: 

 

**Example 1: Discounts at a Store** 
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You are shopping at a store, and you see a shirt that is originally priced 

at $40, but it's on sale for $28. What is the discount percentage? 

 

**Solution:** 

1. Calculate the discount amount: Original Price - Sale Price = $40 - $28 

= $12. 

2. Calculate the discount percentage: (Discount Amount / Original 

Price) × 100% = ($12 / $40) × 100% = 30%. 

 

So, the discount on the shirt is 30%. 

 

**Example 2: Proportions in a Recipe** 

 

You are following a recipe that calls for 2 cups of flour and 1 cup of 

sugar to make a batch of cookies. What percentage of the total dry 

ingredients is sugar? 

 

**Solution:** 

1. Calculate the total dry ingredients (flour + sugar): 2 cups (flour) + 1 

cup (sugar) = 3 cups. 

2. Calculate the percentage of sugar relative to the total: (1 cup (sugar) 

/ 3 cups (total)) × 100% = (1/3) × 100% ≈ 33.33%. 
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So, sugar makes up approximately 33.33% of the total dry ingredients 

in the recipe. 

 

**Example 3: Monthly Budget** 

 

You have a monthly budget for expenses, and your rent is $800 out of 

a total monthly expenditure of $2,000. What percentage of your 

budget goes toward rent? 

 

**Solution:** 

1. Calculate the percentage of the budget spent on rent: (Rent / Total 

Monthly Expenditure) × 100% = ($800 / $2,000) × 100% = 40%. 

 

So, 40% of your monthly budget goes toward rent. 

 

When solving problems involving expressing one quantity as a 

percentage of another, it's essential to understand the relationship 

between the quantities and use the formula: 

 

Percentage = (Part / Whole) × 100%. 

 

This allows you to analyze different situations, make informed 

decisions, and manage resources effectively. 
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Consumer Math 

Convert between units of money for countries with decimal currency. 

Converting between units of money for countries with decimal 

currency is a straightforward process. Most modern currencies are 

decimal-based, meaning they are divided into subunits, usually cents or 

pence, and follow a standard pattern. To convert between units of 

money, you need to understand the subunit value and the basic 

conversion rules. Here's how to do it: 

 

**Basic Rules for Converting Decimal Currency Units:** 

 

1. **Subunit Value:** Determine the value of the subunit (e.g., cents or 

pence). This is usually 1/100th of the main unit (e.g., dollars or pounds). 

 

2. **Multiplying by Subunit Value:** To convert a quantity from the 

main unit to the subunit, multiply it by the subunit value. 

 

3. **Dividing by Subunit Value:** To convert a quantity from the 

subunit to the main unit, divide it by the subunit value. 
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**Example 1: Converting Dollars to Cents (U.S. Currency)** 

 

To convert dollars to cents, multiply by 100 since there are 100 cents in 

1 dollar. 

 

- $5.00 (5 dollars) × 100 = 500 cents. 

 

So, $5.00 is equivalent to 500 cents. 

 

**Example 2: Converting Cents to Dollars (U.S. Currency)** 

 

To convert cents to dollars, divide by 100. 

 

- 2500 cents ÷ 100 = $25.00 (25 dollars). 

 

So, 2500 cents are equivalent to $25.00. 

 

**Example 3: Converting Pounds to Pence (British Currency)** 

 

In the United Kingdom, there are 100 pence in 1 pound. To convert 

pounds to pence, multiply by 100. 
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- £2.50 (2.50 pounds) × 100 = 250 pence. 

 

So, £2.50 is equivalent to 250 pence. 

 

**Example 4: Converting Pence to Pounds (British Currency)** 

 

To convert pence to pounds, divide by 100. 

 

- 750 pence ÷ 100 = £7.50 (7.50 pounds). 

 

So, 750 pence are equivalent to £7.50. 

 

These basic conversion rules apply to decimal-based currencies 

worldwide. When dealing with different currencies, be aware of their 

subunit values, and use the appropriate conversion factor to convert 

between the main unit and the subunit. 

 

Solving monetary word problems involving one of the four operations. 

Solving monetary word problems that involve one of the four basic 

arithmetic operations (addition, subtraction, multiplication, or division) 

is a practical skill for everyday life. Here are some examples of 

monetary word problems and how to solve them using each of the four 

operations: 
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**1. Addition (Adding Money):** 

 

*Problem:* You have $35, and your friend gives you an additional $20. 

How much money do you have now? 

 

**Solution:** 

- Simply add the amounts: $35 + $20 = $55. 

 

So, you have $55 now. 

 

**2. Subtraction (Subtracting Expenses):** 

 

*Problem:* You had $200, but you spent $75 on groceries. How much 

money do you have left? 

 

**Solution:** 

- Subtract the expenses from the initial amount: $200 - $75 = $125. 

 

You have $125 left. 

 

**3. Multiplication (Calculating Costs):** 
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*Problem:* You want to buy 4 tickets to a concert, and each ticket costs 

$40. How much will you spend on tickets? 

 

**Solution:** 

- Multiply the number of tickets by the cost per ticket: 4 tickets × 

$40/ticket = $160. 

 

You will spend $160 on tickets. 

 

**4. Division (Sharing Costs):** 

 

*Problem:* You and your two friends want to split a $60 bill equally. 

How much should each person pay? 

 

**Solution:** 

- Divide the total bill by the number of people: $60 ÷ 3 people = 

$20/person. 

 

Each person should pay $20. 

 

When solving monetary word problems, it's essential to: 
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1. Read the problem carefully to understand what operation is needed. 

2. Identify the relevant quantities (amounts of money, number of items, 

etc.). 

3. Apply the appropriate operation (addition, subtraction, 

multiplication, or division) based on the problem's context. 

4. Double-check your answer to ensure it makes sense in the given 

situation. 

 

These skills are valuable for budgeting, financial planning, and 

everyday decision-making involving money. 

 

Ratios, Rates, Proportions & Variation 

Demonstrate an understanding of the elementary ideas and notation 

of ratios. 

Certainly! Ratios are fundamental mathematical concepts used to 

compare quantities or values in relation to each other. They express the 

relative size or proportion of one quantity compared to another. The 

notation for a ratio is typically written in one of two forms: "a:b" or "a 

to b," where "a" and "b" are numbers. 

 

Here are some elementary ideas and notation related to ratios: 

 

**1. What Is a Ratio:** 
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A ratio represents the quantitative relationship between two or more 

quantities. It shows how many times one quantity is contained in 

another. 

 

**2. Notation:** 

 

Ratios can be written in two common notations: 

 

   - **Colon Notation:** In this form, a ratio is written as "a:b," where "a" 

and "b" are numbers. 

    

   - **Word Notation:** In this form, a ratio is expressed as "a to b." 

 

**3. Simplifying Ratios:** 

 

Ratios can be simplified by dividing both parts by their greatest 

common divisor (GCD) to make the numbers relatively prime (having 

no common factors other than 1). 

 

**4. Equivalent Ratios:** 

 

Ratios that represent the same proportion are called equivalent ratios. 

They can be obtained by multiplying or dividing both parts of a ratio 

by the same non-zero number. 
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**5. Ratios as Fractions:** 

 

Ratios can be represented as fractions, where the first number is the 

numerator, and the second number is the denominator. For example, 

the ratio 3:4 is equivalent to the fraction 3/4. 

 

**6. Using Ratios in Real-World Problems:** 

 

Ratios are commonly used in various real-world scenarios, such as 

cooking (recipe proportions), finance (financial ratios), and 

comparisons of physical quantities (e.g., speed ratios). 

 

**Example 1: Comparing Quantities** 

 

Suppose you have 6 red marbles and 8 blue marbles. You can express 

the ratio of red marbles to blue marbles as: 

 

- Ratio: 6:8 (or 6 to 8) 

 

This ratio can be simplified by dividing both parts by 2 (the GCD of 6 

and 8): 
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- Simplified Ratio: 3:4 

 

So, the ratio of red marbles to blue marbles is 3:4. 

 

**Example 2: Using Ratios in Cooking** 

 

A recipe calls for a ratio of 2 cups of flour to 1 cup of sugar. If you want 

to make twice as much of the recipe, you would need: 

 

- Ratio: 2:1 (flour to sugar) 

- To double the recipe, you can also write it as 4:2 (2 times the original 

ratio). 

 

Ratios are versatile mathematical tools that help us compare and 

understand the relationships between quantities. They are essential in a 

wide range of fields, from mathematics and science to everyday life. 

 

Use a ratio to compare two numbers or similar quantities. 

To use a ratio to compare two numbers or similar quantities, you can 

follow these steps: 

 

**Step 1: Identify the Quantities to Compare:** 
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Determine which two numbers or quantities you want to compare. Let's 

say you want to compare the number of apples and oranges in a fruit 

basket. 

 

**Step 2: Express the Ratio:** 

 

Write the ratio of the two quantities using the "a:b" or "a to b" 

notation, where "a" represents the first quantity, and "b" represents the 

second quantity. 

 

In our example, if there are 12 apples and 8 oranges in the fruit basket, 

you can express the ratio of apples to oranges as: 

 

- Ratio: 12:8 (or 12 to 8) 

 

**Step 3: Simplify the Ratio (Optional):** 

 

If necessary, simplify the ratio by dividing both parts by their greatest 

common divisor (GCD). This step is optional but can make the ratio 

more concise. In this case, the GCD of 12 and 8 is 4, so you can simplify 

the ratio: 

 

- Simplified Ratio: 3:2 (divide both parts by 4) 
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**Step 4: Interpret the Ratio:** 

 

Interpret the ratio to compare the quantities. In our example: 

 

- The ratio 3:2 means that there are 3 apples for every 2 oranges in the 

fruit basket. 

 

This ratio tells you the relative proportion of apples to oranges in the 

basket, providing a clear comparison between the two quantities. 

 

Using ratios to compare quantities is useful in various situations, such 

as: 

 

- Comparing ingredients in recipes. 

- Analyzing financial ratios in business. 

- Understanding proportions in mathematical and scientific contexts. 

- Expressing rates and relationships in various fields. 

 

Ratios allow you to represent these relationships in a concise and 

understandable way, making them a valuable tool for quantitative 

comparisons. 

 

Determine equivalent ratios 
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Equivalent ratios are ratios that represent the same relationship 

between quantities but may have different numerical values. To 

determine equivalent ratios, you need to find ratios that simplify to the 

same reduced form. Here are the steps to determine equivalent ratios: 

 

**Step 1: Identify the Original Ratio:** 

 

Start with the original ratio that you want to find equivalents for. For 

example, let's use the ratio 4:6. 

 

**Step 2: Simplify the Original Ratio:** 

 

To simplify the original ratio, divide both parts (numerator and 

denominator) by their greatest common divisor (GCD). This will give 

you the simplest form of the ratio. 

 

- Original Ratio: 4:6 

- GCD of 4 and 6 is 2. 

- Simplified Ratio: (4 ÷ 2) : (6 ÷ 2) = 2:3 

 

So, the simplified form of the original ratio 4:6 is 2:3. 
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**Step 3: Find Equivalent Ratios:** 

 

To determine equivalent ratios, you can multiply or divide both parts of 

the simplified ratio by the same non-zero number. This will maintain 

the same relationship between the quantities while changing the 

numerical values. 

 

For example, here are some equivalent ratios for the simplified ratio 

2:3: 

 

- Multiplying both parts by 2: (2 × 2) : (3 × 2) = 4:6 (same as the 

original ratio). 

- Multiplying both parts by 3: (2 × 3) : (3 × 3) = 6:9. 

- Dividing both parts by 2: (2 ÷ 2) : (3 ÷ 2) = 1:1.5. 

- Multiplying both parts by 5: (2 × 5) : (3 × 5) = 10:15. 

 

Each of these ratios represents the same relationship between 

quantities as the simplified ratio 2:3 but has different numerical values. 

 

**Step 4: Check for Equivalent Ratios:** 

 

To verify that two ratios are equivalent, you can simplify both ratios 

and compare their simplified forms. If the simplified forms are the 

same, the ratios are equivalent. 
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For example, let's check if 6:9 and 10:15 are equivalent: 

 

- Simplified form of 6:9: (6 ÷ 3) : (9 ÷ 3) = 2:3 

- Simplified form of 10:15: (10 ÷ 5) : (15 ÷ 5) = 2:3 

 

Since both ratios simplify to the same form, 6:9 and 10:15 are 

equivalent ratios. 

 

Determining equivalent ratios is essential in various mathematical and 

real-world applications, such as scaling up or down proportions, 

comparing quantities, and solving problems involving ratios. 

 

Write ratios in the form 1 : a or a : 1 (where a is a whole number). 

 

To write ratios in the form "1:a" or "a:1" (where "a" is a whole number), 

you're essentially expressing one quantity as a multiple or fraction of 

another quantity. Here are examples of such ratios: 

 

**1. Ratio in the Form "1:a":** 

 

- Ratio 1:2 means that there is 1 of something for every 2 of another 

thing. 
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- Ratio 1:5 means that there is 1 of something for every 5 of another 

thing. 

- Ratio 1:10 means that there is 1 of something for every 10 of another 

thing. 

- Ratio 1:100 means that there is 1 of something for every 100 of 

another thing. 

 

In these examples, you have one unit of something for each "a" units of 

another thing. 

 

**2. Ratio in the Form "a:1":** 

 

- Ratio 3:1 means that there are 3 of something for every 1 of another 

thing. 

- Ratio 7:1 means that there are 7 of something for every 1 of another 

thing. 

- Ratio 20:1 means that there are 20 of something for every 1 of 

another thing. 

- Ratio 50:1 means that there are 50 of something for every 1 of 

another thing. 

 

In these examples, you have "a" units of something for each one unit of 

another thing. 
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These ratios are often used in various contexts, such as: 

 

- **Proportions:** Expressing a part-to-whole relationship. 

- **Scaling:** Adjusting quantities up or down while maintaining a 

consistent ratio. 

- **Rates:** Comparing different quantities, such as speed or price per 

unit. 

- **Comparisons:** Describing how one quantity relates to another in 

terms of magnitude or size. 

 

Divide a quantity in a given ratio. 

To divide a quantity in a given ratio, you need to distribute the quantity 

into parts according to the specified ratio. Here are the steps to divide 

a quantity in a given ratio: 

 

**Step 1: Understand the Given Ratio:** 

 

You should have a clear understanding of the given ratio. A ratio is 

expressed in the form "a:b," where "a" and "b" are numbers. This ratio 

tells you how to distribute the quantity into parts. 

 

**Step 2: Calculate the Total Parts:** 
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Add the two numbers in the ratio to find the total number of parts into 

which you will divide the quantity. 

 

**Step 3: Determine the Quantity for Each Part:** 

 

Divide the total quantity you want to distribute by the total number of 

parts calculated in step 2. This gives you the quantity for each part. 

 

**Step 4: Distribute the Quantity:** 

 

Multiply each part of the ratio by the quantity for each part calculated 

in step 3. This will give you the specific amount allocated to each part. 

 

**Step 5: Check Your Work:** 

 

Ensure that the sum of the quantities allocated to each part equals the 

original quantity you wanted to divide. 

 

Here's an example to illustrate the process: 

 

**Example:** Divide $600 into the ratio 3:2. 

 

**Step 1: Understand the Given Ratio:** 
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The given ratio is 3:2, which means you need to divide the quantity into 

parts where 3 parts go to one group and 2 parts go to another group. 

 

**Step 2: Calculate the Total Parts:** 

 

Total parts = 3 (from the first part) + 2 (from the second part) = 5 

 

**Step 3: Determine the Quantity for Each Part:** 

 

Quantity per part = Total quantity / Total parts = $600 / 5 = $120 

 

**Step 4: Distribute the Quantity:** 

 

- For the first part (3 parts): 3 parts × $120/part = $360 

- For the second part (2 parts): 2 parts × $120/part = $240 

 

So, you allocate $360 to one group and $240 to the other group, 

dividing the $600 into the 3:2 ratio. 

 

**Step 5: Check Your Work:** 
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Ensure that the sum of the quantities allocated to each part equals the 

original quantity: 

 

$360 + $240 = $600 (matches the original quantity). 

 

You have successfully divided the quantity in the given ratio. 

 

 

Determine the scale of a map 

 

To determine the scale of a map, you need to understand how the map 

represents the relationship between distances on the map and actual 

distances on the ground. Map scales are typically expressed in one of 

three ways: verbal scale, graphic scale (or bar scale), or representative 

fraction (ratio scale). Here's how to determine each type of map scale: 

 

**1. Verbal Scale:** 

 

A verbal scale describes the relationship between map distances and 

actual distances using words. It typically takes the form of a statement 

like "1 inch represents 10 miles" or "1 centimeter equals 50 kilometers." 

To determine the scale from a verbal scale, look for a clear statement 

that indicates the map's scale. 
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**Example:** If a map says, "1 inch represents 20 miles," the scale is 

1:20, which means that 1 unit on the map represents 20 units on the 

ground. 

 

**2. Graphic Scale (Bar Scale):** 

 

A graphic scale is a visual representation of the scale on the map. It 

appears as a line or bar with labeled intervals that show the 

relationship between map distances and actual distances. To determine 

the scale from a graphic scale, compare the length of the scale bar to 

the labeled distances. 

 

**Example:** If a map has a graphic scale with a bar that is 2 inches 

long and is labeled "10 miles," then the scale is 1 inch represents 5 

miles. 

 

**3. Representative Fraction (Ratio Scale):** 

 

A representative fraction, also known as a ratio scale, expresses the 

scale as a fraction or ratio. It represents the map's relationship between 

distances on the map and actual distances on the ground. The ratio is 

typically in the form of 1:X or X:1, where X is a number. To determine 

the scale from a representative fraction, interpret the ratio. 
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**Example:** If the map's scale is given as 1:50,000, it means that 1 unit 

on the map represents 50,000 of the same units on the ground. 

 

Once you've identified the type of scale used on the map and extracted 

the relevant information, you can easily understand the relationship 

between distances on the map and actual distances on the ground. 

Understanding the scale is crucial for accurate measurements and 

navigation when using maps for various purposes, including travel, 

urban planning, and geographic analysis. 

 

Use a map scale to calculate distance. 

To use a map scale to calculate distance, follow these steps: 

 

**Step 1: Understand the Map Scale:** 

 

Identify the type of map scale used on the map. It can be a verbal scale 

(e.g., "1 inch represents 10 miles"), a graphic scale (a bar or line with 

labeled intervals), or a representative fraction (e.g., 1:50,000). Make sure 

you understand the relationship between map distances and actual 

distances on the ground. 

 

**Step 2: Measure the Map Distance:** 
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Measure the distance you want to calculate on the map using a ruler or 

a map's scale bar (if available). This will be your map distance, which 

should be in the same units as the scale (e.g., inches, centimeters, etc.). 

 

**Step 3: Apply the Scale Factor:** 

 

Use the map scale to convert the map distance into actual ground 

distance. To do this, multiply the map distance by the scale factor. The 

scale factor is derived from the map scale. 

 

- For a Verbal Scale: If the map says "1 inch represents 10 miles," and 

you measured 2 inches on the map, the scale factor is 10 miles per 

inch. Multiply the map distance (2 inches) by the scale factor (10 

miles/inch) to calculate the actual distance: 2 inches × 10 miles/inch = 

20 miles. 

 

- For a Graphic Scale: If the graphic scale shows that 1 inch on the map 

represents 5 miles, and you measured 3 inches on the map, multiply 

the map distance (3 inches) by the scale factor (5 miles/inch) to 

calculate the actual distance: 3 inches × 5 miles/inch = 15 miles. 

 

- For a Representative Fraction (Ratio Scale): If the map scale is 

1:50,000, and you measured 4 centimeters on the map, divide the map 

distance (4 centimeters) by the denominator of the scale ratio (50,000) 

to calculate the actual distance: 4 cm / 50,000 = 0.00008 kilometers. 
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**Step 4: Convert Units (If Necessary):** 

 

If the map scale and map distance are in different units (e.g., inches on 

the map and miles on the ground), make sure to convert units as 

needed. 

 

Now, you've calculated the actual distance based on the map scale. 

This process allows you to determine real-world distances when using 

maps for navigation, planning, or other geographical purposes. 

 

Scientific Notation 

No notes 

 

Algebraic Representation 

Terminology & Notation: Define & Identify Constant, Variable, Term, 

Like Terms, Numerical Coefficient, Expression & Equation 

Certainly! Let's define and identify some important mathematical terms 

and notations: 

 

**1. Constant:** 

   - **Definition:** A constant is a fixed value that does not change. It is 

a number that remains the same in mathematical expressions and 

equations. 
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   - **Example:** In the expression 5x + 3, the constant is 3. 

 

**2. Variable:** 

   - **Definition:** A variable is a symbol that represents an unknown or 

changing quantity in mathematics. Variables can take various values. 

   - **Example:** In the equation y = 2x + 1, "x" and "y" are variables. 

 

**3. Term:** 

   - **Definition:** A term is a single mathematical expression consisting 

of a constant, variable, or a combination of both, usually separated by 

arithmetic operations. 

   - **Example:** In the expression 3x^2y - 2z, "3x^2y" and "-2z" are 

terms. 

 

**4. Like Terms:** 

   - **Definition:** Like terms are terms that have the same variables 

raised to the same exponents. They can be combined or 

added/subtracted with each other. 

   - **Example:** In the expression 4x^2 + 2x^2 - 3xy, "4x^2" and 

"2x^2" are like terms. 

 

**5. Numerical Coefficient:** 
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   - **Definition:** A numerical coefficient is the number that multiplies 

a variable in a term. It represents the factor by which the variable is 

multiplied. 

   - **Example:** In the term 5xy, the numerical coefficient is 5. 

 

**6. Expression:** 

   - **Definition:** An expression is a mathematical phrase or collection 

of terms combined using arithmetic operations (addition, subtraction, 

multiplication, division, etc.). Expressions can contain variables, 

constants, and operations. 

   - **Example:** In the expression 2x^2 - 3y + 7, the entire expression 

is 2x^2 - 3y + 7. 

 

**7. Equation:** 

   - **Definition:** An equation is a mathematical statement that shows 

the equality between two expressions. It contains an equal sign (=) and 

can be used to solve for the values of variables. 

   - **Example:** The equation 3x + 4 = 10 is an equation where "x" can 

be solved to find its value. 

 

Understanding these terms and notations is fundamental to working 

with algebraic expressions and equations in mathematics. They are 

used to describe relationships between quantities and solve various 

mathematical problems. 
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Writing basic expressions: Sums, differences, products, & quotients. 

Certainly! Here are examples of basic mathematical expressions 

involving sums, differences, products, and quotients: 

 

**1. Sum (Addition):** 

   - **Expression:** x + 5 

   - **Explanation:** This expression represents the sum of a variable "x" 

and the constant 5. It indicates that you are adding 5 to the value of 

"x." 

 

**2. Difference (Subtraction):** 

   - **Expression:** 10 - y 

   - **Explanation:** This expression represents the difference between 

the constant 10 and the variable "y." It indicates that you are 

subtracting "y" from 10. 

 

**3. Product (Multiplication):** 

   - **Expression:** 3a 

   - **Explanation:** This expression represents the product of the 

constant 3 and the variable "a." It indicates that you are multiplying 3 

by "a." 

 

**4. Quotient (Division):** 

   - **Expression:** b / 2 
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   - **Explanation:** This expression represents the quotient of the 

variable "b" divided by the constant 2. It indicates that you are dividing 

"b" by 2. 

 

These basic expressions are building blocks for more complex algebraic 

expressions and equations. They involve fundamental arithmetic 

operations and can be used to model a wide range of mathematical 

relationships. 

 

Writing simple equations involving one operation. 

Certainly! Here are examples of simple equations involving one basic 

operation (addition, subtraction, multiplication, or division): 

 

**1. Addition Equation:** 

   - **Equation:** x + 4 = 9 

   - **Explanation:** This equation states that if you add 4 to the value 

of "x," the result will be equal to 9. To solve for "x," you can subtract 4 

from both sides. 

 

**2. Subtraction Equation:** 

   - **Equation:** 2y - 7 = 5 

   - **Explanation:** This equation states that if you subtract 7 from 

twice the value of "y," the result will be equal to 5. To solve for "y," you 

can add 7 to both sides and then divide by 2. 
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**3. Multiplication Equation:** 

   - **Equation:** 3a = 15 

   - **Explanation:** This equation states that if you multiply the value 

of "a" by 3, the result will be equal to 15. To solve for "a," you can 

divide both sides by 3. 

 

**4. Division Equation:** 

   - **Equation:** b / 4 = 6 

   - **Explanation:** This equation states that if you divide the value of 

"b" by 4, the result will be equal to 6. To solve for "b," you can multiply 

both sides by 4. 

 

These are examples of simple linear equations involving one operation 

each. Solving such equations typically requires performing inverse 

operations to isolate the variable on one side of the equation. 

 

Basic Algebraic Operations 

Operating on terms, each with one symbol: Adding & Subtracting like 

terms Multiplying & Dividing terms 

Certainly! Let's explore how to operate on terms, including adding and 

subtracting like terms, as well as multiplying and dividing terms: 

 

**Adding Like Terms:** 
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When you add like terms, you combine terms with the same variables 

and exponents. The coefficients are added while keeping the variables 

unchanged. 

 

Example: 

- **Adding Like Terms:** 3x + 2x 

  - Combine the coefficients of the like terms: 3x + 2x = (3 + 2)x = 5x 

 

**Subtracting Like Terms:** 

When you subtract like terms, you combine terms with the same 

variables and exponents. The coefficients are subtracted while keeping 

the variables unchanged. 

 

Example: 

- **Subtracting Like Terms:** 7y - 3y 

  - Combine the coefficients of the like terms: 7y - 3y = (7 - 3)y = 4y 

 

**Multiplying Terms:** 

To multiply terms, you multiply the coefficients together and, if the 

terms contain variables, you multiply the variables with the same base 

and add their exponents. 

 

Example: 
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- **Multiplying Terms:** 4x * 3y 

  - Multiply the coefficients: 4 * 3 = 12 

  - Multiply the variables: x * y = xy 

  - The result is 12xy 

 

**Dividing Terms:** 

To divide terms, you divide the coefficients, and if the terms contain 

variables, you divide the variables with the same base by subtracting 

their exponents. 

 

Example: 

- **Dividing Terms:** 9x^2 / 3x 

  - Divide the coefficients: 9 / 3 = 3 

  - Divide the variables: x^2 / x = x^(2-1) = x 

  - The result is 3x 

 

Remember that when adding or subtracting terms, you can only 

combine like terms. Like terms have the same variables with the same 

exponents. 

 

These operations on terms are fundamental in algebraic expressions 

and equations, allowing you to simplify expressions, solve equations, 

and work with algebraic relationships effectively. 
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Simplifying expressions by collecting like terms. 

 

Simplifying expressions by collecting like terms involves combining and 

reducing similar terms within an expression. Like terms have the same 

variables raised to the same exponents. Here's a step-by-step guide on 

how to simplify expressions by collecting like terms: 

 

**Step 1: Identify Like Terms:** 

 

Identify all the terms in the expression and group together those that 

have the same variables with the same exponents. 

 

**Step 2: Combine Coefficients:** 

 

Within each group of like terms, combine the coefficients (the 

numerical parts). Add the coefficients if they have the same variable 

and exponent, or subtract them if they have different signs. 

 

**Step 3: Rewrite the Expression:** 

 

After combining the coefficients, rewrite the expression with the 

simplified terms. Include any terms that were not combined. 

 



161 | P a g e  

Grade 7 Mathematics Textbook 
 

**Step 4: Check for Further Simplification:** 

 

Review the expression to see if there are any further simplifications or 

common factors that can be factored out. 

 

Here are some examples of simplifying expressions by collecting like 

terms: 

 

**Example 1:** 

Simplify the expression 3x + 2y - 4x - y. 

 

**Solution:** 

- Group like terms: (3x - 4x) + (2y - y) 

- Combine coefficients: -1x + 1y 

- Rewrite the expression: -x + y 

 

So, the simplified expression is -x + y. 

 

**Example 2:** 

Simplify the expression 2a^2b - 3ab + 5a^2b - 2ab. 

 

**Solution:** 
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- Group like terms: (2a^2b + 5a^2b) + (-3ab - 2ab) 

- Combine coefficients: 7a^2b - 5ab 

- Rewrite the expression: 7a^2b - 5ab 

 

The simplified expression is 7a^2b - 5ab. 

 

**Example 3:** 

Simplify the expression 4x^2 - 2x + 3x^2 + 5x - x^2. 

 

**Solution:** 

- Group like terms: (4x^2 + 3x^2 - x^2) + (-2x + 5x) 

- Combine coefficients: 6x^2 + 3x 

- Rewrite the expression: 6x^2 + 3x 

 

The simplified expression is 6x^2 + 3x. 

 

By collecting like terms and combining their coefficients, you can 

simplify algebraic expressions and make them more manageable and 

easier to work with in mathematical calculations. 

 

Exponents/ Indices/ Powers 

Squares, cubes and other powers of variables. 
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In algebra, you can raise variables to different powers to create 

expressions that involve squares, cubes, and other powers of variables. 

Here's how these powers are represented and some common 

examples: 

 

**1. Squares (Second Powers):** 

   - Squaring a variable "x" is represented as "x^2" or "x squared." 

   - Example: x^2 represents the square of the variable "x." 

 

**2. Cubes (Third Powers):** 

   - Cubing a variable "y" is represented as "y^3" or "y cubed." 

   - Example: y^3 represents the cube of the variable "y." 

 

**3. Fourth Powers, Fifth Powers, etc.:** 

   - Raising a variable to higher powers follows a similar pattern. For 

instance: 

   - "x^4" represents the fourth power of "x." 

   - "z^5" represents the fifth power of "z." 

 

**4. Mixed Powers:** 

   - You can have expressions with mixed powers, such as "x^2y" (the 

square of "x" multiplied by "y"). 

   - Example: "x^2y" represents the square of "x" multiplied by "y." 
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**5. Negative Powers:** 

   - Negative powers represent taking the reciprocal of a variable raised 

to a positive power. For example, "x^(-2)" represents 1 divided by 

"x^2." 

   - Example: x^(-2) represents the reciprocal of the square of "x." 

 

**6. Fractional or Rational Powers:** 

   - Fractional or rational powers represent taking a root of a variable. 

For instance, "x^(1/2)" represents the square root of "x," and "x^(1/3)" 

represents the cube root of "x." 

 

These expressions involving powers of variables are commonly used in 

algebra and mathematics to model various relationships and solve 

equations. They are fundamental in areas such as calculus, where 

derivatives and integrals involve differentiating and integrating 

functions with various powers of variables. 

 

Substitution 

Evaluate algebraic expressions and formulae by substituting whole 

numbers for symbols. 

To evaluate algebraic expressions and formulas by substituting whole 

numbers for symbols, follow these steps: 
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**Step 1: Understand the Expression or Formula:** 

 

Make sure you understand the given algebraic expression or formula. 

Identify the variables and their meanings, as well as the operations 

involved. 

 

**Step 2: Replace Variables with Whole Numbers:** 

 

Replace each variable in the expression or formula with the whole 

numbers or values given in the problem or as needed for evaluation. 

Be sure to substitute the correct values for each variable. 

 

**Step 3: Perform the Arithmetic Operations:** 

 

Perform the arithmetic operations (addition, subtraction, multiplication, 

division) as indicated in the expression or formula. Follow the order of 

operations (PEMDAS/BODMAS) if necessary. 

 

**Step 4: Simplify the Expression:** 

 

Continue simplifying the expression or formula until you obtain a 

numerical result or a simplified expression, if required. 

 

**Step 5: Check Units (if applicable):** 
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If the problem involves units of measurement (e.g., meters, kilograms), 

make sure your final answer includes the correct units. 

 

Here are some examples: 

 

**Example 1:** Evaluate the expression 3x + 7 when x = 5. 

 

**Solution:**  

- Substitute the value of x: 3(5) + 7 

- Perform the arithmetic operations: 15 + 7 

- Simplify: 22 

 

So, when x = 5, the expression 3x + 7 equals 22. 

 

**Example 2:** Evaluate the formula for the area of a rectangle, A = lw, 

when the length (l) is 8 meters and the width (w) is 4 meters. 

 

**Solution:** 

- Substitute the values of l and w: A = (8)(4) 

- Perform the arithmetic operations: A = 32 square meters 
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The area of the rectangle is 32 square meters when l = 8 and w = 4. 

 

By following these steps, you can successfully evaluate algebraic 

expressions and formulas by substituting whole numbers for symbols, 

which is a common task in algebra and problem-solving. 

 

The Distributive Property 

Verify the distributive property using natural numbers 

 

The distributive property states that for any three numbers a, b, and c, 

the following equality holds: 

 

a * (b + c) = (a * b) + (a * c) 

 

To verify the distributive property using natural numbers (positive 

whole numbers), you can choose specific values for a, b, and c and then 

compare both sides of the equation to check if they are equal. 

 

Let's use some natural numbers to verify the distributive property: 

 

**Example:** 

 

Let a = 3, b = 4, and c = 2. 
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**Left Side of the Equation:** 

a * (b + c) = 3 * (4 + 2) = 3 * 6 = 18 

 

**Right Side of the Equation:** 

(a * b) + (a * c) = (3 * 4) + (3 * 2) = 12 + 6 = 18 

 

Now, compare the left side and the right side of the equation. Since 

both sides are equal to 18, we have verified the distributive property 

for these specific natural numbers: 

 

3 * (4 + 2) = (3 * 4) + (3 * 2) 

 

This shows that the distributive property holds true for the values a = 3, 

b = 4, and c = 2. You can perform similar verifications with different 

natural numbers to further illustrate the distributive property. 

 

Multiplying a sum by a natural number. 

Multiplying a sum by a natural number is a basic application of the 

distributive property. To multiply a sum by a natural number, you 

distribute or distribute the natural number to each term inside the 

parentheses (sum). Here's how it works: 
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**Distributive Property:** For any natural number "n" and any two 

numbers "a" and "b," you can multiply the sum of "a" and "b" by "n" as 

follows: 

 

n * (a + b) = (n * a) + (n * b) 

 

Here's an example to illustrate this concept: 

 

**Example:** 

 

Let's say you want to multiply the sum (3 + 2) by the natural number 4. 

 

**Using the Distributive Property:** 

 

4 * (3 + 2) = (4 * 3) + (4 * 2) 

 

Now, calculate the products: 

 

4 * 3 = 12 

4 * 2 = 8 

 

Now, add the products together: 



170 | P a g e  

Grade 7 Mathematics Textbook 
 

 

12 + 8 = 20 

 

So, 4 * (3 + 2) equals 20. 

 

This demonstrates how you can multiply a sum by a natural number by 

distributing the natural number to each term inside the parentheses 

and performing the necessary multiplications and additions. 

 

Factorization 

Rewriting numerical sums and differences as products. 

You can rewrite numerical sums and differences as products by using 

the distributive property. To do this, you'll need to factor out a 

common factor from the terms involved in the sum or difference. Here 

are two examples to illustrate this concept: 

 

**Example 1: Rewriting a Sum as a Product:** 

Suppose you want to rewrite the sum of 7 + 7 as a product. 

 

**Solution:** 

To rewrite the sum as a product, you can factor out the common factor, 

which is 7, from both terms: 
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7 + 7 = 7 * (1 + 1) 

 

Now, you can see that the sum 7 + 7 has been rewritten as the product 

of 7 and (1 + 1). 

 

**Example 2: Rewriting a Difference as a Product:** 

Suppose you want to rewrite the difference of 12 - 6 as a product. 

 

**Solution:** 

To rewrite the difference as a product, you can factor out the common 

factor, which is 6, from both terms: 

 

12 - 6 = 6 * (2 - 1) 

 

Now, you can see that the difference 12 - 6 has been rewritten as the 

product of 6 and (2 - 1). 

 

In both examples, we used the distributive property to factor out the 

common factor and express the sums and differences as products 

involving the common factor. This technique can be useful in 

simplifying expressions and solving equations. 

 

Rewriting numerical sums and differences as products. 
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You can rewrite numerical sums and differences as products by using 

the distributive property. To do this, you'll need to factor out a 

common factor from the terms involved in the sum or difference. Here 

are two examples to illustrate this concept: 

 

**Example 1: Rewriting a Sum as a Product:** 

Suppose you want to rewrite the sum of 7 + 7 as a product. 

 

**Solution:** 

To rewrite the sum as a product, you can factor out the common factor, 

which is 7, from both terms: 

 

7 + 7 = 7 * (1 + 1) 

 

Now, you can see that the sum 7 + 7 has been rewritten as the product 

of 7 and (1 + 1). 

 

**Example 2: Rewriting a Difference as a Product:** 

Suppose you want to rewrite the difference of 12 - 6 as a product. 

 

**Solution:** 
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To rewrite the difference as a product, you can factor out the common 

factor, which is 6, from both terms: 

 

12 - 6 = 6 * (2 - 1) 

 

Now, you can see that the difference 12 - 6 has been rewritten as the 

product of 6 and (2 - 1). 

 

In both examples, we used the distributive property to factor out the 

common factor and express the sums and differences as products 

involving the common factor. This technique can be useful in 

simplifying expressions and solving equations. 

 

Algebraic Fractions 

No notes 

 

Equations 

The idea of simple linear equations. 

The idea of simple linear equations is fundamental in mathematics and 

represents a foundational concept in algebra. A simple linear equation 

is an equation that involves one variable raised to the first power 

(exponent of 1) and includes only basic arithmetic operations (addition, 

subtraction, multiplication, division). The general form of a simple 

linear equation is: 
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ax + b = c 

 

Where: 

- "x" is the variable you're trying to solve for. 

- "a" is the coefficient of the variable "x," representing how many times 

"x" is multiplied. 

- "b" is a constant term. 

- "c" is another constant term. 

 

The goal of solving a simple linear equation is to find the value of the 

variable "x" that makes the equation true. This value of "x" is called the 

solution to the equation. 

 

Here's a step-by-step process for solving simple linear equations: 

 

1. **Isolate the Variable "x":** The first step is to isolate the variable "x" 

on one side of the equation by performing inverse operations. For 

example, if "x" is multiplied by a coefficient "a," you can divide both 

sides of the equation by "a" to isolate "x." 

 

   Example: Solve for "x" in the equation 2x + 3 = 7. 

   - Start by subtracting 3 from both sides: 2x + 3 - 3 = 7 - 3 
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   - Simplify: 2x = 4 

   - Now, divide both sides by 2 to isolate "x": (2x)/2 = 4/2 

   - Simplify further: x = 2 

 

2. **Check Your Solution:** After finding the value of "x," plug it back 

into the original equation to ensure it makes the equation true. 

 

   Example: Check the solution x = 2 in the original equation 2x + 3 = 7. 

   - 2(2) + 3 = 7 

   - 4 + 3 = 7 

   - 7 = 7 (The equation is true.) 

 

3. **Express the Solution:** The solution to the equation is usually 

expressed as a single value or number. 

 

Simple linear equations are used extensively in various fields, including 

mathematics, physics, engineering, economics, and many other 

sciences. They serve as a foundation for understanding more complex 

equations and modeling real-world situations where relationships 

between variables are linear. Learning to solve simple linear equations 

is a fundamental skill in algebra and mathematics in general. 

 

Create one step linear equations from word problems and solve by 

inspection. 
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Certainly! Let's create a one-step linear equation from a word problem 

and solve it by inspection. 

 

**Word Problem:** 

Suppose you have $40, and you want to buy a toy that costs $15. How 

much money will you have left after buying the toy? 

 

**Creating the Equation:** 

To create a one-step linear equation from this word problem, you can 

represent the amount of money you'll have left (let's call it "M") as the 

difference between your initial amount ($40) and the cost of the toy 

($15). So, the equation becomes: 

 

M = 40 - 15 

 

**Solving by Inspection:** 

Now, let's solve this equation by inspection. We can calculate this 

without any algebraic manipulation because it's a simple subtraction: 

 

M = 40 - 15 

M = 25 

 

So, after buying the toy, you will have $25 left. 
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The solution, M = 25, represents the amount of money you'll have left 

after buying the toy, and it was found by inspecting the equation 

without the need for algebraic steps. 

 

Solve one-step equations involving: addition, subtraction, 

multiplication, division using inverse operations, and balancing 

equations. 

 

Certainly! Let's solve one-step equations involving addition, 

subtraction, multiplication, and division using inverse operations and 

balancing equations.  

 

**1. One-Step Addition Equation:** 

 

**Equation:** x + 7 = 15 

 

**Solution:** 

To solve for x, subtract 7 from both sides of the equation using the 

inverse operation: 

 

x + 7 - 7 = 15 - 7 

 

x = 8 
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So, the solution is x = 8. 

 

**2. One-Step Subtraction Equation:** 

 

**Equation:** 4y - 6 = 10 

 

**Solution:** 

To solve for y, add 6 to both sides of the equation using the inverse 

operation: 

 

4y - 6 + 6 = 10 + 6 

 

4y = 16 

 

Now, divide both sides by 4 to isolate y: 

 

(4y) / 4 = 16 / 4 

 

y = 4 

 

So, the solution is y = 4. 
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**3. One-Step Multiplication Equation:** 

 

**Equation:** 3z = 21 

 

**Solution:** 

To solve for z, divide both sides of the equation by 3 using the inverse 

operation: 

 

(3z) / 3 = 21 / 3 

 

z = 7 

 

So, the solution is z = 7. 

 

**4. One-Step Division Equation:** 

 

**Equation:** m / 5 = 9 

 

**Solution:** 

To solve for m, multiply both sides of the equation by 5 using the 

inverse operation: 
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(m / 5) * 5 = 9 * 5 

 

m = 45 

 

So, the solution is m = 45. 

 

These are examples of one-step equations involving addition, 

subtraction, multiplication, and division. By using inverse operations, 

you can isolate the variable and find the solution to the equations. 

Balancing the equation by performing the same operation on both 

sides maintains the equality throughout the solving process. 

 

Use one-step linear equations to solve word problems. 

 

Certainly! Let's solve word problems using one-step linear equations. 

 

**Word Problem 1:** 

 

Problem: Jane has $25, and she wants to buy a book that costs $10. 

How much money will she have left after buying the book? 

 

**Equation:** Let M represent the money left after buying the book. 
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M = 25 - 10 

 

**Solution:** Now, solve for M: 

 

M = 15 

 

So, Jane will have $15 left after buying the book. 

 

**Word Problem 2:** 

 

Problem: John is 8 years older than his sister. If his sister is 12 years old, 

how old is John? 

 

**Equation:** Let J represent John's age. 

 

J = 12 + 8 

 

**Solution:** Now, solve for J: 

 

J = 20 
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So, John is 20 years old. 

 

**Word Problem 3:** 

 

Problem: A store sells T-shirts for $15 each. If Sarah wants to buy 4 T-

shirts, how much will she spend? 

 

**Equation:** Let C represent the cost of the T-shirts. 

 

C = 15 * 4 

 

**Solution:** Now, solve for C: 

 

C = 60 

 

So, Sarah will spend $60 on 4 T-shirts. 

 

**Word Problem 4:** 

 

Problem: You have a pizza with 8 slices, and you have eaten 3 slices. 

How many slices are left? 
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**Equation:** Let S represent the number of slices left. 

 

S = 8 - 3 

 

**Solution:** Now, solve for S: 

 

S = 5 

 

So, there are 5 slices of pizza left. 

 

These are examples of one-step linear equations used to solve word 

problems. By translating the given information into equations and 

solving for the unknown variable, you can find the solution to various 

real-world problems. 

 

Transposition of Formulae 

No Notes 

 

Inequalities 

Identify the solution sets of simple inequalities. 

To identify the solution sets of simple inequalities, you need to 

understand how to interpret and represent the solutions graphically 

and algebraically. Here, I'll explain how to do this for four types of 
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simple inequalities: less than (<), greater than (>), less than or equal to 

(≤), and greater than or equal to (≥) inequalities. 

 

**1. Less Than Inequality (<):** 

 

A simple less than inequality is represented as "x < a," where "x" is the 

variable, and "a" is a constant. 

 

- **Graphical Representation:** On a number line, the solution set for 

"x < a" is all values of "x" to the left of "a" (not including "a"). 

- **Algebraic Representation:** In interval notation, the solution set is 

(-°, a). 

 

**2. Greater Than Inequality (>):** 

 

A simple greater than inequality is represented as "x > a," where "x" is 

the variable, and "a" is a constant. 

 

- **Graphical Representation:** On a number line, the solution set for 

"x > a" is all values of "x" to the right of "a" (not including "a"). 

- **Algebraic Representation:** In interval notation, the solution set is 

(a, °). 

 

**3. Less Than or Equal To Inequality (≤):** 
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A simple less than or equal to inequality is represented as "x ≤ a," 

where "x" is the variable, and "a" is a constant. 

 

- **Graphical Representation:** On a number line, the solution set for 

"x ≤ a" is all values of "x" to the left of or including "a." 

- **Algebraic Representation:** In interval notation, the solution set is 

(-°, a] or (-°, a) if the inequality is strict. 

 

**4. Greater Than or Equal To Inequality (≥):** 

 

A simple greater than or equal to inequality is represented as "x ≥ a," 

where "x" is the variable, and "a" is a constant. 

 

- **Graphical Representation:** On a number line, the solution set for 

"x ≥ a" is all values of "x" to the right of or including "a." 

- **Algebraic Representation:** In interval notation, the solution set is 

[a, °) or (a, °) if the inequality is strict. 

 

Here are some examples: 

 

**Example 1:** For the inequality "x < 3," the solution set is (-°, 3). 
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**Example 2:** For the inequality "y > 5," the solution set is (5, °). 

 

**Example 3:** For the inequality "z ≤ 2," the solution set is (-°, 2] or (-°, 

2) if it's a strict inequality. 

 

**Example 4:** For the inequality "w ≥ 1," the solution set is [1, °) or (1, 

°) if it's a strict inequality. 

 

Understanding and representing solution sets of simple inequalities is 

essential when solving equations and inequalities in various 

mathematical contexts. 

 

Represent the solution sets of simple inequalities on the number line. 

Representing solution sets of simple inequalities on the number line is 

a visual way to understand and display the set of values that satisfy the 

inequality. Here's how to do it for different types of simple inequalities: 

less than (<), greater than (>), less than or equal to (≤), and greater 

than or equal to (≥) inequalities. 

 

**1. Less Than Inequality (<):** 

 

For a simple less than inequality "x < a," where "a" is a constant: 

 

**Graphical Representation on the Number Line:**  
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1. Draw a number line. 

2. Mark a point at "a" to indicate the boundary. 

3. Shade all values to the left of "a" on the number line (excluding "a"). 

 

![Less Than Inequality](https://i.imgur.com/cjEk5JW.png) 

 

In this case, the shaded area represents the solution set for "x < a." 

 

**2. Greater Than Inequality (>):** 

 

For a simple greater than inequality "x > a," where "a" is a constant: 

 

**Graphical Representation on the Number Line:**  

 

1. Draw a number line. 

2. Mark a point at "a" to indicate the boundary. 

3. Shade all values to the right of "a" on the number line (excluding 

"a"). 

 

![Greater Than Inequality](https://i.imgur.com/v2bq0lw.png) 
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The shaded area in this case represents the solution set for "x > a." 

 

**3. Less Than or Equal To Inequality (≤):** 

 

For a simple less than or equal to inequality "x ≤ a," where "a" is a 

constant: 

 

**Graphical Representation on the Number Line:**  

 

1. Draw a number line. 

2. Mark a point at "a" to indicate the boundary. 

3. Shade all values to the left of "a" on the number line (including "a"). 

 

![Less Than or Equal To Inequality](https://i.imgur.com/3cUn4Iz.png) 

 

The shaded area represents the solution set for "x ≤ a." 

 

**4. Greater Than or Equal To Inequality (≥):** 

 

For a simple greater than or equal to inequality "x ≥ a," where "a" is a 

constant: 
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**Graphical Representation on the Number Line:**  

 

1. Draw a number line. 

2. Mark a point at "a" to indicate the boundary. 

3. Shade all values to the right of "a" on the number line (including "a"). 

 

![Greater Than or Equal To 

Inequality](https://i.imgur.com/d5V4wRD.png) 

 

The shaded area here represents the solution set for "x ≥ a." 

 

By representing solution sets of simple inequalities on the number line, 

you can easily visualize the values that satisfy the inequalities and gain 

a better understanding of their solutions. 

 

Sets & Venn Diagrams 

Define a set. 

In Venn diagrams, a set is represented as a closed, labeled circle or oval 

that typically contains elements or objects that share a common 

characteristic or property. Sets are used to organize and categorize 

objects into different groups based on specific criteria. Here's a 

definition of a set in the context of Venn diagrams: 
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**Set (In Venn Diagrams):** A set is a distinct, enclosed region within a 

Venn diagram that represents a collection of elements, objects, or 

members sharing a particular characteristic or property. The set is 

usually labeled with a name or symbol to indicate what it represents. 

The elements within a set are shown as points or shapes inside the 

closed curve, and they belong to that set because they possess the 

common trait described by the set. 

 

Venn diagrams are graphical tools used in mathematics and other 

fields to illustrate the relationships between sets, including their 

intersections and differences. Sets and their elements are fundamental 

concepts in set theory, a branch of mathematics that deals with the 

study of collections of objects and their properties. Venn diagrams help 

visualize these relationships and make complex concepts easier to 

understand. 

 

Use upper case letters to name sets. 

In Venn diagrams, uppercase letters are commonly used to name sets. 

Each set is represented as a closed region enclosed by a circle or oval, 

and the uppercase letter is used to label and identify the set. Here's 

how it typically looks: 

 

- **Set A (A):** This represents one set, labeled as "A." 

- **Set B (B):** This represents another set, labeled as "B." 
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If you have a Venn diagram with multiple sets, you can use additional 

uppercase letters to label each set. For example: 

 

- **Set A (A):** The first set, labeled as "A." 

- **Set B (B):** The second set, labeled as "B." 

- **Set C (C):** The third set, labeled as "C." 

 

These labels help you identify and distinguish between different sets 

within the Venn diagram. You can use these labels to indicate which 

elements belong to each set and illustrate the relationships between 

sets, including intersections and differences. 

 

Use set braces (curly brackets,   ) to indicate a set. 

In Venn diagrams, set braces (curly brackets, {}) are not typically used 

directly within the diagrams themselves. Instead, the sets and their 

elements are represented graphically by enclosed regions and points 

or shapes. However, set braces are often used when describing or 

defining sets in mathematical notation, especially when discussing the 

content of the sets outside of the Venn diagram. Here's how it works: 

 

1. **Mathematical Notation for Sets (Outside the Venn Diagram):** Set 

braces are used to define and describe sets in mathematical notation. 

For example: 

   - Set A: A = {1, 2, 3, 4} 

   - Set B: B = {3, 4, 5, 6} 
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   In this notation, the curly braces {} indicate the set, and the elements 

of the set are listed inside the braces, separated by commas. 

 

2. **Venn Diagram Representation:** In a Venn diagram, you would 

represent sets graphically as enclosed regions (circles or ovals), and the 

elements of the sets would be represented as points or shapes inside 

those regions. There is no need to use set braces within the Venn 

diagram itself. 

 

Here's an example of how sets A and B might be represented both 

mathematically and in a Venn diagram: 

 

- Mathematical Notation: 

  - Set A: A = {1, 2, 3, 4} 

  - Set B: B = {3, 4, 5, 6} 

 

- Venn Diagram Representation: 

  - Set A is represented as a closed region (circle or oval) labeled "A," 

and the points or shapes {1, 2, 3, 4} are placed inside this region. 

  - Set B is represented as a separate closed region (circle or oval) 

labeled "B," and the points or shapes {3, 4, 5, 6} are placed inside this 

region. 
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The use of set braces in mathematical notation is a way to clearly 

define and describe the elements of a set, but it is not directly 

incorporated into the graphical representation of sets in Venn 

diagrams. 

 

List the elements of sets when given precise English descriptions of the 

sets. 

Certainly! When you're given precise English descriptions of sets, you 

can list the elements of those sets based on the provided descriptions. 

Here are some examples: 

 

**1. Set of Prime Numbers Less Than 10:** 

   - Elements: {2, 3, 5, 7} 

 

**2. Set of Days in a Week:** 

   - Elements: {Monday, Tuesday, Wednesday, Thursday, Friday, 

Saturday, Sunday} 

 

**3. Set of Months With 31 Days:** 

   - Elements: {January, March, May, July, August, October, December} 

 

**4. Set of U.S. States That Begin With the Letter "M":** 

   - Elements: {Maine, Maryland, Massachusetts, Michigan, Minnesota, 

Mississippi, Missouri, Montana} 
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**5. Set of Primary Colors:** 

   - Elements: {Red, Blue, Yellow} 

 

**6. Set of Vowels in the English Alphabet:** 

   - Elements: {A, E, I, O, U} 

 

**7. Set of Elements in the Solar System:** 

   - Elements: {Sun, Mercury, Venus, Earth, Mars, Jupiter, Saturn, Uranus, 

Neptune} 

 

**8. Set of First Five Natural Numbers:** 

   - Elements: {1, 2, 3, 4, 5} 

 

**9. Set of Weekdays:** 

   - Elements: {Monday, Tuesday, Wednesday, Thursday, Friday} 

 

**10. Set of Common Geometric Shapes:** 

    - Elements: {Circle, Triangle, Square, Rectangle, Pentagon, Hexagon, 

Octagon} 
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In each of these examples, the elements of the sets are listed based on 

the precise English descriptions provided. The set notation is enclosed 

in curly braces {}, and the elements are separated by commas. The 

elements in a set are unique, meaning that each element appears only 

once within the set. 

 

Identify descriptions that do not describe unique sets. 

In Venn diagrams, certain descriptions may not describe unique sets or 

can lead to ambiguity in representation. Here are descriptions that do 

not necessarily describe unique sets in the context of Venn diagrams: 

 

1. **Set of Domestic Animals:** 

   - This description can be ambiguous because it could include subsets 

like "Set of Dogs," "Set of Cats," "Set of Birds," and so on. Without 

specifying the criteria, it doesn't represent a unique set. 

 

2. **Set of Primary Colors:** 

   - The description "Set of Primary Colors" could refer to the primary 

colors used in different color models, such as RGB (Red, Green, Blue) or 

CMY (Cyan, Magenta, Yellow). Depending on the context, it may not be 

unique. 

 

3. **Set of Shapes:** 
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   - "Set of Shapes" doesn't specify the type of shapes, and there are 

many different sets of shapes, including geometric shapes, 2D shapes, 

3D shapes, etc. Without clarification, it's not a unique set. 

 

4. **Set of Planets:** 

   - This description could be ambiguous because it may refer to the 

planets in our solar system, but it could also include fictional planets or 

planets in other star systems. The context matters. 

 

5. **Set of Even Numbers:** 

   - Depending on the context, "Set of Even Numbers" could refer to 

positive even numbers, negative even numbers, or all even numbers 

(including zero). The specificity is important. 

 

6. **Set of Natural Numbers:** 

   - The set of natural numbers can be defined differently in various 

mathematical contexts. It might include zero (0) in some definitions 

and exclude it in others. 

 

7. **Set of Seasons:** 

   - "Set of Seasons" could refer to the four traditional seasons (spring, 

summer, fall, winter), but it may also include meteorological seasons, 

which divide the year differently. 
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8. **Set of Continents:** 

   - The "Set of Continents" typically includes seven continents, but 

depending on the context, it could include regions or other divisions of 

land. 

 

9. **Set of Musical Instruments:** 

   - This description doesn't specify the type of musical instruments, 

and there are many different subsets, such as "Set of String 

Instruments," "Set of Wind Instruments," "Set of Percussion 

Instruments," etc. 

 

In Venn diagrams, clear and specific criteria are essential to represent 

unique sets accurately. Without clarity in the descriptions, the resulting 

Venn diagrams may not accurately capture the intended relationships 

or subsets. 

 

Describe a set using words that indicate precisely which elements 

belong to the set. 

Certainly! To describe a set precisely in words for a Venn diagram, you 

should use clear criteria that leave no ambiguity about which elements 

belong to the set. Here are some examples: 

 

1. **Set A (Red Apples):** 

   - This set includes all red apples. It consists of apples that are 

explicitly red in color. 
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2. **Set B (Even Prime Numbers):** 

   - This set includes only even prime numbers, which are limited to the 

number 2. 

 

3. **Set C (North American Countries):** 

   - This set consists of countries located in North America, such as the 

United States, Canada, Mexico, and others in the region. 

 

4. **Set D (Four-Sided Geometric Shapes):** 

   - This set comprises all shapes with exactly four sides, including 

squares, rectangles, and trapezoids. 

 

5. **Set E (Mammals with Spots):** 

   - This set includes only mammals that have spots on their fur, such as 

cheetahs and leopards. 

 

6. **Set F (Prime Numbers Less Than 10):** 

   - This set consists of prime numbers smaller than 10, which are 2, 3, 

5, and 7. 

 

7. **Set G (Summer Olympic Sports):** 
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   - This set represents sports that are part of the Summer Olympics, 

including swimming, track and field, gymnastics, and others. 

 

8. **Set H (Citrus Fruits):** 

   - This set comprises citrus fruits, such as oranges, lemons, limes, and 

grapefruits. 

 

9. **Set I (Nobel Prize Categories):** 

   - This set includes categories for Nobel Prizes, such as Physics, 

Chemistry, Medicine, Literature, and Peace. 

 

10. **Set J (U.S. State Capitals):** 

    - This set consists of the capital cities of U.S. states, such as 

Washington, D.C., Albany, and Sacramento. 

 

These descriptions provide precise criteria for what elements belong to 

each set, making it clear which elements should be represented within 

the corresponding region of the Venn diagram. 

 

Patterns, Relations and Functions 

Define and recognize a relation 

In mathematics, a relation is a fundamental concept that describes a 

connection or association between elements in two or more sets. 

Relations help us understand how elements in one set are related to 
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elements in another set. A relation can be represented in various ways, 

including ordered pairs, tables, graphs, and equations. 

 

Here is a formal definition of a relation: 

 

**Relation:** A relation between two sets, often denoted as A and B, is 

a subset of the Cartesian product of these sets, where each element of 

the relation consists of an ordered pair (a, b), where "a" is an element 

of set A, and "b" is an element of set B. In other words, a relation R 

from set A to set B is a collection of ordered pairs (a, b), where "a" is 

related to "b" in some way. 

 

For example, let's consider a relation R between the set of students (A) 

and the set of their test scores (B). The relation R could be represented 

as a set of ordered pairs, where each pair (student, score) indicates the 

test score achieved by a specific student. 

 

Here are some common types of relations: 

 

1. **Equality Relation:** This relation equates two elements if they are 

the same. For example, (3, 3) is an ordered pair in the equality relation. 

 

2. **Inequality Relation:** This relation compares elements to 

determine if one is greater than, less than, or equal to another. For 

example, (5, 8) is an ordered pair in the inequality relation "5 < 8." 



201 | P a g e  

Grade 7 Mathematics Textbook 
 

 

3. **Function Relation:** A special type of relation in which each 

element from the first set (domain) is related to exactly one element in 

the second set (codomain). 

 

4. **Partial Order Relation:** A relation that defines a partial ordering 

among elements, indicating that some elements are greater than or 

equal to others. It is used in concepts like order theory and sorting 

algorithms. 

 

5. **Equivalence Relation:** A relation that satisfies three properties: 

reflexivity, symmetry, and transitivity. Equivalence relations are used to 

partition a set into disjoint subsets. 

 

Relations are a fundamental concept in mathematics and are used in 

various branches of mathematics, including set theory, algebra, 

calculus, and discrete mathematics, to model and analyze a wide range 

of mathematical and real-world problems. 

 

Describe a relation in words. 

In mathematics, a relation can be described in words as a connection 

or association between elements from two or more sets. It provides a 

way to understand how elements in one set relate to elements in 

another set. Here's a description of a relation in words: 
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**Relation Description:** 

A relation is like a bridge that connects elements from different sets. It 

tells us how things in one set are linked or paired with things in 

another set. This connection can be based on various rules or criteria. 

For example, it could describe when two numbers are equal, when one 

number is greater than another, or when one object corresponds to 

another in a specific way. 

 

In practical terms, think of a relation as a way to answer questions like: 

 

- "Which students scored higher than 90 on the math test?" 

- "Which cities are located within 100 miles of a national park?" 

- "Which pairs of friends have known each other for more than five 

years?" 

 

Each of these questions involves a relation that connects elements 

from different sets based on specific conditions or characteristics. 

Relations are a fundamental tool in mathematics used to analyze, 

model, and solve a wide range of problems across various 

mathematical disciplines and real-world applications. 

 

Use arrow diagrams and sets of ordered pairs to represent relations. 

Certainly! Arrow diagrams and sets of ordered pairs are common ways 

to represent relations in mathematics. Let's use examples to illustrate 

both methods: 
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**Example 1: Representation of a Relation Using Arrow Diagrams** 

 

Consider a relation "R" between the set of students (S) and their 

favorite colors (C), where each student is associated with their favorite 

color. Here's how you can represent it using an arrow diagram: 

 

- Set of Students (S) = {Alice, Bob, Carol, David} 

- Set of Favorite Colors (C) = {Red, Blue, Green, Yellow} 

 

The relation "R" could be represented as follows: 

 

- Alice → Red 

- Bob → Blue 

- Carol → Green 

- David → Red 

 

In this arrow diagram, each arrow connects a student to their favorite 

color, indicating the relationship between the elements in sets S and C. 

 

**Example 2: Representation of a Relation Using Sets of Ordered 

Pairs** 
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Let's represent the same relation "R" between students and favorite 

colors using sets of ordered pairs: 

 

- Set of Students (S) = {Alice, Bob, Carol, David} 

- Set of Favorite Colors (C) = {Red, Blue, Green, Yellow} 

 

The relation "R" can be represented as a set of ordered pairs: 

 

- R = {(Alice, Red), (Bob, Blue), (Carol, Green), (David, Red)} 

 

In this representation, each ordered pair (student, color) in set R 

signifies the relationship between students and their favorite colors. 

 

Both arrow diagrams and sets of ordered pairs provide visual and 

mathematical representations of relations, helping to illustrate how 

elements in different sets are related to each other based on specific 

criteria or rules. 

 

Coordinate Geometry & Graphs 

Graphing and Identifying points in the Cartesian plane, integer 

coordinates only. 

Graphing and identifying points in the Cartesian plane with integer 

coordinates is a fundamental skill in mathematics. The Cartesian plane, 

also known as the coordinate plane or Cartesian coordinate system, 
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consists of two perpendicular axes: the horizontal x-axis and the 

vertical y-axis. The point where these axes intersect is called the origin 

(0, 0). 

 

Here's how to graph and identify points in the Cartesian plane with 

integer coordinates: 

 

**1. Coordinate Notation:** 

   - Each point in the Cartesian plane is represented as an ordered pair 

(x, y), where "x" is the horizontal coordinate (abscissa) and "y" is the 

vertical coordinate (ordinate). 

   - Both "x" and "y" can be positive or negative integers, zero, or 

fractions (in more advanced cases). 

 

**2. Graphing a Point:** 

   - To graph a point (x, y), first locate the origin (0, 0) in the center of 

your coordinate plane. 

   - Then, move horizontally to the right if x is positive or to the left if x 

is negative. 

   - Next, move vertically up if y is positive or down if y is negative. 

   - The point where these movements intersect is the location of the 

point (x, y). 

 

**3. Identifying a Point:** 
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   - To identify a point on the graph, locate the point where two 

perpendicular lines (x-axis and y-axis) intersect. 

   - Determine the horizontal (x) and vertical (y) coordinates of that 

point. 

   - For example, if you identify a point at (3, 2), it means that the point 

is located 3 units to the right of the origin on the x-axis and 2 units 

above the origin on the y-axis. 

 

**4. Example:** 

   - Let's say you want to graph and identify the point (4, -3): 

     - Start at the origin (0, 0). 

     - Move 4 units to the right along the x-axis. 

     - Then, move 3 units downward along the y-axis. 

     - The point (4, -3) is where these two movements intersect. 

 

By following these steps, you can graph and identify points with 

integer coordinates in the Cartesian plane. This skill is essential in 

various mathematical concepts, including plotting functions, solving 

equations, and analyzing data in two-dimensional space. 

 

Graphing and identifying horizontal and vertical lines. 

Graphing and identifying horizontal and vertical lines is a fundamental 

concept in geometry and coordinate geometry. Here's how to graph 

and identify these types of lines: 
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**1. Horizontal Lines:** 

 

A horizontal line is a straight line that runs parallel to the x-axis in the 

Cartesian coordinate system. It has a constant y-coordinate, which 

means that all points on the line have the same y-coordinate. 

 

- **Graphing a Horizontal Line:** 

  - To graph a horizontal line, you need to determine its y-coordinate, 

which is the same for all points on the line. 

  - Draw a line parallel to the x-axis at the specified y-coordinate. 

  - For example, if you want to graph a horizontal line with the equation 

y = 3, draw a straight line at y = 3 on the coordinate plane. 

 

- **Identifying a Horizontal Line:** 

  - To identify a horizontal line on a graph, look for a line that runs 

parallel to the x-axis. 

  - Horizontal lines have equations in the form y = c, where "c" is a 

constant. 

 

**2. Vertical Lines:** 
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A vertical line is a straight line that runs parallel to the y-axis in the 

Cartesian coordinate system. It has a constant x-coordinate, which 

means that all points on the line have the same x-coordinate. 

 

- **Graphing a Vertical Line:** 

  - To graph a vertical line, you need to determine its x-coordinate, 

which is the same for all points on the line. 

  - Draw a line parallel to the y-axis at the specified x-coordinate. 

  - For example, if you want to graph a vertical line with the equation x 

= -2, draw a straight line at x = -2 on the coordinate plane. 

 

- **Identifying a Vertical Line:** 

  - To identify a vertical line on a graph, look for a line that runs parallel 

to the y-axis. 

  - Vertical lines have equations in the form x = c, where "c" is a 

constant. 

 

**3. Examples:** 

 

- Horizontal Line: If you see a line parallel to the x-axis at y = 4, it 

represents a horizontal line with the equation y = 4. 

 

- Vertical Line: If you see a line parallel to the y-axis at x = -1, it 

represents a vertical line with the equation x = -1. 
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Graphing and identifying horizontal and vertical lines is essential in 

various mathematical and geometric contexts, including analyzing 

linear equations, finding intercepts, and understanding the geometry 

of shapes and figures. 

 

Determining lengths of horizontal and vertical line segments. 

Determining the lengths of horizontal and vertical line segments in the 

Cartesian coordinate system is a straightforward process. Here's how 

you can calculate the length of such line segments: 

 

**1. Length of Horizontal Line Segment:** 

 

- To find the length of a horizontal line segment, you need the 

coordinates of its endpoints. Let's say you have a horizontal line 

segment between points A and B. 

- If A has coordinates (x1, y) and B has coordinates (x2, y), where "x1" 

and "x2" are the x-coordinates, and "y" is the common y-coordinate, 

then the length of the horizontal line segment is simply the absolute 

difference between the x-coordinates: 

 

  Length = |x2 - x1| 

 

**2. Length of Vertical Line Segment:** 
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- To determine the length of a vertical line segment, you again need 

the coordinates of its endpoints, this time with the common x-

coordinate. Let's say you have a vertical line segment between points C 

and D. 

- If C has coordinates (x, y1) and D has coordinates (x, y2), where "x" is 

the common x-coordinate, and "y1" and "y2" are the y-coordinates, 

then the length of the vertical line segment is the absolute difference 

between the y-coordinates: 

 

  Length = |y2 - y1| 

 

**Examples:** 

 

1. If you have a horizontal line segment between points A(3, 2) and B(8, 

2), the length of the segment is |8 - 3| = 5 units. 

 

2. For a vertical line segment between points C(5, 4) and D(5, 8), the 

length of the segment is |8 - 4| = 4 units. 

 

In both cases, you are essentially finding the difference between the 

corresponding coordinates (either x or y, depending on whether it's 

horizontal or vertical) of the endpoints. This gives you the length of the 

line segment. 
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Differentiation 

No notes 

 

Matrices 

No notes 

 

Geometric Terminology & Notation 

Define and Identify: • Plane • Plane figure • Point • Line • Line segment 

• Ray • Angle • Vertex • Space • Space figure • Types of Lines in a 

plane: - Intersecting 

 

Let's define and identify each of the terms you mentioned in the 

context of geometry: 

 

1. **Plane:** 

   - **Definition:** A plane is a flat, two-dimensional surface that 

extends infinitely in all directions. It has length and width but no 

thickness. 

   - **Identification:** In geometry, a plane is often represented as a flat 

surface or a sheet of paper. 

 

2. **Plane Figure:** 
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   - **Definition:** A plane figure, also known as a 2D figure, is a shape 

or object that lies entirely within a plane. It has only length and width, 

no thickness. 

   - **Identification:** Examples of plane figures include triangles, 

rectangles, circles, and polygons. 

 

3. **Point:** 

   - **Definition:** A point is a fundamental geometric object that 

represents a location in space. It has no size or dimensions; it is often 

denoted by a dot. 

   - **Identification:** In geometry, a point is represented as a small dot. 

 

4. **Line:** 

   - **Definition:** A line is a straight path that extends infinitely in both 

directions. It is one-dimensional and has length but no width or 

thickness. 

   - **Identification:** In geometry, a line is typically represented by a 

straight line with arrows on both ends. 

 

5. **Line Segment:** 

   - **Definition:** A line segment is a part of a line between two 

distinct endpoints. It has finite length and is one-dimensional. 

   - **Identification:** In geometry, a line segment is represented as a 

straight line with two endpoints marked. 
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6. **Ray:** 

   - **Definition:** A ray is a part of a line that starts at an endpoint 

(called the "origin") and extends infinitely in one direction. 

   - **Identification:** In geometry, a ray is represented as a line with an 

arrow at one end to indicate its direction. 

 

7. **Angle:** 

   - **Definition:** An angle is formed by two rays that share a common 

endpoint (vertex). It measures the amount of rotation between the two 

rays. 

   - **Identification:** Angles are typically represented by a symbol like 

"∠" followed by three letters, with the vertex letter in the middle. 

 

8. **Vertex:** 

   - **Definition:** A vertex is a common endpoint where two or more 

line segments or rays meet to form an angle. 

   - **Identification:** In geometry, a vertex is often marked as a point 

where lines or line segments intersect. 

 

9. **Space:** 

   - **Definition:** Space, in geometry, refers to three-dimensional 

space, which includes length, width, and height. It is where three-

dimensional objects exist. 
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   - **Identification:** You can imagine space as the area that contains 

all objects in the physical world. 

 

10. **Space Figure:** 

    - **Definition:** A space figure, also known as a 3D figure, is an 

object that exists in three-dimensional space. It has length, width, and 

height. 

    - **Identification:** Examples of space figures include cubes, spheres, 

cones, and pyramids. 

 

11. **Types of Lines in a Plane - Intersecting:** 

    - **Definition:** Intersecting lines are two or more lines that cross or 

meet at a common point. The point where they intersect is called the 

intersection point. 

    - **Identification:** In a plane, you can identify intersecting lines 

when they cross each other at a specific point. 

 

Define & Identify: Perpendicular – Parallel 

 

Let's define and identify the terms "perpendicular" and "parallel" in 

geometry: 

 

1. **Perpendicular:** 
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   - **Definition:** Perpendicular lines are two straight lines that 

intersect at a 90-degree (right) angle. In other words, they form four 

right angles at their intersection point. 

   - **Identification:** To identify perpendicular lines, look for two lines 

that cross each other in such a way that they create right angles at the 

point of intersection. The symbol "⊥" is often used to indicate 

perpendicularity. 

 

2. **Parallel:** 

   - **Definition:** Parallel lines are two or more straight lines that lie in 

the same plane and do not intersect, no matter how far they extend. 

They maintain a constant distance from each other. 

   - **Identification:** To identify parallel lines, look for two or more 

lines that, when extended indefinitely, never cross or intersect. They 

remain equidistant from each other throughout their length. The 

symbol "||" is often used to indicate parallel lines. 

 

In summary: 

- Perpendicular lines intersect at right angles, forming 90-degree 

angles at their point of intersection. 

- Parallel lines do not intersect and maintain the same distance from 

each other, no matter how far they extend in both directions along the 

plane. 

 

Use 3 letters or a single letter to name an angle. 
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In geometry, angles are often named using either a single letter or 

three letters. Here's how this naming convention works: 

 

**1. Single Letter Naming:** 

   - An angle can be named using a single letter, typically the letter that 

represents the vertex (common endpoint) of the angle. For example: 

     - ∠A: This represents an angle named "angle A," where "A" is the 

vertex of the angle. 

 

**2. Three Letter Naming:** 

   - An angle can also be named using three letters, where the middle 

letter represents the vertex (common endpoint) of the angle. The other 

two letters represent points on the rays that form the angle. For 

example: 

     - ∠ABC: This represents an angle with vertex "B," where "A" and "C" 

are points on the two rays that form the angle. 

 

   - The order of the letters is important. The middle letter should 

always represent the vertex. The order of the other two letters 

determines the orientation of the angle. For example, ∠ABC and ∠CBA 

represent the same angle, but their orientations are different. 

 

   - Sometimes, angles are also named using lowercase letters. For 

example: 
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     - ∠a: This represents an angle named "angle a," where "a" is the 

vertex of the angle. 

 

These naming conventions help specify and identify angles in 

geometric diagrams and mathematical proofs. 

 

Recognize physical examples of geometric objects. 

Geometric objects are fundamental shapes and structures that can be 

found in various physical examples in the world around us. Here are 

some physical examples of geometric objects: 

 

1. **Sphere:** A soccer ball, a basketball, and the Earth itself can be 

approximated as spheres. 

 

2. **Cube:** A Rubik's Cube is a classic example of a cube. 

 

3. **Cylinder:** A soda can or a rolling pin is shaped like a cylinder. 

 

4. **Cone:** An ice cream cone or a traffic cone represents a cone 

shape. 

 

5. **Pyramid:** The Great Pyramid of Giza and the shape of some 

mountains resemble pyramids. 
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6. **Rectangle:** A book, a tablet, or a computer screen often has a 

rectangular shape. 

 

7. **Triangle:** Road signs, such as yield signs and stop signs, are often 

in the shape of triangles. 

 

8. **Cuboid (Rectangular Prism):** A rectangular box, like a shoebox or 

a cereal box, is a cuboid. 

 

9. **Circle:** Wheels on vehicles, such as car tires, are circular in shape. 

 

10. **Hexagon:** Honeycomb cells in a beehive often have a hexagonal 

shape. 

 

11. **Crescent:** The shape of a crescent moon is a geometric object. 

 

12. **Oval (Ellipse):** The shape of an ellipse can be seen in objects like 

the orbit of planets around the sun. 

 

13. **Diamond (Rhombus):** Some playing cards have a diamond 

shape. 

 

14. **Star:** The star shape is commonly seen in decorative ornaments, 

flags, and stars in the night sky. 
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15. **Octagon:** Stop signs are often octagonal in shape. 

 

16. **Tetrahedron:** The shape of certain crystals, like pyrite, can 

resemble a tetrahedron. 

 

17. **Pentagon:** Home plate in baseball has a pentagonal shape. 

 

These physical examples demonstrate how geometric objects are 

prevalent in our daily lives and the natural world. Geometric concepts 

and shapes play a crucial role in various fields, including architecture, 

engineering, art, and science. 

 

Angle Properties 

Describe and draw different types of angles as fractions of a revolution: 

• Revolution • Right • Straight • Acute • Obtuse • Reflex Define a 

degree 

 

Angles are measured in degrees, and a complete circle or rotation is 

divided into 360 degrees. Here's a description and drawing of different 

types of angles as fractions of a revolution: 

 

1. **Revolution (360 Degrees):** 
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   - A full revolution represents a complete rotation, which is equivalent 

to 360 degrees. It brings you back to your starting point. It's often 

denoted as 360° or simply as one full rotation. 

 

   ![360 

Degrees](https://upload.wikimedia.org/wikipedia/commons/thumb/6/6

f/Circle_-_black_simple.svg/200px-Circle_-_black_simple.svg.png) 

 

2. **Right Angle (90 Degrees):** 

   - A right angle is one-quarter of a full revolution and measures 90 

degrees. It forms a perfect L-shape, like the corner of a book or a 

square. 

 

   ![90 

Degrees](https://upload.wikimedia.org/wikipedia/commons/thumb/8/8

e/Right-angle.svg/200px-Right-angle.svg.png) 

 

3. **Straight Angle (180 Degrees):** 

   - A straight angle is half of a full revolution and measures 180 

degrees. It forms a straight line, like a horizontal or vertical line 

segment. 

 

   ![180 

Degrees](https://upload.wikimedia.org/wikipedia/commons/thumb/d/d
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1/Straight_angle_-_black_simple.svg/200px-Straight_angle_-

_black_simple.svg.png) 

 

4. **Acute Angle (Less than 90 Degrees):** 

   - An acute angle is smaller than a right angle, measuring less than 90 

degrees. Examples include angles in triangles that are smaller than 

right angles. 

 

   ![Acute 

Angle](https://upload.wikimedia.org/wikipedia/commons/thumb/2/23/

Acute-angle.svg/200px-Acute-angle.svg.png) 

 

5. **Obtuse Angle (Between 90 and 180 Degrees):** 

   - An obtuse angle is larger than a right angle but smaller than a 

straight angle, measuring between 90 and 180 degrees. It's wider than 

a right angle but not a full rotation. 

 

   ![Obtuse 

Angle](https://upload.wikimedia.org/wikipedia/commons/thumb/7/70/

Obtuse-angle.svg/200px-Obtuse-angle.svg.png) 

 

6. **Reflex Angle (Between 180 and 360 Degrees):** 

   - A reflex angle is greater than a straight angle but less than a full 

revolution, measuring between 180 and 360 degrees. It forms a "c"-like 

shape, extending beyond a straight angle. 
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   ![Reflex 

Angle](https://upload.wikimedia.org/wikipedia/commons/thumb/4/46/

Reflex-angle.svg/200px-Reflex-angle.svg.png) 

 

**Definition of a Degree:** 

- A degree is a unit of angular measurement used to quantify the size 

of an angle. It is the most common unit for measuring angles in 

geometry and trigonometry. One degree is 1/360th of a full rotation or 

revolution, which is why there are 360 degrees in a complete circle. 

 

   ![Degree 

Symbol](https://upload.wikimedia.org/wikipedia/commons/thumb/2/2

2/Degree_symbol.svg/50px-Degree_symbol.svg.png) 

 

Identify the different types of angles based on their degree measure. 

Angles can be categorized into different types based on their degree 

measures. Here are the common types of angles and their degree 

measures: 

 

1. **Acute Angle:** 

   - Definition: An acute angle is an angle that measures less than 90 

degrees. 

   - Degree Measure: 0° < θ < 90° 

https://upload.wikimedia.org/wikipedia/commons/thumb/2/22/Degree_symbol.svg/50px-Degree_symbol.svg.png
https://upload.wikimedia.org/wikipedia/commons/thumb/2/22/Degree_symbol.svg/50px-Degree_symbol.svg.png
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2. **Right Angle:** 

   - Definition: A right angle is an angle that measures exactly 90 

degrees. 

   - Degree Measure: θ = 90° 

 

3. **Obtuse Angle:** 

   - Definition: An obtuse angle is an angle that measures more than 90 

degrees but less than 180 degrees. 

   - Degree Measure: 90° < θ < 180° 

 

4. **Straight Angle:** 

   - Definition: A straight angle is an angle that measures exactly 180 

degrees. 

   - Degree Measure: θ = 180° 

 

5. **Reflex Angle:** 

   - Definition: A reflex angle is an angle that measures more than 180 

degrees but less than 360 degrees. 

   - Degree Measure: 180° < θ < 360° 

 

6. **Full Rotation (Complete Revolution):** 
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   - Definition: A full rotation, also known as a complete revolution, 

represents an angle that measures 360 degrees. 

   - Degree Measure: θ = 360° 

 

These are the most common types of angles based on their degree 

measures. Understanding these angle types is essential in geometry 

and trigonometry, as they help describe the orientation and size of 

angles in various geometric situations. 

 

Recognize physical examples of angles. 

 

Angles are a fundamental geometric concept that can be found in 

various physical examples in our everyday surroundings. Here are some 

physical examples of angles: 

 

1. **Door Hinges:** 

   - When you open or close a door, you create and observe right 

angles formed by the door and the doorframe. 

 

2. **Clock Hands:** 

   - The movement of clock hands creates various angles as they point 

to different hours and minutes on the clock face. 

 

3. **Staircases:** 
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   - Staircases often have angles between the steps, which can vary 

depending on the staircase design. 

 

4. **Triangle Shapes:** 

   - Many objects, such as road signs, architectural elements, and 

bridges, incorporate triangular shapes that involve angles. 

 

5. **Pitches in Sports:** 

   - In sports like baseball, soccer, and cricket, players often encounter 

angles when they throw, kick, or hit the ball. 

 

6. **Mountain Peaks:** 

   - The angles formed by the slopes and peaks of mountains are crucial 

in geography and cartography. 

 

7. **Rooflines:** 

   - The rooflines of houses and buildings create various angles, 

especially in architectural designs. 

 

8. **Artwork and Design:** 

   - Artists and designers frequently use angles in their work to create 

perspective and dynamic compositions. 
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9. **Vehicle Steering:** 

   - When you turn the steering wheel of a car, you create angles that 

determine the direction of the vehicle. 

 

10. **Shadows:** 

    - The angles of the sun and the shadows cast by objects create 

interesting geometric patterns. 

 

11. **Construction and Engineering:** 

    - In construction and engineering, angles play a vital role in 

designing structures and ensuring stability. 

 

12. **Photography:** 

    - Photographers use angles to capture unique perspectives and 

compositions in their photos. 

 

13. **Geometry Tools:** 

    - Tools like protractors and rulers are used to measure and create 

angles in various applications. 

 

14. **Navigation:** 

    - Navigational instruments, such as compasses and sextants, rely on 

angles to determine direction and location. 
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15. **Sundials:** 

    - Sundials use the angle of the sun's rays to tell time. 

 

These physical examples highlight the ubiquity and importance of 

angles in our daily lives, across various disciplines and industries. 

Understanding angles is essential for solving problems, making 

measurements, and designing structures and objects. 

 

Draw and measure angles less than 180 degrees with a protractor and 

straight edge. 

Drawing and measuring angles less than 180 degrees using a 

protractor and a straight edge is a common task in geometry. Here's 

how you can do it: 

 

**Tools Needed:** 

- Protractor 

- Straight edge (e.g., ruler or any straight object) 

 

**Steps to Draw and Measure an Angle Less than 180 Degrees:** 

 

1. **Draw a Ray (Initial Side):** 
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   - Start by drawing one side of the angle. This will serve as the initial 

side of the angle. Use your straight edge to draw a straight line (ray) on 

your paper. 

 

2. **Position the Protractor:** 

   - Place the protractor on the paper so that its center hole (the vertex 

of the angle) aligns with the endpoint of the initial side (the ray you 

just drew). 

 

3. **Align the Base Line:** 

   - Ensure that the base line of the protractor (usually marked as 0 

degrees) is aligned with the initial side of the angle. The base line of 

the protractor should be parallel to the initial side. 

 

4. **Measure the Angle:** 

   - Look at the protractor scale to find the degree markings. Locate the 

point where the second side of the angle intersects the protractor 

scale. This point indicates the degree measure of the angle. 

 

5. **Draw the Second Side:** 

   - Using your straight edge, draw the second side of the angle from 

the vertex (center hole of the protractor) to the point you identified on 

the protractor scale. 
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6. **Label the Angle:** 

   - Optionally, you can label the angle with its degree measure using 

the symbol "°." 

 

7. **Read the Degree Measure:** 

   - To measure the angle, read the degree value from the protractor 

scale where the second side intersects it. 

 

8. **Record the Measurement:** 

   - Note down the degree measurement of the angle. 

 

Remember that angles are measured in degrees, and a full circle or 

rotation is 360 degrees. Make sure to use the appropriate scale on your 

protractor to measure angles accurately. 

 

Polygons: Triangles, Quadrilaterals and Other Polygons 

Define polygon 

A polygon is a two-dimensional geometric shape or figure that is 

characterized by its flat, closed structure consisting of straight line 

segments. These line segments are called sides, and the points where 

they meet are called vertices. Polygons are one of the fundamental 

concepts in geometry and can have various numbers of sides and 

angles. 
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Key characteristics of polygons include: 

 

1. **Closed Shape:** A polygon is a closed figure, which means that all 

its sides connect end-to-end without any gaps or openings. 

 

2. **Straight Sides:** The sides of a polygon are straight line segments. 

They do not curve or bend. 

 

3. **Vertices:** Polygons have vertices, which are the points where the 

sides meet. Each vertex is shared by two adjacent sides. 

 

4. **Interior Angles:** Polygons have interior angles formed by the 

intersection of their sides. The sum of the interior angles in a polygon 

depends on the number of sides and can be calculated using the 

formula (n - 2) × 180 degrees, where "n" is the number of sides. 

 

Common examples of polygons include triangles (3 sides), 

quadrilaterals (4 sides), pentagons (5 sides), hexagons (6 sides), 

heptagons (7 sides), octagons (8 sides), and so on. Polygons can have 

any number of sides, but they must have at least three sides to be 

considered a polygon. 

 

Identify and name polygons with up to ten sides 
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Polygons can have various numbers of sides, and they are named 

based on the number of sides they possess. Here are polygons with up 

to ten sides, along with their names: 

 

1. **Triangle (3 sides):** 

   - A polygon with three sides is called a triangle. 

 

2. **Quadrilateral (4 sides):** 

   - A polygon with four sides is called a quadrilateral. 

 

3. **Pentagon (5 sides):** 

   - A polygon with five sides is called a pentagon. 

 

4. **Hexagon (6 sides):** 

   - A polygon with six sides is called a hexagon. 

 

5. **Heptagon (7 sides):** 

   - A polygon with seven sides is called a heptagon or a septagon. 

 

6. **Octagon (8 sides):** 

   - A polygon with eight sides is called an octagon. 
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7. **Nonagon (9 sides):** 

   - A polygon with nine sides is called a nonagon or an enneagon. 

 

8. **Decagon (10 sides):** 

   - A polygon with ten sides is called a decagon. 

 

These are the names of polygons with up to ten sides. Beyond this, 

polygons can have more sides and are named accordingly, such as 

undecagon (11 sides), dodecagon (12 sides), and so on. The names of 

polygons are derived from Greek or Latin numerical prefixes combined 

with the word "gon," which means "angle" or "corner." 

 

Classify triangles according to angles and sides Angles: Acute, Right, 

Obtuse 

Triangles can be classified based on both their angles and sides. Here's 

how triangles are classified according to their angles: 

 

**Based on Angles:** 

 

1. **Acute Triangle:** 

   - Definition: An acute triangle is a triangle in which all three interior 

angles are acute angles, meaning they are less than 90 degrees. 

   - Characteristics: All angles are smaller than a right angle (less than 

90 degrees). 
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2. **Right Triangle:** 

   - Definition: A right triangle is a triangle that has one right angle, 

which measures exactly 90 degrees. The other two angles are acute. 

   - Characteristics: One angle is 90 degrees, while the other two angles 

are acute. 

 

3. **Obtuse Triangle:** 

   - Definition: An obtuse triangle is a triangle in which one of the 

interior angles is an obtuse angle, meaning it is greater than 90 

degrees. The other two angles are acute. 

   - Characteristics: One angle is greater than 90 degrees (obtuse), while 

the other two angles are acute. 

 

Now, let's classify triangles based on their sides: 

 

**Based on Sides:** 

 

1. **Equilateral Triangle:** 

   - Definition: An equilateral triangle is a triangle in which all three 

sides are of equal length, and all three angles are congruent (each 

measuring 60 degrees). 

   - Characteristics: All sides are congruent, and all angles are congruent 

(60 degrees each). 
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2. **Isosceles Triangle:** 

   - Definition: An isosceles triangle is a triangle in which at least two 

sides are of equal length, and the two corresponding angles are 

congruent. 

   - Characteristics: At least two sides are of equal length, and the 

angles opposite those sides are congruent. 

 

3. **Scalene Triangle:** 

   - Definition: A scalene triangle is a triangle in which all three sides 

have different lengths, and all three angles are different. 

   - Characteristics: All sides have different lengths, and all angles are 

different. 

 

4. **Right Triangle (again):** 

   - We mentioned this earlier based on angles, but it can also be 

classified based on sides. A right triangle is a triangle with one right 

angle (90 degrees). 

 

These classifications provide a comprehensive way to describe and 

categorize triangles based on their angle measures and side lengths. 

 

Sides: Scalene, isosceles, equilateral 
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Triangles can be classified based on the lengths of their sides into three 

main categories: scalene, isosceles, and equilateral triangles. Here's a 

brief description of each type: 

 

1. **Scalene Triangle:** 

   - Definition: A scalene triangle is a triangle in which all three sides 

have different lengths. 

   - Characteristics: In a scalene triangle, no two sides are of equal 

length, and all three angles are different. 

 

2. **Isosceles Triangle:** 

   - Definition: An isosceles triangle is a triangle in which at least two 

sides have the same length (are congruent). 

   - Characteristics: In an isosceles triangle, two sides are of equal 

length, and the angles opposite those equal sides are congruent (have 

the same measure). 

 

3. **Equilateral Triangle:** 

   - Definition: An equilateral triangle is a triangle in which all three 

sides have the same length. 

   - Characteristics: In an equilateral triangle, all three sides are 

congruent, and all three angles are congruent. Each angle measures 60 

degrees. 
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These classifications help describe the relationships between the 

lengths of the sides in a triangle. They are important in geometry for 

analyzing and solving various triangle-related problems and theorems. 

 

Classifying quadrilaterals according to angles and sides • Parallelogram 

• Rhombus • Rectangle • Square • Trapezium/trapezoid • Kite 

 

Quadrilaterals, which are four-sided polygons, can be classified based 

on both their angles and sides. Here are common types of 

quadrilaterals and their classifications: 

 

**Based on Angles:** 

 

1. **Parallelogram:** 

   - **Definition:** A parallelogram is a quadrilateral with opposite sides 

that are parallel and opposite angles that are congruent. 

   - **Characteristics:** Opposite sides are parallel, and opposite angles 

are congruent. 

 

2. **Rhombus:** 

   - **Definition:** A rhombus is a quadrilateral with all sides of equal 

length and opposite angles that are congruent. 

   - **Characteristics:** All sides are congruent, and opposite angles are 

congruent. 
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3. **Rectangle:** 

   - **Definition:** A rectangle is a quadrilateral with all interior angles 

equal to 90 degrees (right angles). 

   - **Characteristics:** All angles are right angles (90 degrees), and 

opposite sides are equal in length. 

 

4. **Square:** 

   - **Definition:** A square is a quadrilateral with all sides of equal 

length and all interior angles equal to 90 degrees (right angles). 

   - **Characteristics:** All sides are congruent, and all angles are right 

angles (90 degrees). 

 

**Based on Sides:** 

 

1. **Trapezium (Trapezoid in American English):** 

   - **Definition:** A trapezium (trapezoid) is a quadrilateral with one 

pair of opposite sides that are parallel. 

   - **Characteristics:** One pair of opposite sides is parallel, but the 

other pair is not. 

 

2. **Kite:** 

   - **Definition:** A kite is a quadrilateral with two pairs of adjacent 

sides that are congruent (equal in length). 
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   - **Characteristics:** Two pairs of adjacent sides are congruent, and 

the diagonals are often perpendicular. 

 

These classifications provide a way to categorize and describe the 

properties of quadrilaterals based on both their angle measures and 

side lengths. It's important to note that terminology and definitions 

can vary slightly between different regions and educational systems. 

 

 

 

 

Circles 

Define a circle 

A circle is a two-dimensional geometric shape that is perfectly round 

and consists of all points in a plane that are equidistant from a fixed 

point called the center. The distance from the center to any point on 

the circle is known as the radius of the circle. A line segment that 

passes through the center and has both endpoints on the circle is 

called the diameter of the circle, and it is twice the length of the radius. 

 

Key characteristics of a circle include: 

 

1. **Center:** The fixed point in the center of the circle from which all 

points on the circle are equidistant. 
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2. **Radius:** The distance from the center to any point on the circle. 

All radii of a circle are equal in length. 

 

3. **Diameter:** A line segment that passes through the center of the 

circle and has endpoints on the circle. The diameter is twice the length 

of the radius. 

 

4. **Circumference:** The distance around the outer boundary of the 

circle. It is equal to the length of the circle. 

 

5. **Pi (π):** A mathematical constant (approximately 3.14159) used to 

calculate the circumference and area of a circle. The formula for the 

circumference of a circle is C = 2πr, where "C" is the circumference and 

"r" is the radius. 

 

6. **Area:** The amount of space enclosed by the circle. The formula 

for the area of a circle is A = πr^2, where "A" is the area and "r" is the 

radius. 

 

Circles are commonly found in various aspects of mathematics, science, 

engineering, and everyday life. They are used in geometry, 

trigonometry, physics, and many other fields to solve problems and 

describe natural phenomena. Circles also have aesthetic and symbolic 

significance in art, culture, and design. 
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Define and identify parts of a circle: • Centre • Radius • Diameter • 

Circumferenc e • Arc • Chord 

The parts of a circle include the following: 

 

1. **Center (Centre):** 

   - Definition: The center (or centre) of a circle is a fixed point located 

in the exact middle of the circle. It is equidistant from all points on the 

circle's boundary. 

   - Identification: The center is typically denoted as the point "O" in 

geometric diagrams. 

 

2. **Radius:** 

   - Definition: A radius of a circle is a line segment that extends from 

the center of the circle to any point on the circle's boundary. All radii of 

a circle have the same length. 

   - Identification: A radius is typically represented by the lowercase 

letter "r." 

 

3. **Diameter:** 

   - Definition: The diameter of a circle is a line segment that passes 

through the center of the circle and has both endpoints on the circle's 

boundary. The diameter is twice the length of the radius. 
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   - Identification: The diameter is typically represented by the 

lowercase letter "d." 

 

4. **Circumference:** 

   - Definition: The circumference of a circle is the distance around the 

outer boundary of the circle. It is the perimeter of the circle. 

   - Identification: The circumference is often denoted as "C." The 

formula for the circumference is C = 2πr, where "C" is the 

circumference, "π" is the mathematical constant pi (approximately 

3.14159), and "r" is the radius. 

 

5. **Arc:** 

   - Definition: An arc of a circle is a curved part of the circle's boundary 

between two points on the circle. It is a portion of the circle's 

circumference. 

   - Identification: Arcs are often named using the points or angles that 

define them, such as "arc AB" or "arc XYZ." 

 

6. **Chord:** 

   - Definition: A chord of a circle is a line segment that connects two 

points on the circle's boundary but does not necessarily pass through 

the center of the circle. 

   - Identification: Chords are typically represented as line segments 

within the circle and can be named using the endpoints of the chord, 

such as "chord AB." 
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These parts of a circle are fundamental to understanding and working 

with circles in geometry and mathematics. They are used to calculate 

various properties of circles, including their circumference, area, and 

the lengths of segments within the circle. 

 

Explain the relationship between radius and diameter. 

The relationship between the radius and diameter of a circle is 

straightforward and can be described as follows: 

 

1. **Definition:** 

   - The radius of a circle is a line segment that extends from the center 

of the circle to any point on the circle's boundary. 

   - The diameter of a circle is a line segment that passes through the 

center of the circle and has both endpoints on the circle's boundary. 

 

2. **Length Relationship:** 

   - The diameter is always twice the length of the radius. 

   - Mathematically, this relationship can be expressed as: Diameter (d) 

= 2 × Radius (r). 

 

3. **Formulas:** 

   - Diameter can be calculated using the radius with the formula: d = 

2r. 
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   - Radius can be calculated using the diameter with the formula: r = 

d/2. 

 

4. **Visual Representation:** 

   - In a diagram of a circle, the radius is the line segment from the 

center to any point on the circle, while the diameter is a line segment 

that goes through the center and connects two points on the circle, 

effectively splitting the circle into two equal halves. 

 

5. **Use in Circle Calculations:** 

   - The radius and diameter are essential measurements when 

calculating the circumference and area of a circle. For instance, the 

formula for the circumference of a circle is C = 2πr, where "C" is the 

circumference and "r" is the radius. Similarly, the area of a circle is 

given by the formula A = πr^2, where "A" is the area and "r" is the 

radius. Knowing the diameter allows you to calculate the radius and 

vice versa, which is crucial for circle-related calculations. 

 

In summary, the diameter is a line segment that is exactly twice as long 

as the radius in any circle. The relationship between the two is 

fundamental to geometry and is used in various circle-related 

calculations. 

 

Discover Pi as the ratio of a circle’s circumference to its diameter. 



244 | P a g e  

Grade 7 Mathematics Textbook 
 

Pi (π) is a mathematical constant that represents the ratio of a circle's 

circumference to its diameter. It is a fundamental concept in geometry 

and mathematics, and its value is approximately 3.14159. The 

relationship between π, the circumference (C), and the diameter (d) of a 

circle can be discovered as follows: 

 

1. **Circumference Formula:** The formula for the circumference (C) of 

a circle is given by: 

    

   C = 2πr 

 

   - Where "C" is the circumference, 

   - "π" (pi) is the mathematical constant, approximately equal to 

3.14159, 

   - and "r" is the radius of the circle. 

 

2. **Diameter Relationship:** The diameter (d) of a circle is twice the 

length of its radius, which can be expressed as: 

 

   d = 2r 

 

3. **Substitution:** Now, let's substitute the value of "d" from the 

diameter relationship into the circumference formula: 
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   C = 2πr 

 

   d = 2r 

 

   Therefore, we can express the circumference in terms of the diameter 

as: 

 

   C = πd 

 

4. **Conclusion:** From the above substitution, we see that the 

circumference (C) of a circle is equal to π times its diameter (d). This 

relationship is true for any circle, and it's the fundamental definition of 

π (pi). 

 

So, in summary, π is the constant that represents the ratio of a circle's 

circumference (C) to its diameter (d), as expressed by the formula C = 

πd. This ratio is constant for all circles, and the value of π is 

approximately 3.14159. It is one of the most important and widely used 

mathematical constants in various fields of mathematics and science. 

 

Determine the diameter given radius and vice versa 

To determine the diameter given the radius, or vice versa, you can use 

the following formulas: 
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1. **To Find the Diameter (d) Given the Radius (r):** 

 

   Diameter (d) = 2 × Radius (r) 

 

   To find the diameter when you know the radius, simply multiply the 

radius by 2. This is because the diameter is twice the length of the 

radius. 

 

2. **To Find the Radius (r) Given the Diameter (d):** 

 

   Radius (r) = Diameter (d) / 2 

 

   To find the radius when you know the diameter, divide the diameter 

by 2. This is because the radius is half the length of the diameter. 

 

These formulas are straightforward and allow you to calculate the 

diameter if you know the radius, or calculate the radius if you know the 

diameter. The relationship between the diameter and radius is 

fundamental to understanding and working with circles. 

 

Constructions & Scale Drawings 

Construct circles of given radii and diameters using a pair of 

compasses. 
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Constructing circles with specific radii or diameters using a pair of 

compasses is a fundamental geometric skill. Here's how you can do it: 

 

**To Construct a Circle with a Given Radius:** 

 

1. Begin by drawing a point on the paper, which will serve as the center 

of your circle. 

 

2. Set your compass to the desired radius length. To do this, adjust the 

width between the compass legs (the compass span) to match the 

desired radius. 

 

3. Place one leg of the compass on the center point you drew in step 1. 

 

4. Keeping the other leg of the compass stationary on the center point, 

rotate the compass around the center point to draw the circle. Make 

sure the compass stays open to the same width as the radius. 

 

5. Continue rotating the compass until you've completed the circle. 

 

**To Construct a Circle with a Given Diameter:** 

 

1. Start by drawing a point on the paper as the center of your circle. 
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2. Set your compass to half of the desired diameter. This means that 

the compass span should be half of the diameter length. 

 

3. Place one leg of the compass on the center point you drew in step 1. 

 

4. As before, rotate the compass around the center point to draw the 

circle, keeping the compass span consistent. 

 

5. Continue rotating the compass until you've completed the circle.  

 

Remember to use a pencil or pen for drawing, and ensure that the 

compass span remains fixed throughout the process. This will result in 

a circle with the desired radius or diameter centered at the designated 

point. 

 

Practicing this skill will help you become proficient in constructing 

circles of various sizes for geometry and other applications. 

 

Solid Shapes 

Identify and describe common solids shapes. • Cubes • Cuboids • 

Spheres • Cylinders • Cones • Prisms • Pyramids 

Common solid shapes in geometry include: 
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1. **Cuboid (Rectangular Prism):** 

   - Description: A cuboid, also known as a rectangular prism, has six 

rectangular faces, twelve edges, and eight vertices (corners). The 

opposite faces of a cuboid are congruent and parallel. 

 

2. **Cube:** 

   - Description: A cube is a special type of cuboid where all six faces 

are congruent squares. It has twelve edges and eight vertices. 

 

3. **Sphere:** 

   - Description: A sphere is a three-dimensional shape with a curved, 

smooth surface. All points on the surface of a sphere are equidistant 

from its center. It has no edges or vertices. 

 

4. **Cylinder:** 

   - Description: A cylinder has two congruent circular bases and a 

curved lateral surface connecting the bases. It has two edges (one on 

each base) and no vertices. 

 

5. **Cone:** 

   - Description: A cone has a circular base and a single curved surface 

that tapers to a point called the apex. It has one edge (around the 

base) and one vertex (the apex). 
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6. **Prism:** 

   - Description: A prism is a polyhedron with two parallel and 

congruent bases that are polygons. The sides are parallelograms or 

rectangles. The number of edges, vertices, and faces depends on the 

shape of the base and the number of sides of the base polygon. 

 

7. **Pyramid:** 

   - Description: A pyramid has a polygonal base and triangular sides 

that meet at a common vertex called the apex. The number of edges, 

vertices, and faces depends on the shape of the base and the number 

of sides of the base polygon. 

 

These common solid shapes have various properties and are often 

encountered in geometry and everyday life. They can be used to model 

and understand objects in the physical world and are essential 

concepts in geometry and mathematics. 

 

Recognize the nets of common solid shapes. 

A net is a two-dimensional flat representation of a three-dimensional 

solid shape that can be cut and folded to create the solid shape. Here 

are the nets for some common solid shapes: 

 

1. **Cube:** 
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   - Net: A cube has six square faces, and its net consists of six squares 

connected by tabs. When folded along the edges, it forms a three-

dimensional cube. 

 

2. **Cuboid (Rectangular Prism):** 

   - Net: A cuboid has six rectangular faces, and its net consists of six 

rectangles connected by tabs. Folding the net along the edges creates 

the three-dimensional cuboid. 

 

3. **Sphere:** 

   - A sphere does not have a flat net since it has a curved surface. It 

cannot be constructed by folding a flat shape. 

 

4. **Cylinder:** 

   - Net: A cylinder's net consists of two circles (the top and bottom) 

connected by a rectangular piece that forms the curved lateral surface. 

Rolling the rectangular piece into a cylinder creates the three-

dimensional shape. 

 

5. **Cone:** 

   - Net: A cone's net consists of a circular base connected to a 

triangular piece that tapers to a point. When the triangular piece is 

wrapped around the circular base, it forms the three-dimensional cone. 
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6. **Prism:** 

   - The net of a prism depends on the shape of its base. For example, a 

rectangular prism's net consists of two rectangles (the top and bottom) 

connected by four rectangles that form the sides. Other prisms have 

nets based on their base shape. 

 

7. **Pyramid:** 

   - Similar to prisms, the net of a pyramid depends on the shape of its 

base. A square pyramid's net, for instance, consists of a square base 

connected to four triangles that meet at a common vertex. 

 

Recognizing and understanding the nets of common solid shapes is 

essential for geometry and spatial visualization. It helps in 

understanding the relationships between the two-dimensional and 

three-dimensional representations of these shapes and can be used for 

activities such as paper model construction and problem-solving in 

geometry. 

 

Draw nets and make cubes and cuboids. 

Creating nets and constructing cubes and cuboids is a great way to 

visualize these three-dimensional shapes in a two-dimensional format. 

Here's how to draw nets and make cubes and cuboids: 

 

**Creating a Net for a Cube:** 
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1. Start by drawing a square. This will be one face of the cube. 

 

2. On each side of the square, draw tabs extending out from the sides. 

These tabs will be folded to create the other faces of the cube. 

 

3. Connect the ends of the tabs to each other, forming a larger square 

around the smaller square. This will be the opposite face of the cube. 

 

4. Repeat steps 1-3 to create two identical net squares. 

 

5. Cut out the squares along the outer lines. 

 

6. Fold the tabs inward along the lines connecting them to the central 

square. 

 

7. Attach the two squares by gluing or taping the tabs together. Make 

sure the squares are aligned, and the tabs are securely attached. 

 

8. Once the glue is dry, you'll have a three-dimensional cube. 

 

**Creating a Net for a Cuboid (Rectangular Prism):** 

 

1. Start by drawing a rectangle. This will be one face of the cuboid. 
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2. On each side of the rectangle, draw tabs extending out from the 

sides. These tabs will be folded to create the other faces of the cuboid. 

 

3. Connect the ends of the tabs to each other, forming a larger 

rectangle around the smaller rectangle. This will be the opposite face of 

the cuboid. 

 

4. Repeat steps 1-3 to create two identical net rectangles. 

 

5. Cut out the rectangles along the outer lines. 

 

6. Fold the tabs inward along the lines connecting them to the central 

rectangle. 

 

7. Attach the two rectangles by gluing or taping the tabs together. 

Make sure the rectangles are aligned, and the tabs are securely 

attached. 

 

8. Once the glue is dry, you'll have a three-dimensional cuboid 

(rectangular prism). 

 

By following these steps, you can create nets and construct cubes and 

cuboids. It's a fun and educational way to explore the properties of 
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these three-dimensional shapes and improve your spatial visualization 

skills. 

 

Explain the similarities and differences between cubes and cuboids. 

Cubes and cuboids are both three-dimensional geometric shapes, but 

they have some key similarities and differences: 

 

**Similarities:** 

 

1. **Faces:** Both cubes and cuboids have faces that are flat, two-

dimensional surfaces. These faces are polygons, and in the case of 

cubes and most cuboids, the faces are rectangles. 

 

2. **Edges:** Both cubes and cuboids have edges, which are the 

straight line segments where two faces meet. These edges are also line 

segments and are the boundaries of the faces. 

 

3. **Vertices:** Both cubes and cuboids have vertices (plural of vertex), 

which are the points where three or more edges meet. Vertices are the 

corners of these shapes. 

 

4. **Polyhedra:** Both cubes and cuboids belong to a broader category 

of geometric shapes known as polyhedra. Polyhedra are three-

dimensional shapes with flat faces. 
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**Differences:** 

 

1. **Equal Sides:** The most significant difference is that a cube has all 

of its sides (faces) of equal length. In other words, all of its edges are 

congruent, and all of its angles are right angles (90 degrees). This 

means a cube is a special type of cuboid where all faces are squares. 

 

2. **Rectangular vs. Square Faces:** A cuboid has rectangular faces, 

which means that its opposite faces are pairs of congruent rectangles. 

These rectangles may have different dimensions, leading to the 

variation in edge lengths within a cuboid. 

 

3. **Symmetry:** While both cubes and cuboids exhibit a degree of 

symmetry due to their flat faces and straight edges, cubes have a 

higher degree of symmetry because all their faces are identical squares. 

Cubes have more rotational and reflectional symmetry. 

 

4. **Volume and Surface Area:** The formulas for calculating the 

volume and surface area of cubes and cuboids are different due to 

their varying edge lengths. For a cube, the volume is V = s^3, where "s" 

is the length of a side, and the surface area is A = 6s^2. For a cuboid, 

the volume is V = lwh, where "l" is the length, "w" is the width, and "h" 

is the height, and the surface area is A = 2lw + 2lh + 2wh. 
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In summary, cubes and cuboids are both polyhedra with faces, edges, 

and vertices, but their defining characteristics differ significantly. Cubes 

have equal-length sides and square faces, while cuboids have 

rectangular faces with varying dimensions. These differences affect 

their symmetry, formulas for volume and surface area, and overall 

appearance. 

 

State the number of faces, vertices and edges of cubes and cuboids. 

Here are the number of faces, vertices, and edges for cubes and 

cuboids: 

 

**Cubes:** 

- Faces: A cube has 6 faces. Each face is a square. 

- Vertices: A cube has 8 vertices (corners). All vertices have three edges 

meeting at right angles. 

- Edges: A cube has 12 edges. Each edge connects two vertices. 

 

**Cuboids (Rectangular Prisms):** 

- Faces: A cuboid has 6 faces. These faces consist of 2 pairs of 

congruent rectangles (opposite faces) and 1 pair of congruent squares 

(top and bottom faces). 

- Vertices: A cuboid has 8 vertices (corners). Each vertex is where three 

edges meet, and some of these vertices may be at right angles, while 

others may not, depending on the dimensions of the cuboid. 

- Edges: A cuboid has 12 edges. Each edge connects two vertices. 
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In summary, both cubes and cuboids have 6 faces and 8 vertices. 

However, cubes have 12 edges, whereas cuboids also have 12 edges, 

but they are structured differently due to the presence of rectangular 

faces in addition to square faces. 

 

Similarity and Congruency 

Define and recognize congruent figures. 

Congruent figures are geometric shapes or objects that have the same 

shape and size. In other words, when you compare two congruent 

figures, they are identical in every way, including their angles and side 

lengths. Here are the key points to recognize and understand 

congruent figures: 

 

1. **Same Shape:** Congruent figures have the same shape. This 

means that if you were to superimpose one figure onto the other, they 

would match perfectly, with all corresponding parts overlapping. 

 

2. **Same Size:** Not only do congruent figures have the same shape, 

but they also have the same size. This means that all corresponding 

sides and angles are equal in measurement. 

 

3. **Notation:** In geometry, congruence is often denoted using the ≅ 

symbol. For example, if you have two triangles, triangle ABC ≅ triangle 

DEF indicates that triangle ABC is congruent to triangle DEF. 
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4. **Properties of Congruent Figures:** 

   - Corresponding angles of congruent figures are equal in measure. 

   - Corresponding sides of congruent figures have the same length. 

   - Congruent figures have the same area and perimeter (for polygons). 

 

5. **Congruent Figures vs. Similar Figures:** It's important to 

distinguish between congruent figures and similar figures. Similar 

figures have the same shape but may have different sizes, whereas 

congruent figures are identical in both shape and size. 

 

6. **Applications:** Congruent figures are widely used in geometry and 

other areas of mathematics. They are used in proofs, construction, and 

various geometric problems. 

 

To recognize congruent figures, you should look for matching shapes 

and sizes in geometric diagrams. If two figures have the same shape 

and the same measurements for all corresponding sides and angles, 

they are congruent. Understanding congruence is fundamental in 

geometry, as it allows for precise comparisons and analysis of 

geometric shapes and objects. 

 

Vectors 

No notes 



260 | P a g e  

Grade 7 Mathematics Textbook 
 

 

Transformations & Symmetry 

Define transformation 

In mathematics, a transformation refers to a process or operation that 

changes the position, orientation, size, or shape of a geometric figure 

or object. Transformations are used to manipulate and study objects in 

geometry and other mathematical disciplines. There are several types 

of transformations, including: 

 

1. **Translation:** A translation, also known as a "slide" or "shift," 

moves every point of an object in a specified direction and distance 

without altering its size, shape, or orientation. It is like sliding an object 

along a straight path. 

 

2. **Rotation:** A rotation turns an object around a fixed point, known 

as the center of rotation, by a certain angle. This transformation 

changes the orientation of the object while keeping its size and shape 

intact. 

 

3. **Reflection:** A reflection, also known as a "flip," produces a mirror 

image of an object across a line called the axis of reflection. This 

transformation reverses the orientation of the object while preserving 

its size and shape. 
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4. **Dilation:** A dilation, also known as a "scaling" or "resizing," 

enlarges or reduces an object by a scale factor while keeping its center 

fixed. This transformation changes the size of the object but not its 

shape or orientation. 

 

5. **Composite Transformations:** Complex transformations can be 

created by combining two or more elementary transformations. For 

example, a translation followed by a rotation can be used to perform 

more intricate transformations. 

 

Transformations are essential tools in geometry and are used to study 

congruence, similarity, symmetry, and other geometric properties. They 

also play a crucial role in various mathematical fields, including linear 

algebra, computer graphics, and physics, where they are used to model 

and analyze changes in objects and data. 

 

Define reflection and mirror line 

In geometry, a reflection is a type of transformation that produces a 

mirror image of an object across a specific line, plane, or axis. This 

transformation changes the orientation of the object while preserving 

its size and shape. A reflection is also known as a "flip" because it 

creates an image that is a mirror reversal of the original. 

 

Key characteristics of a reflection include: 
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1. **Mirror Line (Axis of Reflection):** The mirror line, also known as the 

axis of reflection, is a straight line that serves as the reference for the 

reflection. The object is mirrored across this line. 

 

2. **Mirror Image:** The result of a reflection is a mirror image of the 

original object. This means that corresponding points on the object 

and its image are equidistant from the mirror line and are located on 

opposite sides of the mirror line. 

 

3. **Invariance of Shape and Size:** During a reflection, the size and 

shape of the object remain the same. Only the orientation changes. If 

an object is congruent to its image after a reflection, it means that they 

have the same shape and size. 

 

The mirror line can be horizontal, vertical, or diagonal, depending on 

the specific reflection. For example: 

 

- A horizontal reflection flips an object over a horizontal mirror line. 

- A vertical reflection flips an object over a vertical mirror line. 

- A diagonal reflection flips an object over a diagonal mirror line. 

 

The concept of reflection is widely used in geometry to study symmetry 

and to create symmetrical designs. It is also an essential transformation 

in various fields, including art, architecture, and engineering, where it is 

used to create symmetrical patterns and designs. 
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Recognize and draw reflections in horizontal and vertical lines. 

Recognizing and drawing reflections across horizontal and vertical lines 

is a fundamental concept in geometry. Here's how to do it: 

 

**Reflecting in a Horizontal Line:** 

 

1. **Identify the Line of Reflection:** Determine the horizontal line (also 

known as the axis of reflection) across which you want to reflect the 

object. This line will be horizontal and can be above or below the 

object. 

 

2. **Measure the Distance:** Measure the distance between each point 

on the object and the horizontal line of reflection. This distance should 

be the same for corresponding points on both sides of the line. 

 

3. **Reflect the Points:** To draw the reflected image, locate each point 

on the opposite side of the horizontal line at the same distance. For 

points above the line, place their reflected counterparts below the line, 

and for points below the line, place their reflected counterparts above 

the line. 

 

4. **Connect the Points:** Connect the reflected points to form the 

reflected object. Ensure that the shape of the reflected object matches 

the original object. 
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**Reflecting in a Vertical Line:** 

 

1. **Identify the Line of Reflection:** Determine the vertical line (axis of 

reflection) across which you want to reflect the object. This line will be 

vertical and can be to the left or right of the object. 

 

2. **Measure the Distance:** Measure the distance between each point 

on the object and the vertical line of reflection. This distance should be 

the same for corresponding points on both sides of the line. 

 

3. **Reflect the Points:** To draw the reflected image, locate each point 

on the opposite side of the vertical line at the same distance. For points 

to the left of the line, place their reflected counterparts to the right of 

the line, and for points to the right of the line, place their reflected 

counterparts to the left of the line. 

 

4. **Connect the Points:** Connect the reflected points to form the 

reflected object, ensuring that the shape matches the original object. 

 

Remember that in both cases, the distance between corresponding 

points should be the same on both sides of the line of reflection to 

ensure that the reflection is accurate. Drawing reflections is a valuable 

skill for understanding symmetry and transformations in geometry. 
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Define line/reflective symmetry and the axis of symmetry Recognize 

and draw lines of symmetry so that a given horizontal/vertical line is 

the axis of symmetry. 

**Line (Reflective) Symmetry:** 

 

Line symmetry, also known as reflective symmetry, is a fundamental 

concept in geometry and art. It refers to a type of symmetry where an 

object or shape can be divided into two identical halves by a straight 

line called the "axis of symmetry" or "line of symmetry." In other words, 

if you were to fold the object along its axis of symmetry, the two halves 

would perfectly coincide, or "reflect" each other. 

 

**Axis of Symmetry (Line of Symmetry):** 

 

The axis of symmetry, also called the line of symmetry, is the straight 

line that divides an object into two congruent (equal in size and shape) 

halves. The object's left and right or top and bottom halves are mirror 

images of each other when reflected across this line. 

 

Recognizing and Drawing Lines of Symmetry: 

 

To recognize and draw lines of symmetry where a given horizontal or 

vertical line is the axis of symmetry: 

 

**Horizontal Line of Symmetry:** 
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1. Examine the object or shape and identify any horizontal lines where 

you suspect symmetry might exist. 

 

2. Mentally fold the object along the horizontal line you identified. 

Check if the two halves match perfectly. If they do, you've found the 

line of symmetry. 

 

3. To draw the line of symmetry, mark the horizontal line on the object 

or shape. Ensure that it passes through the center of the object, 

dividing it into two congruent halves. 

 

**Vertical Line of Symmetry:** 

 

1. Examine the object or shape and look for vertical lines where you 

suspect symmetry might exist. 

 

2. Mentally fold the object along the vertical line you identified. Check 

if the two halves match perfectly. If they do, you've found the line of 

symmetry. 

 

3. To draw the line of symmetry, mark the vertical line on the object or 

shape. Ensure that it passes through the center of the object, dividing it 

into two congruent halves. 
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In some cases, objects may have multiple lines of symmetry, while 

others may not have any. It's important to visualize the folding process 

and check if the halves are congruent to determine the axis of 

symmetry accurately. Lines of symmetry are crucial in geometry and 

design, where they are used to create balanced and aesthetically 

pleasing shapes and patterns. 

 

Complete a shape so that a given horizontal or vertical line is the axis 

of symmetry. 

Creating a shape with a given horizontal or vertical line as the axis of 

symmetry involves drawing one half of the shape and then replicating 

it on the other side of the axis to achieve symmetry. Here are steps to 

complete a shape with a specific axis of symmetry: 

 

**Horizontal Line of Symmetry:** 

 

1. Start by drawing one half of the shape above the horizontal line of 

symmetry. This half should be identical to the other half you want to 

create below the line. 

 

2. Carefully replicate the entire top half below the horizontal line. 

Ensure that each point on the top half has a corresponding point on 

the bottom half that is the same distance from the line of symmetry. 
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3. The result should be a shape with a horizontal line of symmetry. The 

top and bottom halves should be mirror images of each other. 

 

**Vertical Line of Symmetry:** 

 

1. Begin by drawing one half of the shape to the left of the vertical line 

of symmetry. This half should be identical to the other half you want to 

create on the right side. 

 

2. Accurately replicate the entire left half on the right side of the 

vertical line. Ensure that each point on the left half has a corresponding 

point on the right half that is the same distance from the line of 

symmetry. 

 

3. The outcome should be a shape with a vertical line of symmetry. The 

left and right halves should be mirror images of each other. 

 

When completing a shape with a specific axis of symmetry, it's essential 

to maintain symmetry by ensuring that the distances between 

corresponding points are the same on both sides of the line. Symmetry 

plays a significant role in various fields, including art, design, and 

mathematics, where it is used to create balance and aesthetically 

pleasing visuals. 

 

Trigonometry 
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No notes 

 

Units of Measurement 

Define length, mass and capacity 

 

Certainly, here are definitions for length, mass, and capacity: 

 

**Length:** 

Length is a physical quantity that measures the extent of an object or 

the distance between two points. It is typically measured in units such 

as meters (m), centimeters (cm), feet (ft), or inches (in). Length is a 

fundamental dimension in geometry and physics and is used to 

describe how long or short an object is in one dimension. 

 

**Mass:** 

Mass is a measure of the amount of matter in an object. It is an intrinsic 

property of matter and is independent of location. Mass is typically 

measured in units such as kilograms (kg), grams (g), pounds (lb), or 

ounces (oz). Mass is a fundamental concept in physics and is used to 

describe the quantity of material in an object. 

 

**Capacity:** 

Capacity, often referred to as volume, is a measure of the amount of 

space that an object or a container can hold. It is used to quantify the 
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"size" or "amount" of a substance that can be accommodated within a 

given space. Capacity is measured in units such as liters (L), milliliters 

(mL), gallons (gal), or fluid ounces (fl oz). Capacity is commonly used in 

contexts such as measuring liquids in containers and calculating the 

volume of objects. 

 

These three measurements—length, mass, and capacity—are 

fundamental in various fields of science, engineering, and everyday life, 

and they provide essential information for quantifying and describing 

physical quantities and objects. 

 

 

Define and determine benchmarks for imperial units of length, mass 

and capacity. 

Imperial units are a system of measurement used primarily in the 

United States and some other countries. Here are definitions and 

benchmarks for some common Imperial units of length, mass, and 

capacity: 

 

**Length:** 

- **Inch (in):** An inch is a unit of length equal to 1/12th of a foot. The 

benchmark for an inch is roughly the width of the top joint of an 

adult's thumb. 

- **Foot (ft):** A foot is a unit of length equal to 12 inches. The 

benchmark for a foot is approximately the length of a typical adult 

foot. 
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**Mass:** 

- **Ounce (oz):** An ounce is a unit of mass. In the Imperial system, it is 

commonly used to measure the weight of small objects. The 

benchmark for an ounce is roughly the weight of one US fluid ounce of 

water. 

- **Pound (lb):** A pound is a unit of mass equal to 16 ounces. The 

benchmark for a pound is roughly the weight of a medium-sized apple 

or about 0.45 kilograms. 

 

**Capacity:** 

- **Fluid Ounce (fl oz):** A fluid ounce is a unit of capacity used to 

measure the volume of liquids. The benchmark for a fluid ounce is 

approximately the volume of one ounce of water. 

- **Pint (pt):** A pint is a unit of capacity equal to 16 fluid ounces. The 

benchmark for a pint is about the volume of a typical drinking glass 

filled to the brim. 

- **Gallon (gal):** A gallon is a unit of capacity equal to 128 fluid 

ounces. The benchmark for a gallon is approximately the volume of a 

milk jug or a standard-sized bucket filled to the top. 

 

It's important to note that while these benchmarks can provide a 

general sense of the size or weight associated with these Imperial units, 

they may vary slightly depending on factors like regional variations and 

the specific object being used as a reference. Imperial units are 

commonly used in the United States for everyday measurements, 
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especially in contexts like cooking and construction, where these 

benchmarks are practical references. 

 

Estimate and measure lengths using appropriate imperial units. 

Estimating and measuring lengths using appropriate Imperial units is a 

common practice in the United States and a few other countries. Here's 

how to estimate and measure lengths with Imperial units: 

 

**1. Understand the Units:** 

   - Familiarize yourself with common Imperial units of length, such as 

inches (in), feet (ft), and yards (yd). Know their relationships: 1 foot 

equals 12 inches, and 1 yard equals 3 feet (36 inches). 

 

**2. Estimation:** 

   - Use visual cues to estimate lengths. For example, you can estimate 

that a typical sheet of paper is about 11 inches long or that a shoebox 

is roughly 1 foot long. 

   - For longer distances, you can estimate by counting footsteps. An 

average adult's step is roughly 2.5 feet long. 

 

**3. Use Measuring Tools:** 

   - To make precise measurements, use appropriate measuring tools, 

such as rulers, tape measures, or yardsticks. 
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   - For short lengths, use a ruler or a tape measure in inches. Align the 

starting point with the object's edge and read the measurement at the 

endpoint. 

   - For longer lengths, consider using a measuring tape in feet or yards. 

These tapes typically have both Imperial and metric measurements. 

 

**4. Measuring Techniques:** 

   - When measuring with a ruler, ensure it is aligned perfectly with the 

object's edge for accuracy. 

   - For curved or irregular objects, use a flexible measuring tape or a 

piece of string to measure along the curve, and then compare it to a 

straight ruler or tape measure. 

 

**5. Record the Measurement:** 

   - After measuring, record the length with the appropriate Imperial 

unit (e.g., inches, feet, or yards). 

 

**6. Conversion:** 

   - If needed, convert measurements between different Imperial units. 

For example, convert inches to feet by dividing by 12 or convert feet to 

yards by dividing by 3. 

 

**7. Check for Precision:** 
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   - Pay attention to the precision of your measurements. Some 

measuring tools may have markings for fractions of an inch, which can 

be useful for precise measurements. 

 

**8. Practice:** 

   - Like any skill, measuring lengths with Imperial units improves with 

practice. The more you measure, the more accurate your estimates will 

become. 

 

Remember that estimating and measuring lengths accurately is 

essential in various fields, including construction, carpentry, and crafts. 

It's important to use the appropriate measuring tools and techniques 

to ensure that measurements are as accurate as needed for a specific 

task or project. 

 

Estimate mass and capacity using appropriate imperial units. 

Estimating mass and capacity using appropriate Imperial units, such as 

ounces, pounds, fluid ounces, pints, and gallons, can be useful in 

various situations. Here's how to estimate mass and capacity with 

Imperial units: 

 

**Estimating Mass:** 

 

1. **Understand the Units:** 
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   - Familiarize yourself with common Imperial units of mass, such as 

ounces (oz) and pounds (lb). 

 

2. **Visual Estimation:** 

   - Use visual cues to estimate mass. For example, you can estimate the 

weight of a small object by comparing it to common reference objects. 

For instance, a standard letter might weigh about 1 ounce. 

 

3. **Kitchen Estimations:** 

   - In the kitchen, you can estimate ingredient quantities using 

common kitchen tools. For example, you can estimate that half a stick 

of butter is roughly 2 ounces or that a small handful of flour is 

approximately 1 ounce. 

 

4. **Comparative Estimations:** 

   - Compare the object you want to estimate to objects of known 

mass. This can provide a rough estimate. For instance, if you have a 

bag of apples, you can estimate the weight of one apple by comparing 

it to another apple of known weight. 

 

**Estimating Capacity:** 

 

1. **Understand the Units:** 
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   - Be familiar with common Imperial units of capacity, such as fluid 

ounces (fl oz), pints (pt), and gallons (gal). 

 

2. **Visual Estimation:** 

   - Estimate capacity visually. For example, you can estimate that a 

drinking glass is approximately 16 fluid ounces (1 pint) when filled to a 

certain level. 

 

3. **Comparative Estimations:** 

   - Compare the container you want to estimate to containers of 

known capacity. For instance, if you have a pitcher, you can estimate its 

capacity by comparing it to a 1-gallon jug. 

 

4. **Kitchen Estimations:** 

   - In the kitchen, you can estimate ingredient quantities using 

common kitchen tools. For example, you can estimate that a small 

glass holds about 8 fluid ounces (1 cup) of liquid. 

 

5. **Conversion:** 

   - If needed, convert between different Imperial units of capacity. For 

example, 1 pint is equivalent to 16 fluid ounces, and 1 gallon is equal 

to 8 pints. 

 

6. **Check for Precision:** 
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   - Be aware of the precision of your estimations. Some measuring 

cups and containers have markings for fractions of fluid ounces, which 

can help with more precise estimations. 

 

Estimating mass and capacity with Imperial units is a valuable skill, 

especially in everyday tasks like cooking, baking, and measuring 

liquids. While it may not be as precise as using measuring tools, it can 

provide a reasonably accurate estimate for many practical purposes. 

 

Converting between imperial units of length, mass and capacity. 

Converting between Imperial units of length, mass, and capacity 

involves changing the measurement from one unit to another within 

the same category (e.g., from inches to feet or from ounces to pounds). 

Here are some common conversion factors for Imperial units: 

 

**Length Conversions:** 

 

1. **Inches (in) to Feet (ft):** 

   - 1 foot (ft) = 12 inches (in) 

   - To convert inches to feet, divide the number of inches by 12. 

 

2. **Feet (ft) to Yards (yd):** 

   - 1 yard (yd) = 3 feet (ft) 

   - To convert feet to yards, divide the number of feet by 3. 
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**Mass Conversions:** 

 

1. **Ounces (oz) to Pounds (lb):** 

   - 1 pound (lb) = 16 ounces (oz) 

   - To convert ounces to pounds, divide the number of ounces by 16. 

 

**Capacity Conversions:** 

 

1. **Fluid Ounces (fl oz) to Pints (pt):** 

   - 1 pint (pt) = 16 fluid ounces (fl oz) 

   - To convert fluid ounces to pints, divide the number of fluid ounces 

by 16. 

 

2. **Pints (pt) to Quarts (qt):** 

   - 1 quart (qt) = 2 pints (pt) 

   - To convert pints to quarts, divide the number of pints by 2. 

 

3. **Quarts (qt) to Gallons (gal):** 

   - 1 gallon (gal) = 4 quarts (qt) 

   - To convert quarts to gallons, divide the number of quarts by 4. 
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**Examples:** 

 

- To convert 24 inches to feet: 24 inches ÷ 12 = 2 feet 

- To convert 32 ounces to pounds: 32 ounces ÷ 16 = 2 pounds 

- To convert 64 fluid ounces to quarts: 64 fl oz ÷ 32 (2 pints per quart) 

= 2 quarts 

 

When converting between Imperial units, remember to use the 

appropriate conversion factor based on the units you are converting. 

This allows you to change from one unit to another while preserving 

the same quantity. 

 

Define and determine benchmarks for metric units of length, mass and 

capacity. 

Metric units are part of the International System of Units (SI), which is 

used worldwide for scientific and everyday measurements. Here are 

definitions and benchmarks for some common metric units of length, 

mass, and capacity: 

 

**Length:** 

- **Millimeter (mm):** A millimeter is a unit of length equal to one-

thousandth (1/1,000) of a meter. The benchmark for a millimeter is 

roughly the thickness of a dime or the width of a paperclip. 
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- **Centimeter (cm):** A centimeter is a unit of length equal to one-

hundredth (1/100) of a meter. The benchmark for a centimeter is 

approximately the width of a small fingernail. 

- **Meter (m):** A meter is the fundamental unit of length in the metric 

system. The benchmark for a meter is roughly the height of an average 

doorknob. 

 

**Mass:** 

- **Gram (g):** A gram is a unit of mass in the metric system. The 

benchmark for a gram is roughly the weight of a small paperclip. 

- **Kilogram (kg):** A kilogram is a unit of mass equal to 1,000 grams. 

The benchmark for a kilogram is approximately the mass of a liter of 

water or a bag of sugar. 

 

**Capacity:** 

- **Milliliter (mL):** A milliliter is a unit of capacity in the metric system 

equal to one-thousandth (1/1,000) of a liter. The benchmark for a 

milliliter is roughly the volume of a few drops of water. 

- **Liter (L):** A liter is the fundamental unit of capacity in the metric 

system. The benchmark for a liter is approximately the volume of a 

one-liter bottle of water. 

 

These benchmarks provide a general sense of the size or weight 

associated with these metric units. They can be used as references for 

estimating and visualizing quantities. Metric units are widely used in 
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scientific, medical, and everyday applications, and they offer a decimal-

based system that is easy to work with, making conversions between 

units straightforward. 

 

Estimate and measure lengths using appropriate metric units. 

Estimating and measuring lengths using appropriate metric units is a 

common practice worldwide, especially in scientific and everyday 

contexts. Here's how to estimate and measure lengths with metric 

units: 

 

**1. Understand the Units:** 

   - Familiarize yourself with common metric units of length, such as 

millimeters (mm), centimeters (cm), and meters (m). Know their 

relationships: 1 meter equals 100 centimeters or 1,000 millimeters. 

 

**2. Estimation:** 

   - Use visual cues to estimate lengths. For example, you can estimate 

the length of a piece of paper as approximately 30 centimeters or 

visualize the width of a finger as about 1 centimeter. 

 

**3. Use Measuring Tools:** 

   - To make precise measurements, use appropriate measuring tools 

such as rulers, tape measures, or calipers. 
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   - For short lengths, use a ruler or a tape measure in centimeters or 

millimeters. Align the starting point with the object's edge and read the 

measurement at the endpoint. 

   - For longer lengths, consider using a meterstick or a measuring tape 

in meters. These tools typically have both metric and imperial 

measurements. 

 

**4. Measuring Techniques:** 

   - When measuring with a ruler or tape measure, ensure it is aligned 

perfectly with the object's edge for accuracy. 

   - For curved or irregular objects, use calipers or flexible measuring 

tapes to measure along the curve, and then compare it to a straight 

ruler or tape measure. 

 

**5. Record the Measurement:** 

   - After measuring, record the length with the appropriate metric unit 

(e.g., millimeters, centimeters, or meters). 

 

**6. Conversion:** 

   - If needed, convert measurements between different metric units. 

For example, convert centimeters to meters by dividing by 100. 

 

**7. Check for Precision:** 
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   - Pay attention to the precision of your measurements. Some 

measuring tools may have markings for fractions of a millimeter or 

centimeter, which can help with more precise measurements. 

 

**8. Practice:** 

   - Like any skill, measuring lengths with metric units improves with 

practice. The more you measure, the more accurate your estimates will 

become. 

 

Remember that estimating and measuring lengths with metric units is a 

fundamental skill used in various fields, including science, engineering, 

construction, and everyday tasks. The metric system's decimal-based 

nature makes it efficient and easy to work with for measurement and 

conversions. 

 

Estimate mass and capacity using appropriate metric units. 

Estimating mass and capacity using appropriate metric units, such as 

grams (g), kilograms (kg), milliliters (mL), and liters (L), is a common 

practice in scientific, medical, and everyday contexts. Here's how to 

estimate mass and capacity with metric units: 

 

**Estimating Mass:** 

 

1. **Understand the Units:** 
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   - Familiarize yourself with common metric units of mass, such as 

grams (g) and kilograms (kg). 

    

2. **Visual Estimation:** 

   - Use visual cues to estimate mass. For example, you can estimate 

that a small object like a paperclip weighs about 1 gram, while a bag of 

sugar is approximately 1 kilogram. 

 

3. **Comparative Estimations:** 

   - Compare the object you want to estimate to objects of known 

mass. For instance, if you have a bag of apples, you can estimate the 

weight of one apple by comparing it to another apple of known 

weight. 

 

**Estimating Capacity:** 

 

1. **Understand the Units:** 

   - Be familiar with common metric units of capacity, such as milliliters 

(mL) and liters (L). 

 

2. **Visual Estimation:** 

   - Estimate capacity visually by comparing the object or container to 

common reference objects. For example, you can estimate that a small 

glass holds about 250 milliliters (0.25 liters) of liquid. 
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3. **Comparative Estimations:** 

   - Compare the container you want to estimate to containers of 

known capacity. For instance, if you have a water bottle, you can 

estimate its capacity by comparing it to a 500 mL (0.5 L) water bottle. 

 

4. **Conversion for Capacity:** 

   - If needed, convert between milliliters (mL) and liters (L). There are 

1,000 milliliters in 1 liter, so you can easily convert between these units. 

 

5. **Check for Precision:** 

   - Be aware of the precision of your estimations. Some measuring 

containers have markings for fractions of milliliters or liters, which can 

help with more precise estimations. 

 

Estimating mass and capacity with metric units is a valuable skill, 

especially in scientific experiments, cooking, and other practical 

applications. While it may not be as precise as using measuring tools, it 

can provide a reasonably accurate estimate for many purposes. 

 

 

 

 

Converting between metric units of length, mass and capacity. 
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Converting between metric units of length, mass, and capacity is a 

straightforward process. In the metric system, conversions are based on 

powers of 10, which makes them relatively simple. Here are some 

common conversion factors for metric units: 

 

**Length Conversions:** 

 

1. **Millimeters (mm) to Centimeters (cm):** 

   - 1 centimeter (cm) = 10 millimeters (mm) 

   - To convert millimeters to centimeters, divide by 10. 

 

2. **Centimeters (cm) to Meters (m):** 

   - 1 meter (m) = 100 centimeters (cm) 

   - To convert centimeters to meters, divide by 100. 

 

**Mass Conversions:** 

 

1. **Milligrams (mg) to Grams (g):** 

   - 1 gram (g) = 1,000 milligrams (mg) 

   - To convert milligrams to grams, divide by 1,000. 

 

2. **Grams (g) to Kilograms (kg):** 
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   - 1 kilogram (kg) = 1,000 grams (g) 

   - To convert grams to kilograms, divide by 1,000. 

 

**Capacity Conversions:** 

 

1. **Milliliters (mL) to Liters (L):** 

   - 1 liter (L) = 1,000 milliliters (mL) 

   - To convert milliliters to liters, divide by 1,000. 

 

**Examples:** 

 

- To convert 750 millimeters to centimeters: 750 mm ÷ 10 = 75 cm. 

- To convert 4,500 milligrams to grams: 4,500 mg ÷ 1,000 = 4.5 g. 

- To convert 3,200 milliliters to liters: 3,200 mL ÷ 1,000 = 3.2 L. 

 

When converting between metric units, always use the appropriate 

conversion factor based on the units you are converting. The key is to 

move the decimal point to the right or left by the appropriate number 

of places based on the conversion factor. This preserves the value while 

changing the unit of measurement. 

 

Use rough equivalents to convert between imperial and metric units of 

capacity 
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Converting between Imperial and metric units of capacity can be done 

using rough equivalents for estimation. While these approximations 

may not be precise, they can help provide a general idea of the 

equivalent capacities. Here are some rough equivalents to convert 

between common Imperial and metric units of capacity: 

 

**Capacity Conversions:** 

 

1. **Fluid Ounces (fl oz) to Milliliters (mL):** 

   - 1 fluid ounce (fl oz) is approximately equal to 30 milliliters (mL). So, 

you can estimate that 1 fl oz ≈ 30 mL. 

 

2. **Pints (pt) to Liters (L):** 

   - 1 pint (pt) is approximately equal to 0.473 liters (L). You can 

estimate that 1 pt ≈ 0.47 L. 

 

3. **Quarts (qt) to Liters (L):** 

   - 1 quart (qt) is roughly equal to 0.946 liters (L). You can estimate that 

1 qt ≈ 0.95 L. 

 

4. **Gallons (gal) to Liters (L):** 

   - 1 gallon (gal) is approximately equal to 3.785 liters (L). You can 

estimate that 1 gal ≈ 3.79 L. 
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5. **Milliliters (mL) to Fluid Ounces (fl oz):** 

   - 30 milliliters (mL) is roughly equivalent to 1 fluid ounce (fl oz). So, 

you can estimate that 30 mL ≈ 1 fl oz. 

 

6. **Liters (L) to Quarts (qt):** 

   - 1 liter (L) is approximately equal to 1.057 quarts (qt). You can 

estimate that 1 L ≈ 1.06 qt. 

 

These rough equivalents provide a basic sense of the conversions 

between Imperial and metric units of capacity. Keep in mind that they 

are approximations and may not be precise for highly accurate 

measurements. For more accurate conversions, it's best to use the 

exact conversion factors, especially in scientific or critical applications. 

 

Define and convert between units of time. Reading calendars and 

schedules 

Defining and converting between units of time is essential for reading 

calendars and schedules. Here are common units of time and how to 

convert between them: 

 

**Units of Time:** 

 

1. **Second (s):** 
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   - The second is the base unit of time in the International System of 

Units (SI). It is the smallest commonly used unit of time. 

 

2. **Minute (min):** 

   - 1 minute (min) is equal to 60 seconds (s). 

 

3. **Hour (h):** 

   - 1 hour (h) is equal to 60 minutes (min) or 3,600 seconds (s). 

 

4. **Day (d):** 

   - 1 day (d) is equal to 24 hours (h), or 1,440 minutes (min), or 86,400 

seconds (s). 

 

5. **Week (wk):** 

   - 1 week (wk) typically consists of 7 days. 

 

6. **Month:** 

   - Months can vary in length. The average month has approximately 

30 or 31 days. However, some months have 28 or 29 days (February), 

and one has 28 or 29 days (February), and one has 30 or 31 days (July). 

 

7. **Year (yr):** 
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   - A common year has 365 days, while a leap year has 366 days (due 

to an extra day in February). 

 

**Converting Between Units of Time:** 

 

1. **To convert from hours to minutes:** Multiply the number of hours 

by 60 (since there are 60 minutes in an hour). 

 

2. **To convert from minutes to seconds:** Multiply the number of 

minutes by 60 (since there are 60 seconds in a minute). 

 

3. **To convert from days to hours:** Multiply the number of days by 

24 (since there are 24 hours in a day). 

 

4. **To convert from weeks to days:** Multiply the number of weeks by 

7 (since there are 7 days in a week). 

 

5. **To convert from years to days:** Multiply the number of years by 

365 (for a common year) or 366 (for a leap year). 

 

**Reading Calendars and Schedules:** 

 

- When reading calendars and schedules, it's important to understand 

the units of time used (days, weeks, months, years) and how they relate 
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to each other. Pay attention to dates, days of the week, and the 

duration of events or appointments. 

 

- Be aware of leap years when calculating the number of days between 

dates, as February can have either 28 or 29 days. 

 

- To calculate the duration between two dates, subtract the earlier date 

from the later date. This will give you the number of days, which you 

can further convert to hours, minutes, or seconds if needed. 

 

Understanding units of time and how to convert between them is 

crucial for effective time management and interpreting schedules and 

calendars accurately. 

 

Read and illustrate time on the 12- hour and 24-hour clocks 

Reading and illustrating time on both the 12-hour and 24-hour clocks 

is an important skill. Here's how to do it: 

 

**12-Hour Clock:** 

 

The 12-hour clock divides the day into two 12-hour periods: AM (ante 

meridiem, meaning "before noon") and PM (post meridiem, meaning 

"after noon"). 
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1. **Reading Time on the 12-Hour Clock:** 

   - Look at the short hour hand (the smaller hand) and the long minute 

hand (the longer hand). 

   - To read the time, first, determine which half of the day it is (AM or 

PM). 

   - Then, look at the number where the hour hand points. This 

represents the hours. 

   - Finally, observe the number where the minute hand points, which 

represents the minutes. 

 

**Example 1: 3:30 PM on the 12-Hour Clock:** 

- The hour hand is between 3 and 4. 

- The minute hand is on the 6, indicating 30 minutes. 

- So, the time is 3:30 PM. 

 

**24-Hour Clock (Military Time):** 

 

The 24-hour clock uses a continuous count of hours from 00:00 

(midnight) to 23:59 (11:59 PM). It eliminates the need to distinguish 

between AM and PM. 

 

1. **Reading Time on the 24-Hour Clock:** 

   - Look at the short hour hand (the smaller hand) and the long minute 

hand (the longer hand). 
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   - To read the time, there's no need to distinguish between AM and 

PM. 

   - Simply observe the number where the hour hand points, 

representing the hours, and the number where the minute hand points, 

representing the minutes. 

 

**Example 2: 15:45 on the 24-Hour Clock:** 

- The hour hand is between 15 and 16. 

- The minute hand is on the 9, indicating 45 minutes. 

- So, the time is 15:45 (or 3:45 PM in the 12-hour clock). 

 

**Illustrating Time on Both Clocks:** 

 

To illustrate time on both clocks, you can draw the clock faces and 

position the hour and minute hands accordingly. 

 

For example, to illustrate 9:15 AM on the 12-hour clock: 

- Draw a circle representing the clock face. 

- Draw a short hour hand pointing at 9. 

- Draw a long minute hand pointing at 3 (for 15 minutes). 

 

For 16:30 on the 24-hour clock: 

- Draw a circle representing the clock face. 
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- Draw a short hour hand pointing at 16. 

- Draw a long minute hand pointing at 6 (for 30 minutes). 

 

Practice reading and illustrating time on both clock types to become 

proficient in telling time in different formats. 

 

Elapsed time on the 12-hour clock. 

Calculating elapsed time on the 12-hour clock involves finding the time 

that has passed between two given times. Here's how you can do it: 

 

**Step 1: Identify the Starting and Ending Times:** 

   - Begin by identifying the starting time and the ending time for which 

you want to find the elapsed time. Make sure to note whether it's AM 

or PM for each time. 

 

**Step 2: Calculate the Hours and Minutes Separately:** 

   - Calculate the elapsed hours and minutes separately. 

 

**For the Hours:** 

   - Determine the difference in hours between the ending time and the 

starting time. 

   - If the ending time is later in the day (PM) than the starting time 

(AM), add 12 hours to the ending time's hour value. 
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**For the Minutes:** 

   - Determine the difference in minutes between the ending time and 

the starting time. 

 

**Step 3: Adjust for "Borrowed" Hours:** 

   - If you added 12 hours in Step 2 because the ending time was in the 

PM while the starting time was in the AM, you'll need to subtract 12 

hours from the elapsed hours to get the correct elapsed time. 

 

**Step 4: Express the Elapsed Time:** 

   - Express the elapsed time in hours and minutes. 

 

**Example:** 

Let's say you want to find the elapsed time between 9:30 AM and 4:45 

PM. 

 

**Step 1: Identify the Starting and Ending Times:** 

- Starting Time: 9:30 AM 

- Ending Time: 4:45 PM 

 

**Step 2: Calculate the Hours and Minutes Separately:** 

- For Hours: 4 (ending time) - 9 (starting time) = -5 hours (adjust later) 
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- For Minutes: 45 (ending time) - 30 (starting time) = 15 minutes 

 

**Step 3: Adjust for "Borrowed" Hours:** 

- Since the ending time (4:45 PM) is in the PM and the starting time 

(9:30 AM) is in the AM, add 12 hours to the ending time's hour value: 

- 4 + 12 = 16 hours 

 

**Step 4: Express the Elapsed Time:** 

- Elapsed Time: -5 hours (adjusted) 15 minutes 

 

Now, express the elapsed time as 15 minutes before midnight, which is 

equivalent to 11 hours and 15 minutes. So, the elapsed time between 

9:30 AM and 4:45 PM is 11 hours and 15 minutes. 

 

Reading thermometers marked in degrees Fahrenheit and/or Celsius. 

 

Reading thermometers marked in degrees Fahrenheit and/or Celsius is 

a fundamental skill for measuring temperature. Here's how you can 

read temperatures on both types of thermometers: 

 

**Reading a Fahrenheit Thermometer:** 
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1. **Identify the Fahrenheit Scale:** Look at the temperature scale on 

the thermometer. It will have both Fahrenheit (°F) and Celsius (°C) 

markings. Focus on the Fahrenheit scale. 

 

2. **Locate the Temperature Marking:** Find the point where the red or 

silver liquid (mercury or alcohol) inside the thermometer's tube 

reaches. This point indicates the current temperature. 

 

3. **Read the Temperature:** Read the temperature value where the 

liquid level intersects the Fahrenheit scale. Fahrenheit temperatures are 

marked with small increments, usually in intervals of 1 degree. 

 

**Example:** If the liquid level reaches the mark labeled 68°F, then the 

temperature is 68 degrees Fahrenheit. 

 

**Reading a Celsius Thermometer:** 

 

1. **Identify the Celsius Scale:** Again, look at the temperature scale on 

the thermometer, which typically includes both Celsius (°C) and 

Fahrenheit (°F) markings. Focus on the Celsius scale. 

 

2. **Locate the Temperature Marking:** Find the point where the liquid 

inside the thermometer's tube reaches. This point indicates the current 

temperature. 
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3. **Read the Temperature:** Read the temperature value where the 

liquid level intersects the Celsius scale. Celsius temperatures are 

marked with small increments, usually in intervals of 1 degree. 

 

**Example:** If the liquid level reaches the mark labeled 20°C, then the 

temperature is 20 degrees Celsius. 

 

**Converting Between Fahrenheit and Celsius:** 

 

If you need to convert a temperature from Fahrenheit to Celsius or vice 

versa, you can use the following formulas: 

 

- **Fahrenheit to Celsius:** (°F - 32) × 5/9 = °C 

- **Celsius to Fahrenheit:** (°C × 9/5) + 32 = °F 

 

These formulas allow you to easily convert temperatures between the 

two scales. 

 

Remember that 0°C is the freezing point of water, while 32°F is the 

freezing point of water on the Fahrenheit scale. Additionally, 100°C is 

the boiling point of water, while 212°F is the boiling point of water on 

the Fahrenheit scale. Familiarizing yourself with these reference points 

can help you gauge temperatures more effectively. 
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Perimeter and Area 

Define perimeter 

Perimeter is a term used in geometry to describe the distance around 

the boundary or outer edge of a two-dimensional shape or figure. In 

simpler terms, it is the total length of all the sides or segments that 

enclose a shape. Perimeter is typically measured in linear units such as 

inches, centimeters, meters, or feet, depending on the unit of 

measurement used for the dimensions of the shape. 

 

For different shapes, the method of calculating perimeter varies: 

 

1. **Rectangle or Square:** To find the perimeter of a rectangle or 

square, add the lengths of all four sides: P = 2(l + w), where P 

represents the perimeter, l represents the length, and w represents the 

width. 

 

2. **Triangle:** To find the perimeter of a triangle, add the lengths of 

all three sides: P = a + b + c, where P represents the perimeter, and a, 

b, and c represent the lengths of the three sides. 

 

3. **Circle:** To find the perimeter of a circle, you would usually refer to 

it as the circumference. The formula for the circumference of a circle is 

C = 2πr, where C represents the circumference, and π (pi) represents a 

mathematical constant approximately equal to 3.14159, and r 

represents the radius. 
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4. **Irregular Shapes:** For irregular shapes, finding the perimeter may 

require measuring and summing the lengths of various sides or 

segments that make up the shape's boundary. 

 

Perimeter is an important concept in geometry, as it helps determine 

the "outline" or "boundary" of geometric figures, which is crucial for 

calculating various properties and dimensions of these shapes. 

 

Calculate perimeter of polygons. 

Calculating the perimeter of polygons involves finding the sum of the 

lengths of all the sides or segments that enclose the polygon. The 

method you use depends on the type of polygon. Here are steps to 

calculate the perimeter of common polygons: 

 

**1. Rectangle:** 

   - For a rectangle with length (L) and width (W), the perimeter (P) is 

calculated as P = 2(L + W). 

 

**2. Square:** 

   - For a square with side length (S), the perimeter (P) is calculated as P 

= 4S. 

 

**3. Triangle:** 
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   - For a triangle with sides of lengths 'a,' 'b,' and 'c,' the perimeter (P) 

is calculated as P = a + b + c. 

 

**4. Regular Polygon (e.g., Regular Hexagon):** 

   - For a regular polygon with 'n' sides, each side having a length 's,' 

the perimeter (P) is calculated as P = ns. 

 

**5. Irregular Polygon:** 

   - For an irregular polygon, you'll need to measure each side or 

segment and then sum them to find the perimeter. Break the shape 

into smaller, manageable segments if necessary. 

 

**6. Composite Shapes:** 

   - If you have a composite shape made up of several polygons, 

calculate the perimeter of each individual polygon and then add them 

together to find the total perimeter. 

 

Here's an example calculation: 

 

**Example: Calculating the Perimeter of an Irregular Polygon:** 

Suppose you have an irregular polygon with the following side lengths: 

- Side AB: 4 units 

- Side BC: 6 units 
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- Side CD: 3 units 

- Side DE: 5 units 

- Side EA: 7 units 

 

To find the perimeter (P), add the lengths of all sides: 

P = AB + BC + CD + DE + EA 

P = 4 + 6 + 3 + 5 + 7 

P = 25 units 

 

So, the perimeter of the irregular polygon is 25 units. 

 

Remember that when measuring sides, it's important to use the same 

unit of measurement consistently throughout your calculations. 

 

 

Discover Pi as the ratio of a circle’s circumference to its diameter 

Discovering π (pi) as the ratio of a circle's circumference to its diameter 

is a fundamental concept in mathematics and geometry. π is an 

irrational number, approximately equal to 3.14159, and it represents 

the relationship between a circle's circumference and its diameter. 

Here's how you can discover π: 

 

1. **Start with a Circle:** 
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   - Begin with a circle. A circle is a two-dimensional shape that consists 

of all points equidistant from its center. 

 

2. **Measure the Circumference:** 

   - Use a flexible measuring tape or a string to measure the distance 

around the outer edge of the circle. This measurement is known as the 

circumference (C). 

 

3. **Measure the Diameter:** 

   - Measure the distance across the circle, passing through its center. 

This measurement is known as the diameter (D). 

 

4. **Calculate the Ratio:** 

   - Divide the circumference (C) by the diameter (D): 

     π = C / D 

 

5. **Calculate π:** 

   - Perform the division to calculate the value of π: 

     π ≈ 3.14159 (approximately) 

 

When you perform this calculation, you'll find that π is approximately 

equal to 3.14159. However, it's important to note that π is an irrational 
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number, which means it cannot be expressed as a simple fraction, and 

its decimal representation goes on forever without repeating. 

 

The discovery of π as the ratio of a circle's circumference to its 

diameter is a fundamental concept in geometry and mathematics, and 

it has been known and studied for thousands of years. π plays a crucial 

role in various mathematical calculations and is used extensively in 

geometry, trigonometry, calculus, and many other branches of 

mathematics and science. 

 

Deduce an equation relating the circumference and diameter of a 

circle. 

To deduce an equation relating the circumference (C) and diameter (D) 

of a circle, you can use the concept of π (pi), which represents the ratio 

of the circumference to the diameter. The equation is as follows: 

 

C = π * D 

 

In this equation: 

 

- C represents the circumference of the circle. 

- D represents the diameter of the circle. 

- π (pi) is approximately equal to 3.14159. 
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This equation essentially states that the circumference of a circle is 

equal to π times its diameter. It's a fundamental relationship that holds 

true for all circles, and it's widely used in geometry and mathematics to 

calculate the circumference or diameter of a circle when one of them is 

known. 

 

You can use this equation to calculate the circumference or diameter of 

a circle as needed, making it a valuable tool in various mathematical 

and scientific applications. 

 

Define area 

Area is a mathematical concept used in geometry to measure the size 

or extent of a two-dimensional space or surface within a boundary or 

shape. In simpler terms, it quantifies the amount of space enclosed by 

a flat shape or figure. Area is typically measured in square units, such 

as square meters, square feet, or square centimeters. 

 

In mathematical terms, area is denoted by the symbol "A," and it is 

expressed in square units (e.g., square meters, square centimeters, 

square inches). The formula for calculating the area of various 

geometric shapes depends on the shape in question. Here are some 

common formulas for calculating area: 

 

1. **Rectangle:** 

   - Area (A) = Length (L) × Width (W) 
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2. **Square:** 

   - Area (A) = Side (S) × Side (S) or A = S² 

 

3. **Triangle:** 

   - Area (A) = (Base × Height) / 2 

 

4. **Circle:** 

   - Area (A) = π (pi) × Radius (r)² 

 

5. **Trapezoid:** 

   - Area (A) = [(Sum of the lengths of the parallel sides) × Height] / 2 

 

6. **Parallelogram:** 

   - Area (A) = Base × Height 

 

7. **Regular Polygon (e.g., Regular Hexagon):** 

   - Area (A) = (Perimeter × Apothem) / 2 

 

These are just a few examples, and there are formulas for finding the 

area of many other geometric shapes as well. 
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Understanding and calculating area is essential in geometry and 

various real-world applications. It allows us to quantify the space 

occupied by objects, measure land and property, calculate quantities in 

science and engineering, and much more. 

 

Determine area by counting squares. 

Determining the area by counting squares is a practical method, 

especially when dealing with geometric shapes that can be subdivided 

into smaller squares. This method is often used to estimate the area of 

irregular shapes or to illustrate the concept of area to learners. Here's 

how you can do it: 

 

1. **Draw or Visualize the Shape:** Start by drawing the irregular shape 

or the figure for which you want to determine the area on graph paper 

or on a grid. If you don't have graph paper, you can use regular paper 

and draw a grid yourself. 

 

2. **Use a Grid:** Place a grid of squares (small, equally sized squares) 

over the shape. Ensure that the squares on the grid align with the 

boundaries of the shape. 

 

3. **Count the Whole Squares:** Count the number of whole squares 

that are completely inside the shape. These squares contribute to the 

area. 
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4. **Estimate Partial Squares:** If a square is only partially inside the 

shape, estimate what fraction of the square is covered by the shape. 

This can be done visually. For example, if half of a square is inside the 

shape, count it as 0.5 square units. 

 

5. **Sum the Areas:** Add up the areas of the whole squares and the 

estimated areas of the partial squares to find the total area of the 

shape. 

 

6. **Unit of Area:** Remember that the unit of area will depend on the 

size of the squares you used for your grid. For example, if each square 

on the grid represents 1 square centimeter, then your area will be in 

square centimeters. 

 

Here's an example: 

 

Suppose you have an irregular shape as shown below, and each small 

square on your grid represents 1 square unit: 

 

``` 

 _______ 

|__███__| 

|_█████_| 

|███████| 
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|__███__| 

``` 

 

- Count the whole squares: There are 9 whole squares. 

- Estimate the partial squares: There are 4 partial squares, each 

covering half, so that's 4 * 0.5 = 2 square units. 

- Sum the areas: 9 (whole squares) + 2 (partial squares) = 11 square 

units. 

 

So, the estimated area of this irregular shape is 11 square units. 

 

This method provides an approximation of the area and is particularly 

useful for irregular shapes where standard area formulas may not apply 

directly. 

 

Calculate area of squares, rectangles and triangles. 

Calculating the area of squares, rectangles, and triangles involves using 

specific formulas tailored to each shape. Here are the formulas and 

steps for calculating the area of each of these shapes: 

 

**1. Area of a Square:** 

   - Formula: A = side × side (or A = side^2) 

   - Steps: 
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     1. Measure one side of the square (let's call it "s"). 

     2. Use the formula A = s × s to find the area, or simply square the 

length of one side. 

 

**2. Area of a Rectangle:** 

   - Formula: A = length × width 

   - Steps: 

     1. Measure the length (L) and the width (W) of the rectangle. 

     2. Use the formula A = L × W to find the area by multiplying the 

length and width. 

 

**3. Area of a Triangle:** 

   - Formula: A = (base × height) / 2 

   - Steps: 

     1. Measure the length of the base (b) and the height (h) of the 

triangle. The height must be perpendicular to the base. 

     2. Use the formula A = (b × h) / 2 to find the area by multiplying the 

base and height and dividing the result by 2. 

 

Let's calculate the areas of some specific examples: 

 

**Example 1: Area of a Square** 

Suppose you have a square with sides measuring 4 inches each. 
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A = side × side = 4 inches × 4 inches = 16 square inches 

 

So, the area of the square is 16 square inches. 

 

**Example 2: Area of a Rectangle** 

Suppose you have a rectangular table with a length of 6 feet and a 

width of 3 feet. 

A = length × width = 6 feet × 3 feet = 18 square feet 

 

So, the area of the rectangular table is 18 square feet. 

 

**Example 3: Area of a Triangle** 

Suppose you have a right triangle with a base measuring 5 meters and 

a height measuring 8 meters. 

A = (base × height) / 2 = (5 meters × 8 meters) / 2 = 20 square meters 

 

So, the area of the right triangle is 20 square meters. 

 

These are the basic methods for calculating the area of squares, 

rectangles, and triangles. Remember to use the appropriate formula for 

each shape and ensure that the units of measurement are consistent to 

find the correct area. 
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Volume/ Capacity 

Define volume 

Volume is a three-dimensional measurement that quantifies the 

amount of space occupied by a solid object or region in three-

dimensional space. In other words, it measures the capacity or interior 

space of a three-dimensional object. Volume is typically expressed in 

cubic units, such as cubic meters (m³), cubic centimeters (cm³), or cubic 

feet (ft³), depending on the unit of measurement used for the 

dimensions of the object. 

 

For various three-dimensional objects or solids, the method of 

calculating volume varies. Here are some common formulas for 

calculating the volume of different shapes: 

 

1. **Cube:** 

   - Volume (V) = Side Length (a) × Side Length (a) × Side Length (a) or 

V = a³ 

 

2. **Rectangular Prism (Box):** 

   - Volume (V) = Length (L) × Width (W) × Height (H) 

 

3. **Sphere:** 

   - Volume (V) = (4/3)π (pi) × Radius (r)³ 
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4. **Cylinder:** 

   - Volume (V) = π (pi) × Radius (r)² × Height (h) 

 

5. **Cone:** 

   - Volume (V) = (1/3)π (pi) × Radius (r)² × Height (h) 

 

6. **Pyramid:** 

   - Volume (V) = (1/3) × Base Area (A) × Height (h) 

 

7. **Prism:** 

   - Volume (V) = Base Area (A) × Height (h) 

 

These formulas allow you to calculate the volume of various three-

dimensional objects based on their specific shape and dimensions. 

 

Understanding and calculating volume is essential in various fields such 

as mathematics, physics, engineering, and architecture. It helps 

quantify the space occupied by objects, determine capacities, and solve 

problems related to solid geometry and spatial measurements. 

 

Determine volume of cubes 

To determine the volume of a cube, you can use a simple formula. The 

volume of a cube is calculated by multiplying the length of one side 
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(edge) of the cube by itself twice (cubing it). Here's the formula and the 

steps to find the volume of a cube: 

 

**Volume of a Cube (V) = Edge Length (a) × Edge Length (a) × Edge 

Length (a)** 

or simply, 

**V = a³** 

 

1. Measure one side (edge) of the cube. Let's call it "a." 

 

2. Cube the length of the edge by multiplying it by itself twice (a × a × 

a) or by using the exponent of 3 (a³). 

 

**Example:** 

Suppose you have a cube with an edge length of 4 centimeters. To find 

the volume: 

 

V = a³ = 4 cm × 4 cm × 4 cm = 64 cubic centimeters (cm³) 

 

So, the volume of the cube is 64 cubic centimeters (cm³). 

 

This method works for cubes of any size. Simply measure the length of 

one edge and apply the formula to find the volume in cubic units. 
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Collecting, Organizing, and Analyzing Data 

Read and interpret tables, pictograms, vertical and horizontal bar 

charts, line graphs, and pie charts. 

Reading and interpreting tables, pictograms, vertical and horizontal bar 

charts, line graphs, and pie charts are essential skills for understanding 

and analyzing data and information presented graphically. Here's how 

to interpret each of these types of graphical representations: 

 

**1. Tables:** 

   - Tables present data in rows and columns. 

   - Read the column and row headers to understand what the data 

represents. 

   - Analyze the numbers and text within the cells to draw conclusions. 

 

**2. Pictograms:** 

   - Pictograms use pictures or symbols to represent data. 

   - Examine the key or legend to understand the relationship between 

the pictures and the quantities they represent. 

   - Count the number of pictures or symbols to interpret the data. 

 

**3. Vertical and Horizontal Bar Charts:** 

   - Bar charts use bars of different lengths to represent data. 

   - In a vertical bar chart, the bars are usually arranged vertically, while 

in a horizontal bar chart, they are arranged horizontally. 
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   - The height (or length) of each bar corresponds to the quantity it 

represents. 

   - Read the labels on the vertical (y-axis) and horizontal (x-axis) axes 

to understand what is being measured and how the data is 

categorized. 

 

**4. Line Graphs:** 

   - Line graphs display data points connected by lines to show trends 

over time or continuous data. 

   - The x-axis represents time or another continuous variable, and the 

y-axis represents the measured quantities. 

   - Observe the shape of the line and whether it goes up, down, or 

remains relatively constant to draw conclusions about trends and 

relationships. 

 

**5. Pie Charts:** 

   - Pie charts divide a circle into sectors or slices to represent parts of a 

whole. 

   - Each sector's size (angle) is proportional to the quantity it 

represents. 

   - The key or legend provides information about what each sector 

represents. 

   - Use the pie chart to compare the sizes of the sectors and 

understand the distribution of data. 
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When interpreting these graphical representations, pay attention to 

labels, scales, titles, and legends, as they provide crucial information 

about the data being presented. Additionally, analyze trends, patterns, 

and relationships to draw meaningful conclusions from the visual data. 

Effective interpretation of graphs and charts is a valuable skill in various 

fields, including science, economics, business, and social sciences. 

 

Define and identify raw data: categorical and discrete numerical. 

 

Raw data refers to the unprocessed, original information or 

observations that are collected or recorded from various sources. Raw 

data can take different forms, and it is typically categorized into two 

main types based on the nature of the data: 

 

1. **Categorical Data (Qualitative Data):** 

   - Categorical data consists of non-numeric, qualitative, or descriptive 

information. 

   - It represents distinct categories or groups, and each data point falls 

into one of these categories. 

   - Examples of categorical data include gender (male, female), colors 

(red, blue, green), types of fruits (apple, banana, orange), and customer 

ratings (excellent, good, poor). 

 

2. **Numerical Data (Quantitative Data):** 
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   - Numerical data consists of numeric, quantitative, or measurable 

values. 

   - It represents quantities or measurements that can be expressed as 

numbers. 

   - Numerical data can be further categorized into two subtypes: 

     - **Discrete Data:** Discrete data consists of distinct and separate 

values that are typically counted as whole numbers. There are gaps 

between the data points, and you cannot have values between them. 

Examples include the number of students in a classroom, the number 

of cars in a parking lot, and the count of customer complaints. 

     - **Continuous Data:** Continuous data represents measurements 

that can take on any value within a given range and can include 

fractions or decimals. There are no gaps between data points. Examples 

include height, weight, temperature, and time. 

 

To identify raw data, you need to recognize the nature of the 

information being collected or recorded and determine whether it falls 

into the categorical or numerical category. Categorical data involves 

categories or labels, while numerical data involves numbers that can be 

further classified as either discrete or continuous, depending on their 

characteristics. 

 

Analyzing and processing raw data is a crucial step in data analysis, as 

it forms the basis for generating insights, making decisions, and 

drawing conclusions in various fields, including statistics, research, and 

data science. 
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Conduct simple surveys to collect categorical and numerical data. 

Conducting simple surveys to collect categorical and numerical data is 

a practical way to gather information from a sample or group of 

individuals. Here are steps you can follow to conduct such surveys: 

 

**1. Define Your Objectives:** 

   - Clearly outline the purpose of your survey and what specific 

information or data you aim to collect. Determine whether you are 

interested in categorical data (e.g., preferences, opinions) or numerical 

data (e.g., measurements, quantities). 

 

**2. Design the Survey Questions:** 

   - Create a set of well-structured and clear survey questions that align 

with your objectives. 

   - For categorical data, use closed-ended questions with options or 

categories for respondents to choose from. 

   - For numerical data, design questions that elicit numeric responses, 

such as age, income, or ratings on a scale. 

 

**3. Select Your Survey Sample:** 
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   - Determine the target population you want to survey. 

   - Randomly or purposefully select a sample from this population to 

ensure that your survey results are representative of the larger group. 

 

**4. Administer the Survey:** 

   - Choose the method of survey administration that suits your needs. 

Options include in-person interviews, phone surveys, online surveys, or 

paper questionnaires. 

   - Ensure that the survey process is clear and easy to follow for 

respondents. 

   - Collect responses from your selected sample. 

 

**5. Record and Organize the Data:** 

   - Record the responses systematically, ensuring that you accurately 

capture both categorical and numerical data. 

   - Use data entry tools or software to organize the collected data. 

 

**6. Analyze the Data:** 

   - For categorical data, you can calculate frequencies and percentages 

for each category to understand the distribution. 

   - For numerical data, perform basic statistical analyses, such as 

calculating averages (mean, median) and measures of dispersion 

(range, standard deviation). 
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**7. Interpret the Results:** 

   - Interpret the survey results in the context of your objectives. 

   - Create summary reports, charts, or graphs to visually present the 

data. 

 

**8. Draw Conclusions:** 

   - Based on the analysis and interpretation, draw conclusions and 

insights related to your survey objectives. 

   - Identify any trends or patterns in the data. 

 

**9. Communicate Findings:** 

   - Share the survey findings with relevant stakeholders or your target 

audience, using clear and concise language. 

   - Present your results in a way that is easy to understand and 

provides actionable information. 

 

**10. Use the Data:** 

   - Use the collected data to make informed decisions, formulate 

recommendations, or drive further research or actions based on the 

survey's objectives. 

 

Conducting surveys is a valuable method for collecting data, whether 

it's categorical or numerical, and it can provide insights for various 
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purposes, including market research, academic studies, social research, 

and more. 

 

Organize raw data (categorical and numerical) using tally charts. 

Tally charts are a simple and effective way to organize and count raw 

data, especially categorical data. They provide a visual representation 

of the frequency or count of each category within a dataset. Here's 

how to create and use tally charts for both categorical and numerical 

data: 

 

**For Categorical Data (Counting Categories):** 

 

1. **Define Categories:** First, identify and list all the categories or 

groups that you want to count. Each category should represent a 

different response or option. 

 

2. **Create a Table:** Draw a table with two columns. The first column 

is for the categories, and the second column is for the tally marks. 

 

3. **Collect Data:** As you collect responses or data points, place a tally 

mark (usually a vertical line or "I") in the second column corresponding 

to the category to which each response belongs. 

 



324 | P a g e  

Grade 7 Mathematics Textbook 
 

4. **Group Tally Marks:** After every fifth tally mark, draw a diagonal 

line across the four previous tally marks. This makes it easier to count 

the tallies in groups of five. 

 

5. **Count the Tally Marks:** Once you have collected all the data, 

count the tally marks in each category. Each group of five tally marks 

represents a count of five, so be sure to count them accordingly. 

 

6. **Record the Totals:** In the same table, record the total count for 

each category by adding up the tally marks. 

 

Here's an example of a tally chart for collecting and organizing data on 

favorite colors: 

 

``` 

Favorite Color   |  Tally Marks 

-------------------------------- 

Red              |  III 

Blue             |  IIIII IIIII 

Green            |  IIIII III 

Yellow           |  IIIII 

Purple           |  IIIII IIIII III 

``` 
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In this example, the tally marks are grouped in sets of five, and you can 

easily see that Blue received the most votes. 

 

**For Numerical Data (Grouped Frequency):** 

 

Tally charts can also be adapted to organize numerical data in the form 

of grouped frequency data. Here's how to do it: 

 

1. **Determine Data Ranges:** For numerical data, divide the data into 

ranges or intervals (e.g., 0-10, 11-20, 21-30, etc.). These intervals should 

be mutually exclusive and collectively exhaustive. 

 

2. **Create a Table:** Draw a table with two columns. The first column 

represents the data intervals, and the second column is for tally marks. 

 

3. **Collect Data:** As you collect numerical data points, place a tally 

mark in the second column corresponding to the appropriate interval. 

 

4. **Group Tally Marks:** Group tally marks in sets of five to make 

counting easier. 

 

5. **Count and Record Totals:** After collecting all data points, count 

the tally marks within each interval and record the total counts. 
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Here's an example of a tally chart for organizing the scores of students 

in a test: 

 

``` 

Score Range   |  Tally Marks 

--------------------------- 

0-10          |  IIIII 

11-20         |  IIIII IIIII IIIII IIIII IIIII 

21-30         |  IIIII IIIII IIIII IIIII 

31-40         |  IIIII IIIII IIIII 

41-50         |  IIIII IIIII 

``` 

 

In this example, you can easily see the frequency of scores within each 

range. 

 

Tally charts are a practical way to organize and visualize data, especially 

when the data is relatively small in scale. They provide a quick snapshot 

of data distribution and are useful for making initial observations. 

 

Representing data using frequency tables, vertical and horizontal bar 

graphs, 
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Representing data using frequency tables and vertical or horizontal bar 

graphs is a common way to visualize and communicate information. 

Here's a step-by-step guide on how to create and interpret these 

representations: 

 

**Frequency Table:** 

 

A frequency table organizes data into categories or intervals and 

records the frequency (count) of each category. It's typically used for 

categorical and grouped numerical data. 

 

**Steps to Create a Frequency Table:** 

 

1. **Identify Categories or Intervals:** Determine the categories or 

intervals you want to use to group your data. 

 

2. **List Categories or Intervals:** Create a table with two columns: one 

for the categories or intervals and one for the frequencies. List the 

categories or intervals in the first column. 

 

3. **Count Frequencies:** Count how many data points fall into each 

category or interval and record the frequencies in the second column. 
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4. **Optional: Calculate Relative Frequencies:** If desired, you can 

calculate relative frequencies (percentages) by dividing each frequency 

by the total number of data points and multiplying by 100. 

 

Here's an example of a frequency table for survey responses on favorite 

ice cream flavors: 

 

``` 

Ice Cream Flavor   |  Frequency 

------------------------------- 

Chocolate          |  15 

Vanilla            |  10 

Strawberry         |  8 

Mint Chocolate Chip|  12 

Butter Pecan       |  5 

``` 

 

**Vertical Bar Graph (Bar Chart):** 

 

A vertical bar graph, also known as a bar chart, represents data using 

vertical bars or columns. The height of each bar corresponds to the 

frequency or count of a category or interval. 
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**Steps to Create a Vertical Bar Graph:** 

 

1. **Label the Axes:** Draw a vertical axis (y-axis) on the left and a 

horizontal axis (x-axis) at the bottom. Label the axes with the variable 

being measured and the frequency scale. 

 

2. **Draw Bars:** For each category or interval, draw a vertical bar 

starting from the x-axis at the corresponding category and extending 

upward to the height representing the frequency. 

 

3. **Label Categories or Intervals:** Label the categories or intervals 

along the x-axis, positioning them under the bars. 

 

4. **Scale and Units:** Ensure that the scale and units on the y-axis are 

appropriate for the data. Each unit on the y-axis should represent a 

consistent quantity (e.g., 1, 2, 5, 10) based on the data's range. 

 

Here's an example of a vertical bar graph based on the frequency table 

above: 

 

![Vertical Bar Graph](https://i.imgur.com/KDC6Lk6.png) 

 

**Horizontal Bar Graph:** 
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A horizontal bar graph is similar to a vertical bar graph, but the bars are 

oriented horizontally. It's often used when you have long category 

labels or when you want to emphasize the order of categories. 

 

To create a horizontal bar graph, follow the same steps as for a vertical 

bar graph, but position the bars horizontally. 

 

Interpreting these graphs involves visually comparing the heights (or 

lengths) of the bars to understand the distribution of data. Bar graphs 

are effective for displaying comparisons between different categories 

or intervals and for identifying trends and patterns in the data. 

 

Draw bar charts, and pictograms to display data. 

Creating bar charts and pictograms to display data is a visually effective 

way to represent information. Here's how to create and interpret both 

types of data representations: 

 

**Bar Chart (Bar Graph):** 

 

A bar chart uses bars of varying lengths or heights to represent the 

frequencies or quantities of different categories or intervals. It's 

commonly used for displaying numerical or categorical data. 

 

**Steps to Create a Bar Chart:** 
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1. **Label the Axes:** Draw a vertical axis (y-axis) on the left and a 

horizontal axis (x-axis) at the bottom. Label the axes with the variable 

being measured and the appropriate scale. 

 

2. **Draw Bars:** For each category or interval, draw a vertical bar 

starting from the x-axis at the corresponding category and extending 

upward to the height representing the frequency or quantity. 

 

3. **Label Categories or Intervals:** Label the categories or intervals 

along the x-axis, positioning them under the bars. 

 

4. **Scale and Units:** Ensure that the scale and units on the y-axis are 

appropriate for the data. Each unit on the y-axis should represent a 

consistent quantity (e.g., 1, 2, 5, 10) based on the data's range. 

 

**Example of a Bar Chart:** 

 

Let's say you have data on the number of books read by different 

students in a month. Here's how you can create a bar chart: 

 

- **Vertical Axis (y-axis):** Label it as "Number of Books" and mark the 

scale (e.g., 0, 5, 10, 15, ...). 



332 | P a g e  

Grade 7 Mathematics Textbook 
 

- **Horizontal Axis (x-axis):** Label it with the names of students 

(categories). 

- **Draw Bars:** For each student, draw a vertical bar with a height 

corresponding to the number of books read. 

- **Label Categories:** Place the names of students under each bar. 

 

![Bar Chart Example](https://i.imgur.com/KDC6Lk6.png) 

 

**Pictogram:** 

 

A pictogram uses pictures or symbols to represent data. Each picture or 

symbol represents a certain quantity or frequency. Pictograms are 

often used for visual impact and can be effective for conveying 

information quickly. 

 

**Steps to Create a Pictogram:** 

 

1. **Select a Symbol:** Choose a simple and easily recognizable symbol 

or picture that represents the data category. 

 

2. **Define a Key:** Create a key that explains how many units or items 

each symbol represents. For example, one smiley face may represent 

five items. 
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3. **Draw the Symbols:** Draw the selected symbols or pictures in rows 

or columns to represent the data quantities according to the key. 

 

4. **Label Categories:** Label the categories or data points beside or 

below the pictograms. 

 

**Example of a Pictogram:** 

 

Suppose you have data on the number of apples each person in a class 

brought for a picnic. Here's how you can create a pictogram: 

 

- **Select a Symbol:** Choose a simple apple symbol. 

- **Define a Key:** Create a key that states one apple symbol 

represents two apples. 

- **Draw Symbols:** Draw apple symbols in rows for each person, with 

each symbol representing the number of apples they brought. 

- **Label Categories:** Label the names of the people beside or below 

their corresponding rows of apple symbols. 

 

![Pictogram Example](https://i.imgur.com/wiODVEd.png) 

 

Interpreting both bar charts and pictograms involves visually 

comparing the lengths of bars or the number of symbols to understand 
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the distribution of data. These visual representations are useful for 

presenting data in a clear and engaging manner. 

 

Probability 

Define and explain the terminology associated with probability: 

experiment, outcomes, event, chance, likely, unlikely, certain, 

impossible, odds. 

Probability is a branch of mathematics that deals with uncertainty and 

the likelihood of events occurring. Here are the key terms associated 

with probability: 

 

1. **Experiment:** An experiment is a controlled process, observation, 

or procedure that generates outcomes. It is an action or event with an 

uncertain outcome. 

 

2. **Outcomes:** Outcomes are the possible results or individual 

occurrences that can happen as a result of an experiment. They 

represent all the different ways an experiment can conclude. 

 

3. **Event:** An event is a specific outcome or a collection of outcomes 

from an experiment. Events can be simple (single outcomes) or 

compound (combinations of outcomes). 

 

4. **Chance:** Chance, also known as probability, is a numerical 

measure of the likelihood of an event occurring. It is expressed as a 
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fraction, decimal, or percentage and ranges from 0 (impossible) to 1 

(certain). 

 

5. **Likely:** An event is likely to occur if it has a high probability of 

happening. This means that the chances of the event occurring are 

greater. 

 

6. **Unlikely:** An event is unlikely if it has a low probability of 

happening. This means that the chances of the event occurring are 

smaller. 

 

7. **Certain:** An event is certain if it has a probability of 1, meaning it 

is guaranteed to happen. The outcome is inevitable. 

 

8. **Impossible:** An event is impossible if it has a probability of 0, 

meaning it cannot happen. The outcome is not feasible. 

 

9. **Odds:** Odds are a way of expressing probability as a ratio or 

fraction. They can be written as "odds in favor" or "odds against" an 

event happening. 

 

Here's an example to illustrate these terms: 

 

Suppose you are rolling a fair six-sided die: 
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- The experiment is rolling the die. 

- The possible outcomes are the numbers 1, 2, 3, 4, 5, and 6. 

- An event could be "rolling an even number," which includes the 

outcomes 2, 4, and 6. 

- The chance of rolling an even number is 3/6 or 50%, making it likely. 

- Conversely, the chance of rolling an odd number is also 50%, so it's 

also likely. 

- The event "rolling a 7" is impossible because it's not a possible 

outcome, so its probability is 0. 

- The odds in favor of rolling an even number could be expressed as 

1:1 (read as "one to one") because there is an equal chance of success 

and failure. 

 

Understanding these probability terms is essential for making 

predictions, assessing risk, and making informed decisions in various 

fields, including statistics, science, finance, and games of chance. 

Assign a value from 0 to 1 for the likelihood of given events. 

Assigning values from 0 to 1 for the likelihood of given events 

represents the probability of those events occurring. Here's how you 

can assign probability values to events: 

 

- **0 (Impossible):** If an event is impossible, its probability is 0. This 

means there is no chance of it happening. 
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- **Between 0 and 1 (Unlikely):** Events with probabilities between 0 

and 1 are considered unlikely. The closer the probability is to 0, the less 

likely the event is to happen. 

 

- **0.5 (Equally Likely):** An event with a probability of 0.5 (or 50%) is 

equally likely to occur or not occur. It represents a situation where 

there's a 50-50 chance. 

 

- **Between 0.5 and 1 (Likely):** Events with probabilities between 0.5 

and 1 are considered likely. The closer the probability is to 1, the more 

likely the event is to happen. 

 

- **1 (Certain):** If an event is certain to happen, its probability is 1. 

This means there is a 100% chance of it occurring. 

 

Here are some examples: 

 

1. **Tossing a Fair Coin:** The probability of getting heads (H) is 0.5 

because there are two equally likely outcomes (H or T). 

 

2. **Rolling a Six-Sided Die:** The probability of rolling a 3 is 1/6 

because there are six equally likely outcomes (1, 2, 3, 4, 5, or 6). 

 



338 | P a g e  

Grade 7 Mathematics Textbook 
 

3. **Drawing a Red Ball from a Bag:** If there are 10 red balls and 20 

total balls in the bag, the probability of drawing a red ball is 10/20, 

which simplifies to 0.5. 

 

4. **Getting Struck by Lightning:** The probability of getting struck by 

lightning in a given year is extremely low, perhaps around 0.0001 (or 

0.01% chance), making it highly unlikely. 

 

Assigning these probability values helps in quantifying uncertainty and 

assessing the likelihood of various events, which is crucial for decision-

making, risk analysis, and statistical modeling. 

Identify values that represent probabilities. 

Values that represent probabilities fall within the range of 0 to 1, where 

0 represents an impossible event (no chance of occurring), and 1 

represents a certain event (guaranteed to occur). Here are some 

common values that represent probabilities: 

 

1. **0 (Zero):** This value indicates that the event is impossible and has 

no chance of occurring. 

 

2. **0.0 to 0.1 (Very Unlikely):** Events with probabilities in this range 

are considered very unlikely. They have a very low chance of 

happening. 
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3. **0.2 to 0.4 (Unlikely):** Events with probabilities in this range are 

unlikely but not impossible. They have a low to moderate chance of 

occurring. 

 

4. **0.5 (Equally Likely):** A probability of 0.5 means that the event is 

equally likely to occur or not occur. It represents a 50-50 chance. 

 

5. **0.6 to 0.8 (Likely):** Events with probabilities in this range are likely 

to occur but not guaranteed. They have a moderate to high chance of 

happening. 

 

6. **0.9 to 0.99 (Very Likely):** Events with probabilities in this range are 

very likely to occur. They have a high chance of happening. 

 

7. **1 (One):** This value indicates that the event is certain and 

guaranteed to occur. 

 

These values help us quantify the likelihood of different events and 

make informed decisions based on the level of uncertainty associated 

with each event. Probability values are essential in various fields, 

including statistics, science, finance, and risk assessment. 

 

Determine the set of all possible outcomes for the following 

experiments with equally likely outcomes: tossing a coin, rolling a die, 
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selecting/drawing a letter/number/object from a set of letters/ 

numbers/ objects, spinning a spinner. 

 

For experiments with equally likely outcomes, you can determine the 

set of all possible outcomes by listing each distinct outcome. Here are 

the sets of possible outcomes for the experiments you mentioned: 

 

1. **Tossing a Coin:** 

   - Possible Outcomes: {Heads (H), Tails (T)} 

 

2. **Rolling a Die (Six-Sided):** 

   - Possible Outcomes: {1, 2, 3, 4, 5, 6} 

 

3. **Selecting/Drawing a Letter from a Set of Letters:** 

   - Possible Outcomes (assuming the English alphabet): {A, B, C, D, E, F, 

G, H, I, J, K, L, M, N, O, P, Q, R, S, T, U, V, W, X, Y, Z} 

 

4. **Selecting/Drawing a Number from a Set of Numbers:** 

   - Possible Outcomes (assuming a set of whole numbers): {0, 1, 2, 3, 4, 

5, 6, 7, 8, 9} or a specific range of numbers. 

 

5. **Spinning a Spinner (Assuming a Simple Spinner with Equal 

Sections):** 
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   - Possible Outcomes: {Outcome 1, Outcome 2, Outcome 3, ...} (where 

each "Outcome" corresponds to a distinct section on the spinner) 

 

In each case, the set of possible outcomes includes all the different 

results that can occur when performing the experiment. These sets are 

useful for calculating probabilities, understanding randomness, and 

making predictions based on the experiment's rules and characteristics. 

 

Use the following definition and notation to express probabilities as 

common fraction:  

P(E) = 

Number of event occurrences 

________________________ 

Total Number of Observances 

 

Using odds versus probabilities to describe the chances of events 

occurring. 

 

Probability (P) is expressed as the ratio of the number of event 

occurrences to the total number of observances. It can be represented 

as a common fraction: 

 

\[P(E) = \frac{\text{Number of Event Occurrences}}{\text{Total Number 

of Observances}}\] 
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Let's use this definition and notation to express probabilities as 

common fractions for some examples: 

 

**Example 1: Tossing a Fair Coin** 

 

- Event (E): Getting Heads (H) 

- Total Observances: 2 (Heads or Tails) 

- Number of Event Occurrences: 1 (Getting Heads) 

 

Using the formula: 

 

\[P(H) = \frac{1}{2}\] 

 

So, the probability of getting Heads when tossing a fair coin is 

\(\frac{1}{2}\), which is equivalent to 0.5 or 50%. 

 

**Example 2: Rolling a Fair Six-Sided Die** 

 

- Event (E): Rolling a 4 

- Total Observances: 6 (Numbers 1 through 6 on the die) 

- Number of Event Occurrences: 1 (Rolling a 4) 
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Using the formula: 

 

\[P(4) = \frac{1}{6}\] 

 

So, the probability of rolling a 4 when rolling a fair six-sided die is 

\(\frac{1}{6}\), which is approximately 0.1667 or 16.67%. 

 

**Example 3: Drawing a Letter from a Set of Letters (English Alphabet)** 

 

- Event (E): Drawing the letter "A" 

- Total Observances: 26 (26 letters in the English alphabet) 

- Number of Event Occurrences: 1 (Drawing the letter "A") 

 

Using the formula: 

 

\[P(A) = \frac{1}{26}\] 

 

So, the probability of drawing the letter "A" from the English alphabet 

is \(\frac{1}{26}\), which is approximately 0.0385 or 3.85%. 

 

These examples demonstrate how to calculate probabilities as common 

fractions using the provided definition and notation. It allows you to 
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quantify the likelihood of specific events occurring in various 

experiments or scenarios. 

 

Regarding odds versus probabilities: 

 

- **Probability:** Expressed as a ratio or fraction, ranging from 0 to 1, 

where 0 represents impossibility, 1 represents certainty, and values in 

between represent likelihood. 

 

- **Odds:** Expressed as a ratio, where "odds in favor" are the ratio of 

the probability of success to the probability of failure, and "odds 

against" are the inverse of the odds in favor. Odds can also be 

expressed as "odds in favor" to "odds against." 

 

For example, if the probability of winning a game is \(\frac{1}{3}\), the 

odds in favor of winning are 1 to 2, and the odds against winning are 2 

to 1. Odds provide an alternative way to describe the chances of events 

occurring and are often used in gambling and betting contexts. 


